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TR A2 WY TE BV I b B A . IR BOS X — LU 5 B B Y B 1 A 3 S S A TR,
B EAE H G HR FIRAER DA Y.
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o JFHFIEH Zorn 5B X2 i TP EOR 55 B A HE — M AU i A $E K, T
Zorn 5 | # R4 IR A A 41T ]
o KT HBUP HAE SUFNEAE.
o [EA Grothendieck F=H{ ML, 15 AL A HLIZE HITEREIE.

T APERE, X LR HEGE SR IR 2R T, e TS B EHE S
WHIRZ G5, F5 B AT DOPEC S AL, DR s 3 mT e A B e - o] Sk A ) A
w=EN e RGNS G, S, PG BB ST IH R A A S
LR TAEENF & LH, G2 REER AR, —R{IE2x ILEE;, B TEHETE,
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1.1 zrczEm—%

g8 A7 G. Cantor ££ 1895 4F [6, p.481] fEAE S “4 & RUHE NEHMEUE
R — L8R E R, - HAHE DB XT SR T BRI, X RN IR A TR
FRAF ST, RFRIN Cantor TR RG24, RIGEANIL, ANy il £ 1R i 24
“HRER”, IR ARG EUEIE, BN A Russell (H2 605 B T IrA L A1
W CSREGTV, MER T AT {r e Via ¢ o} ST E. BRI AL
8 FE 0y e BRI ARG B { o W PEBTPY MR G, HAE—Br i S G iEn 2~
PRSI S i DAEIREIN “BAG" V SARES, M4 2 A RERRIEE.

AR AEATHY Zermelo-Fraenkel 22 BIHEAIE, HRIAEFE AP XE RGEFHR
ZEC. BATRIEHR 73 I— 2 KT RIEBH A B (s 1.5.2). EGEHUL, ZFC IR T

o —WriZH, Kb RA®EILKW A, -, =V, 3 FZEKIA SR, #5 (), &5
T, Y, 2, MIEETS = (OB I0I) 25 W] PAKIE — AU A &8 R,
BIAHE SR ZE A BN, AEFCIGRAX. XEE TR R R bR ESLRY, W
ZH (49, % 2 H].

o ARERHH —JuiHi € MATRIIHA A Al — A9 ¥Faey NiKa R
y WICR. ZFC LBMBrA X R o,y SRR BAR A G Frolh, JEamICR
RO WR—AEA, MRS s G s (A {s} 2Pl

AAHER I Z R E R R, FANTA R Hr 202, (AR TAEE B
WEANE S A ZFC AR, JREen b eIt &, 40y Wik — AL e 15,
a0 23, 60]; faIBR LRk T 225 [2].

A1 SMEATE: HPIEREGAMEICER, WPE L.

= o WILAE SR {u € X tu# u}, Hop X RATEES. SMEAB—IF
TEWI R 2R @ ook X RYEIL, Bife R 4R Grpfli SCATAE, S milE A ST 17
—ok AR R ELY, WA DA AR SR TE ST A~ B

A2 BEXATE: XMEE vy, RS {v,y}, HouRbre « 5 y.

AFFR (,y) BB AT ST A BER S FATRERE X (z,y) = {{z}, {=,y}}, H
B XBR X <Y o= {(z,y) s 2 € X, y € Y} #ESEI 2 CH RE AR
BLX XY x- -  SEAREPEST [ X =Y SRTENEE Iy ¢ X xY: X4
v € X, R Uy 0 ({o} x V) BAgisE, iifE {(z, f(2)}

A3 SEAEEN: W P HRTEAMW—AER, A Pu) FRES u WREMIER P,
WXHMERERG X LG Y ={ue X : Pu)}.



A4

A.5

A.6

A.7T

A.8

A.9

§1.1 ZFC RE—% 13

FELE: WEEES X, AV AHE UX ={u:Fve X HfFuev}
NEHRY X EEAERES, UX SRS U,ex v

BEAWE: MEEBESG X, HTHEMN—ES P(X) = {u:uC X}.
KHRE: PRI .
R TCITEET BT 2 A BAR, Tog5 AT A B 5 R AF
Fz[(@ €x) A Vyexz(yU{y} € ). (1.1)
XM @ HROMIHASE, BRIHNEEAAER AT 2B 1 T5
{o.{2}.{2.{9}}.{2,{2},{2,{2}}},.. .},
R A B Y P EOE ST P AL w.

BHAEERX: K F AN EG X hE LER R, WEEE s F(X) =
{F(z):2 € X}.

Iy EAVE e A PR L PERT P AR F IR R T S X, BT
BUEZ R, BT Ere H— P2 i A U A = 0E U PAREL « — y AfI, iX7]
AR — B @ iy A A H 22T 2,y IARAR ¢, EET Vo 3y o(z,y).
HTXHEEA P F &R A — 4R W A B, AT TR AR A RS

IEMAEE: AFRAESERTH - MRMNEXR € /MITE.

IEW AR — AN BRI RN TEEES o, NMEELTFWINEE 25 215 20 2
S RRIHL @ ¢ oo 2 FTESTAEARIZ2TER, WL §1.5.

EEAE: WEA X WEANTTEEES, WEFERE ¢ X - UX fifF

Ve e X, g(x) € x (FRYEZEEERED).

PEREARE) X W EOh— R JE S5, SRR g(v) € 2 BRENEGNES

r e X Pk —IoE.

JEARRUL, TR ZFC IR GENIORIEERS. R LM A LSRN NBG &

4 (von Neumann-Bernays-Godel) it X 7 RS JLEEGHGEE, HILAFAEIRE
B, FIEEZE. XT ZFC R4, FKIEMEZ T B R BB ICHE )2 U
SRR R I A SR, BAITA BRI — I8 XS RAEA L % — B2
AR RIE. AR IRETTEE, AR AGTA TR

ORI XUY, ZXNY, ZXNY, X <Y fIT4 X CY Bzl ALK

B R IRAE RS, S AR N2 B, MORNFIER. e %, T ARE— i
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TURERNEE Z>o, BHUE 7, A PEUE Q FISCHUE R %5456, RATRAHE §1.2 M4 Gie
¥ Z>o W

PARRIARE RIS, XFEE 2> 1, 6 X B n TXRERE L E X" =
X x - x X fJ—PT4 R ZHHEHENEICKR, WHPA 2Ry £R (z,y) € R.

n i
WREPAUNER (Tot) X&R ~ FRIEEM K F:
> REM z~u,

> MR r~y = Yoo,
> BB (r~y)A(y~2) = (z~2)
ST X FRSMHER ~ AMTEE v € X, & o WENHKIEHN o] ={ye X :y~z}. B
S SCHERENRE, I X/ ~ = {[z] : € X}. MLAHEE X B9 TCH 0 (LR
X #k15r) X = Upexylal, TH @~y B EAY o,y BTG PR T4 5
WX FRSENRE——XNT X XI5

AT RATWMESEFS, I X CY REXCY HX#Y, AXUY R
X MY M, XY REFARE Y — X HRES, Filh 2 = P(X),
XH 2 REBEWDITCENES. BRI {pt} FRICE NI RNES.
SFFARAE S T R0 —RE A (Xi)ier PTPAE L

% Uie]Xia ﬁ ﬂie]Xia (17é @)7

%ii# Lliel Xia */El HieIXi'

XMWF I = o fF-S5IAHE o, e {0} S aHE LA argEan
HRZE V, XTE ZFC RGN,

AHEARREGNEAN RS, ERRAERZ ), BAMREZ &, 2T
oA G IO A TR R, TSR, — A ar Bl BOIER, APLARLR
—EME (o &) S5 RERUR T AT s A, X EBPTESEp ok, e stk
FRET B REFIE CHNEIESESE, “ s E” #RREMCE N ZFC sOHAl A BRAE AiE L
MIEIE S, I HBRA MR IR T — 8 IS AL, SRR 52, X AR ELRT I AR
PR —Fh RS BMEXTAE LA S e e B, HOB AR i 28, 1214
N T RSS20 SR BTS2 8, TR ALENE S R B RSt 5
WAL, e E B, HAUE R, Kepler fEARSF SR BAEC A TR BALE, M
TR T ER Y IEA R T8, A2 SR (NZEA0E) X LT 221,
AR TRRMEECR. FTLABE R BEE NS S5 HORIET I, AT s
i 5 = SE B T T A LS S AT S
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1.2 pEpawsEmn

i Bourbaki MUWLAL, AT R0 MIAKRES M — B 4R 1 e 45 1 — Kk
. AMRIP A )y, 75 RIF RS

X121 REEEHRAHN (PL), AP P REATM < Z P LW_Tx% (R)F),
AT
> R VreP, z<u;
> fEEE <y A(y<z) = v<z
> R <y A(y<z) = r=y.
WHRR GG hERGEMEATFE FFERBRE e <y = flx)< fly) ¥
B 5T AR 4 AR R R BT

— il e<ykra<yBHaoty H5>R>HWEXZEAN. SBEREEF
ERAFEHEPIHXR <

B P,Q NP, HUS ¢ P — Q2 (v <2) = (o(x) < o(2')), WFK ¢
RIREIR. A ¢ P o Q RUUNTIH 6,071 BT, WEK ¢ My P,Q ZIHH
[ H). i Y S A TR M SR A R B, i P 4R 04 TSR AR T SR 1A i P 4544

ENX1.22 & PPCP, TP EFFE,

o ffareP &P WHWRATL WRAFEHL <y WILE yc P;

o ffRreP &P WER WwEXEN ' € P #AF 2 <u

o ffreP P WEHR W RELR MANENLER vy BF 2 <v.
R XRATT, TRATHRE, NAENER < #HK > dTFRFE P, REX
R, ETFE PP ERRRTHRAEFENZE—H, 251324 sup P’ Fo inf P'.
EX123 ERFEP R MESNEM v,y e P F& {2y} $HLR, Nk P 2j&
X124 FRFEPFHE—NTE o,y T AN (H: R o <y, H# y <a),
W P AEFE. 2FE X ERFEDE
SR PR 2Rt

BAVE R B SRS —22E FR PS4y, M RN RESE, FInpl N5 g R

B2k On. & XA L.
EX 1.25(G.Cantor) 2/7%& P R TR UFNHERFE: &P WERTE
AR NTC.
fl1.2.6 BUE—E4 X, MEE P(X) M TEEXE C BhiEHRTE, H—5A
R, G EAERNAETEEE Zoo MSEEE R #EARIERN T4, K Zso
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BARRFE R WA

SI31.27 X P ARFE, Mit ¢: P> P FH¥ UG Nzec P %F o) > =
B M () PRAETFAHAREMY, ) ¥EEceP, FHEAN P 3| P, :={yecP:
y <z} BEH.

I Pe, W TARAK P RIRFF, FrfE P i—RETE.

MR RS A P = {z € P ¢(z) < o} IE%, ML 2 € R i ¢ J™HE3 TA1
P(d(2)) < d(2), B 2z N Po WM/ INCHESECT A, 55— W .

X (1), fOA ¢ Fl 671 DAMRE] Vo ¢(z) = 2. XF (i), — DR ¢« P — Py i
Wi P EI B SR RERAIHE L o(x) <z, SZRIEERT)E. O

Fr A0 T AR P B A R 2 (I VA e T, U A0 e A4 4y, TR 4
WIBFF A R On B HIY THRME KM%, BRGLIT. 557k MEA B 7
H sk A BRIER B4R, AT A5 3 SORS B B R, 4 AR von Neumann 101 F
5 3
EN128 WwRE—ANEb o MENTERR o HTHE BEFZ, aCP(), Uk a A
i, EHEE o AT o<y & rey RARFE, WU o HFE

B o BFFEL A o BIFEL W a U {a} TN PR SEREBHE AT S (23, §2] =
(60, SEPUE], DA AU BN TS Ry B AR Il A 1.3.4.

SI31.2.9 jFHHE TR,

(i) #a ZFH Lea, U B HETFH

(i) HEFMFHK o, 8, F aC B N aep.
(iil) HERNMFEH o, 8, bH aC B H B Ca.

JEBR  SEiE (i). $E o WSV B C o, B (B,€) WERIFE. BEIEH 8 %k
WrepfCo (lFEWH rer = xcfRIA. BT c BT o )74, Horerep
Al @ € B.

T (i), A < Fom € I v B (BN a, <) F/NT. MWE a={ref:z <
v} MEE AR v BE KR D ZBRBAM. X+ C, A yeac s HEHBRy=y;
HW, o WAEIEMER v C o, IKILHERR v <y, ity <.

X (i), B v =N B WRTE. BAWE v =a 3K v =6 SBmH—, FlH
FIRGERAAG v € o, v € B, TRA v €y, BEHEMTE (o, <) oy <9, X < 1
WS (<A #) TIE. O

MBS AF AR B
EE 1.2.10 = X On 4 J7 504 i i 2.
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o MFHEX f<a YHNY fea, MXEXT On LH—Na)p, MANERE
F¥ o #A a={8:8<al.

o &HC RE—NIEFEMEHE, C#a, W infC:=NC WE/FH, WH infC e C;
HZMAH aU{a} =inf{8: 8> a}.

o &S E—NEFBMEGES, S# 9, W supS =S WEFH.

LT B < o B0 B 2 o IORTEL MR o = {8 B < o} RIMRFFHHEIHIL.

BEFH 0, B a+1=aU{a} >, BN o ES: EEAT o BENFE #
o FRALFTFEG IS Ak, WARKER th o = sup{B : B < a}, SFERY o FRWARIE 8L 2
% sup W @ G B @ R

W 1.211 5% % On 2H X

WERR HIASTREN A On R4 A, W sup(On) A7 X, iii P4 sup(On) + 1 4™
RT I AL e AT O

SKWERR Sl Burali-Forti 72 (1897 4F), BT 5T Russell £ (1902 4F), AT #
S

f11.212 (BB FH « BME) % )54 0 := o, REBUG4ES 2] 751
1:=0+1, 2:=1+1, 3=2+1,...

R BUERANTE T2 LR/ AR MR8 w, KRR e A7 e M 635 i i
0,1,2,..., MHSELHEANTMM. &5 USRI Lrfe: M2 Ts5 A8 A6 Fi
AR, 7 o RIFASE, o :={y €z :y Cx, y € On}. & LEERIUELLT
P (a) @ € a it o E2%E, (b) @ BFEL () y € a = y+1 € a, AL a HARR
PR BUPEL w = inf{HAEBRIRFEL BIFER. 2 n <w BP0 n FOVRR FEL

EFRHEXT, Flw={n:n=0,1,...} FIMEERATERETHIRFE Z>0; X
WATAF AR M %, #E ZFC HEZR T SR VBB — Fh A, SRR, w
R CRIEARET n— n+ 12 Peano MFEARAB (W [59, HEE, §2]), i
RO FRAT S PR B VR B N T i AR, B 1.3.1 R S v S B — 2% A
Y.



* B8 mAR

1.3 wmmAREmm

L 1.2.10 FWIFI On X < A7 BUFHERR: HF (i ph 7 5ok st 264 /I
335 BV 1 DA TR

EIE1.3.1 (BHAEAWE) 4 C H—MdFEmRm k. B
(i) oecC,
(i) e C = a+1e(,
(iil) #% o ARBFHK, EdE)S B<a B F BeC, N acC,
Ao C=0n wBENHENTE O B)FHETE On BK, B = KKK

SR R, BURTE C RN £ 0, eIt e R IR Ak R A 5L
FIA. .

#i81.3.2 [1425] 0 = {a € On:a < 0}. AIHL 0 = w MBI ZHLAGFEIADEE, B
A R AF DL (i)

SER 1.3.1 5 I DA VT HUAL 15— 51 DAFPROMCS IR A &, BT RO G T
> EEM a9 = G(0) H3E,
> JEHT % a=3+1, B ag, MATLARE aa = ag1 = G(ag),
> WRRRI % o BHIRTEL O {as : B < o}, MW LARE aa = G({as : B < a}).
AHER GO A ME— 1 E — IR a0, ZBUORIENIIT. ZIERE GV - V, B
V REHE, RMANRSERA, G LAEREN — b @4 i R 28 2 AN S DA T 484
SIA O-FIHIARE: X 2IEEE a0 — V, IRAT BRI {aq : o < 0} BIFI.

T 1.3.3 (BHRARE) L E7H 0, FEkE—1 0-5) a Ef o <0 — aa) =
Glala). % A, FHE—HER a:0n - V EENENFH o B4 ala) = Glala).

JLAEI: (a) B A TR AT WL BRSO alo TTLANE S TS TS
{(8,a(B)) : B € a}, it G X2 ATLAHUE; (b) FeATHBRERH alo MR Z5E O, Witk
X a(0) = G(0); (c) EHATLE UK G MBI o — V EEE E L, Kb o < 0.

B 2, %051 a0 B R TRMR, RAIW S o < 0 23 ale) = d(a),
WM a = o' B o = 0 Bl BFEHPN 8 < a B BA ala = o'l #
a(a) = da'(a); N HER 1.3.1 F5G0A K.

BB 05 o WAFTERE. 24 0 = 0 IR S0 > 0, 3F HXMER € <0, B
K €91 alé) W AELE, M B A FIBER N ale] B9 AL A IRt 55— A i
alg) BHEAE XAE 0 OB a 1 ale = ald], MAMEHER o <0 = a(a) = Glala)
T, AR SH.

BJa, BT On FEMRIC, M aTmi T DAME—H5E X o : On — V. 0
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fi Bl g5 A B, BEXT Ao ST AR R Az S k. DA AERE (1) &
fieis B Rt R4

o Jmyk: (1) a40:=«, (ii) a4+ (B8+1) = (a+8)+1, (iii) a+8 = sup{a+£&: & < 5}
o I (1) a-0:=0, (i) a-(B+1)=a-B+a, (ili) a- f=sup{a-£: & < B}
o $8EL (i) o =1, (ii) &?T =’ - q, (iii) o = sup{a® : & < B}

AT PASRUE P RO INTA M REAT W R 45 B A, (BRI R i, 2 T o B < w fi
RENAE BB ERTIANIRIE (LR AR e ). 2, AE LT AL
FIEN Lo ERFRZOE TR, K2 T8 Z J Q Wl DAL R AUBEERIAESS, Tk
S RGN, — e THAFAEE B 4.2.12 A §5.3 TANE.

134 AEBERFE P, FER—MFR o MRFEZFWHFEM ¢: P a.

UERR BRI A ME—PEJR E S B 1.2.7 FI5I3E 1.2.9. Wik P # o, FEIM O ¢ P
() WATHENE). LA AR ST A 5E L—TRICEK aq € P U{O}, HH o Bl Ty P28
B ao = min(P), FHisIHHE

min (PN~ {ag: 8 <a}), {ag:8<a} TP
Ag =
U, {ag:B<a} =P

HT P2, UAAER/ T 0 (115 ag = O, HNXFAHFYSS o : On — P, 435
ANFRG AL iR a(On) C P 2&EA, M AHME A7 2 On = a ' (a(On))
IEES, WEE 1.2.11 g, WJIE aq — o X TIMFERER P — {8:8 <
0} = 0. 0

AR WA B B SRR T e A P AL9. Hirp Zorn B PR AR EHEA T A
—. Z RIS s & S

IR 1.3.5 (Zermelo RFREIR, 1904) £E %4 S HMEHBT R7.

VERR JRAIWTE S RIS TH O HAATEXUN. BIOTE O ¢ S k. ks a s, wr
DAE S BB NEZS T4 S BARIEICR 9(9). A S B4, iy ao = g(S5), IS
B RE PR o 52 S

o T

g(S~{ag:8<a}l), S#{asg:p<a}
0, S={ag:p <a}l.

FIEHIREL, S RS, BOTHUNY 0 15 ap = U, S = {ag : B < 0}, JGEHIFE
0={B:5 <0} ZIAAHRREXUG, TS S ERRF. O
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EIE1.3.6(ZornS|I) & P AEREFE WMH P v EMBALRE, U P 4HK
A TC.

IEBR KT HT—MEM. BE P REWKIC. R ao € P, I S5 #IT%H 47
BoaEl aq € PR a < 8= a0 <ag, HFFEINR: BWXNEA < a #HEXLT a
Wk, W (ag)p<a TE P PR—8E 2 o SWERFE, MILEELE ER ao ¢ {as}s<as
Fra=v+1 BEMFE, W P EWKITCHIFE aa € P #1153 aq > ay. B On 1L
APARA P, fiBR A 1.3.4 BISIES: ) On IR, FE. O

CHEFE AR, RF @M Zorm 51BN, B8 HER A1 - A8 B4 ZFC.
ARAF PAEFE N B H A A

1.4 &xm

FRUR R G I — TR, FATASF S B %, Bl EIR R B P4

EX 141 EFES XY ZHFERS ¢: X -V, Uk XY &8

FHEMATRAANEN KR, &6 X WEHKRE X| EFEEL 6: X oY,
WARE [X] < [Y].

KE < WAREMB TSR, FF LM (X <Y, Y] <|Z| & |X]| < |Z].
AT [ X] < Y] Fm | X| < [V, X[ # Y] AR IEM < W R BRI, PR E <5 7528
B ST T
IR 1.4.2 (Schréder—Bernstein) £ 4 X, Y #E |X| < || # |Y] < |X], 1
[ X[ =1Y].

WA BEHGT f X =YV Mg Y — X BATAMERT A oY) U8 Y, Ailife
AF Y C X fi g REHEVEHIEE, B f(X) CY CX. B Xo =X, Yo=Y, &A1
BITHIXT A n € Zso E X

Xn+1 = f(Xn)v
Yn+1 = f(Yn)

MM B —Fi B/ 14

X():)YQ:)"‘:)XnDYnDXn+1:)"'.
= Y
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FESBUS &+ X =Y Wk

flz), WHRIn>0,zeX,\Y,,
¢(z) =
x, HABTETE.

BB ¢ 72 KE UM O

V2 BEE H R B H0E SUREBE. —WFENETE, ARErtis & B %%
FHeE bR E R AR TT, A ITTRE S BRI P 0. 7 1 56 [m] B 2 95 8 1) B AR
A

@ X[+ Y]=|XUuY],

(i) [X|-[Y]=]X xY],

(iii) | XY= XY
HETT) 22, W (Xi)ier HOASRA T NFatri—gdef, WAl e LR

S = |

icl el

. (1.2)

SR

. (1.3)

[Tl =

el

1

el

AUER A AR ROE B E. TR BHE M-S LHF RN — 211 25 (23,
pp.52-55].
BANEREF 21X = |P(X)]. ke FLE B,

FEIE 1.4.3 (Cantor) XHEEEA X HF |P(X)| > |X].

ERR e X — P(X), RMAETEL ¢« X — P(X) BAeW: (LHERIEES
Yi={zeX:zd¢d) NE ¢ HEE. O

EX1.44 FH x HRARE, WEAEEFHE N <k HEH [N < |5

Bom 2, BEOCIER — N EEB PRI N BUEFN e 2 B AR 5 5 ISR B AL

R 145 HEEREAS X, THRANFH o(X) #£5 [X] = a(X)]. W X = a(X)
Ll EHRMERN B A, AERES XY A (XIS Y] K Y] <X

WERR PEL o X) BOAAEMEIR T E B 1.3.5, B RS HAW 2 BAK. O

PRI AR — A IR AMEIEITA FRT AN w #2 E8. A&
AT RS, THEREACN w G, KRR ATHE; HE T Iess &
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BERUG S Lo FHHTH, XN LI PR
FATR 2R ) A F0 55 9528 SO L F L2

BII21.4.6 HHERBFH o HEAEH k> WR S E-—NHEEHRNES, N
sup S .72 &4

€
oF
¢_.¢
=
o
b
of
e
N
)

WA —AMEA LH TR LT RN RIFSSITE M — A, T On J2 B, PRIHA
LR X BAFAER L 0 A5 10 > | X]; ;X = o BRI DS. T8 S,
BEAFAERFR B < a == sup S (if5 |B] = |af. MR EHRAER, UAFAE £ € S 2
k> B, I 18] < [k] < laf =[], |8] = |s|, X5 & Z2HECOP)E. O

EETITE o WL |0 U{a}| = |of (BB o = Zxo KIRFFIZRINT), BroAJoss 24K
WA R PR TCT5 BERARAE N FIHE 1.4.6 A IRFATUN P Rodezs Jo o5 B
U X

No i=w, KRNI EEG
Na_i,_l = j(:f‘ Na E‘Jﬂai/‘l\gﬁa
N, = Eup Ng, # o R
<«

R, BAAE RN ER.

f 1.4.7 (Cantor) FLATIER |R| = 2%, {4 EF] |Q| = |Zso| = No. Dedekind 43
> {reQ:r<az} i R PQ), T R < |P(Q)| =2%. 55—, K& [0,1]
5 Cantor £

C = {Zanfi" :Vn, a, = 0 B} 2} ,
n=1
T B 3 dEhI A RME—Y, I |R| > (O] = 2%, W EFE 1.4.2 BIFEFER.

EEW TR N LG EAMIESSRKETE 2% = X QAR
ZFC RPLRGLN— B, W2 TCie 218G ik (P. Cohen, 1963) s A5 E (K. Godel,
1940) HTEHEM ZFEC 1A BEHES .

EIE1.48 (o X o LWBBREF) %% On’ =OnxOn LHEARF < EETEN
)’%—%& (6% %Jﬁ Oni(o’a) = (a X a7—<)7 ﬁF’lﬂ/ﬁ; a X o _[:é@‘/‘ﬁi‘:fi %‘(E—’: i&/ﬁ;a (Na X Na7'<)
Q’ﬂﬁ%‘zﬂﬁ Na; /ﬂgj@%ﬁ%é7 Na . Na = Now

B £ On® b5 X (o, B) < (o, 8') 2 HALY
o max{w, B} < max{d/, '}, HiH
o max{a, 8} = max{ca’, 8}, WeHfAF-HLT FE RN (BISE HOBEEE — >0 i, AHSE I LG

FAR).
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B, < & On® FRYRKE. i H 0 REU/NFEHL (o, 8) < (0,0) <= o/, f <a. T
= Oni(O,a) =a X a.
TR (Ra X Ry, <) BIFHEA No, IE2AEHIG 2 L (—AEHLA MR NFED) 3L
Ry X Ry | = Ry, DAILBTRERERE No - Rg = Ro. FHEHERAE I TR0
B o« FER Ry x Ry, <) AETF R HE/NTFEL LEDH o >0, JH
(Ro x Ng, <) ~ Ry i FEIZH.

9
4—5 8 Ro

13N\ 7

0 2 6 R

IRy 6 Ny x Ry, <) ZIFHL FEBUREIM f 0y 5 (g x Ry, <), EEREFRL T
Y= = Ra X Ry | > Ry;

T o BOGEHUEIR 7 # Ray 807 > Nee BESR Ro 12 v WOZCRTEL, B £ b7 3 A
Ro 2 (Ra X Na, <) B ERTEIO M. I < 102 X, FFEFR 0 < o fif3
F(Ra) C o x oo BT Ry F55, o IR
AR S, 77 B < o (i3 |o] = Ng. T o MO MEBHREALE Rs - Rg = Rp.
{Hi% 4 —3%
Ro = |f(Ra)| < l0] - [0 = X5 - Rg = Rg

BH B <a = Ng <R, TJE. U5 O

Wit 149 SEEETEH kN BE—LF, U () s+ X = k- X =max{\, s}; (ii) #
2 <k <\ N N =2N

MR JEIER] (1), AW A TEOFMTE A > k> 0. BBGET0E LT
A<SKFA<SR- A< AN

T Schroder—Bernstein 5E#E 1.4.2, —YMBAZIE] X = X - X\; S alEF A L E T35
A R R 1.4.8 BPRT. Wi (i) 9450 22 < P < (20)) =222 =22 L A
WIEGT. O

IE MR AE §1.5 IR B, AWK 2%F: IENEECE ToIk th 5/ B4
Bz ) I g5 HEL



24 =1 &it
EX 1410 —NEHFEK o FAEMEY, WEREERRTFER 8 < o Fo T HHH
J7 %5 {ag - & < B} 47 sup{ae : £ < B} = o

PEABIT, PAR BTN Ry BREOYARIEN, X B v ATPARAE R PG 7EE X
FHL B =y +w Ml ag =R, KR o =Nz > B BINZHIRAY; 1 R B LR
sup{ae : £ < B} =sup{Ny4p 1 n <w} =R, 4.

1 5 Grothendieck &

xF Grothendieck FH B —F#K 2 [15, Exp. I, Appendice].

EX 151 ARG FrifeyFE, SR - MR TRERNES U

Ulucld = uwCU, B: U BEHE:;

U2 u,veld = {u,v} €U;

U3 ueld = P(u) €l

Uda Flcld, —k&Es {uwi:iel} BRI, uy cU, W Uepus €U;

U.5 Zso €U, Bl & €U (FE §1.2 33 B3 87 ).

NTEES X, & X el WA U-%; 7 X fo— A U-FFH, KA U-NE.
T U, AXERIEA RS
cuCveEU = uel,

oueld = Yu=U,, rU;

rEU

o u,v EU = uxvel;
o #Iel, —RER {ui i€ I} WE Vi, ug €U, W [[;c us €U.

RXEAR S A BEAETHE U NER AT ASEAT R 3 8 DL R Bt A i AN S, X
) s &R Sre plof LIV ey s E 1D DAS M AN TS S 10 AN oW N U S TR A L D
WU 55— AR, A EFATTT AR st

{Rig 1.5.2 (A. Grothendieck) {44 X, #HEFH U F/8 X € U.
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JEFFAH R THEET, AR ENE 2GR, ARSI & L i 2s i
£H Vy, W

Vo =2,
Va+]_ = P(Va)7
Vo= J Vs, R o EARFRITE
B<a

AYERAEEEA Vo, #oe g (8 1.2.8), S o FEATH, MH a < 8 =
Vo C Vg.

R 153 E—H6HBETEN Vo, £ o RFH

WA SRR DA ST AR 2 C B — M T € IRVINE 20 R
SeC. #SNC =gl S RN 5 SNC # o, WIFEfidE T (15
T> 8, Has I

So=5, Spi1:=|J%, T:= (J Sui

’I’LEZZO

PEE AT, T 225, 2 X =T NC, X dkaEHOE N A A8 #ifr X TG+
T € /T o AUIBEH] @ AT (C,€) RFRVN: BEEARR, fifEy € 2N C,
W T EEM e eT Fayc TNC =X, 5 a Xt (X, €) BV

AW C AT AAEAL—D Vo WEAEH L. Rk C A=, W EddEBaT
HC PIAE—MHXT € /NG o0 I 2 € o W) 2 J@ T34 Vs X2 Bus/ My
a=a(z) fi15 2z eV, BT = BES, NHBEHRAPER A7 5 O = {a(z): 2z € z}
B NHTFHHRZER, B 0 :=supO. T2 o CVy il v € Vo, FJE. O

Ef Vo BMICERMER A IRE, ZEEGHAR, ZXT G280 507
T Y VR A8, (EARMEAR R A e P T R e A sl L2 A5 BEE. HE Vi, X4
FILIEATE ). Grothendieck “EIRIERME XA Zso € U, FE Vo, Vi, HZE
RSO T AR R RBHERR TP

X 1.5.4 G RN TR by 25k B 3BT % E 5
L1 k RV 4,

1.2 v ZENEHK (X 1.4.10),

13 HHEEEH N EH A<r = 22 <k

ATPANERA L3 i A\ v <k = X <k, UL [23, p.58]. S ATl ERHZ MR EGLE
TR R I — 51, Bourbaki 7£ (15, Exp. I, Appendice] HiER] T PA T 4558,
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EIE155 FHERELEATHin V, lR R, b n B—MBELTHER.

SEA AR PE RS IR FAT: A Vi BIOCER &, fE ZFC RGN ITCIEE A BAE
A Vi (B EEE X EBZ A L T, T DARORS A tii: T3 A m] R B4
g, T U= Ve BRBTXRA € T ZFC i—M&EE! 23, Lemma 12.13], f124F
LGN BT 7RG AIXA%H: L Vi KOoRAE a7, U
WA (Vi €) Mz, “K7 Ji Vi = P(Ve) BIJEER.

Fig1.5.6 i 1.5.2 M FAMEREEL N, FEAER A AEEL £ (15 X < k. X2
SR ER. X TR ZEEWE A I RIECEAIE, FATIE HESRAAEREA T U; it
H2, HigA s p LB AN AR n kA X BRI L3518, RN 21 ZFC &
G5 N TCIEUE SN ] TR A A7 e M (23, Theorem 12.12].

B TARE IO HRA TR LT WE From A s BB X S SAAE R,
PSR D BRSO 5, WA XA [39).

>R

1. ¥ X, Y NEFE, & UM EF5E
(i) XUY, HFpgmz X MY Eaalmgenr, IFENIE s e X, ye Y #fF
T <Yy;
(11) X X Y7 @E%fi?ﬁif? ('T17y1) < (1’27y2) ﬂ:ﬁﬂ-’fyl—iﬁ Y1 < Y2, ﬁ Y1 = Y2 ﬁﬁ r1 < X2.
IEXTFRRE o, B, FEL a+ 8 5 o IEARFESFNFRAMTF aUB 5 ax B. o)
B ATHEGFIHH.
2. EFFEGE B R TR PER.
(i) B<y = a+B8<a+my;
(i) #F a < B, WFEME—R 6 % 8=a+4. o ARIFE {6 a<E< B
(ifl) GFARIRE) T v, a > 0, FEfEME—1) B,p 18 p <o H vy =aB+p. I
& af <~ WERFE B, A (ii);
(iv) Ha>1, M B<y = o <a’.
3. ZBIULIAN T 4L o, B, — M E afb # Ba. AW o < f=w.
4. IEBHEEFE v > 0 BHAME—1) Cantor FRUETE

Y=wki 4+ w "k,

Hihn€Zo,y>a1 > > an BHFEL W ki, ke € 21 [R) Xy fEBSTE
I B R o 5 v > w®, FARRIRER v = 0k + p, R & DA RFE 1
5 VG AT e ME— M.

5. M f(a,b) =2%(2b+ 1) — 1 &M Zzo x Z>o | Z>o HIRET.
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\Y
[

6. DLUREURMRAE Konig 518 B ki, \s PR @ € T N FARREEL, HXEA @« € T B4

Ki < N;. ‘IEEU%
Zl‘ii < H)\z

i€l el
S Cantor EHE K < 2% fEH4ER. RHEW < Wor. HER E =], B, Hf
|Ei| = Xi; WIS A0, WAEER R E = U, Fi, b Fi C E, |Fi| = ki. RPN, ¥
A f € B RFW (fi)ier, fi € E;, HHBES

Wi i
G, := im Ff—)E*%E] iel.

Y Gi © B RIEHf € [, (B N Gi) =i f ¢ U, F, F)E. X B Cantor & P—F:
BT A A ZARIETE.






= EiFIe R

MEFG UL, YW X 5 B LR ) A R BE 250, A4 X B4 Y 1938
85 f I AR SRR
X i> Y;

T B DU T A i e ) PR A S S A R IS, bR 2 [ 4 56 A o 1 AR AS el
#. XERFREZ Eilenberg 5 MacLane [10] SFFE AR Fh=#1MT5 [HER), ERREE
JER—T TR, F RO R, RS FI QR LA S Ui EE AT 5

R b o TR TG 220 A— IR RE M EE M D X 4, AN, 26, s ), fin P 4R,
RAPESIAISE, TG P RSS2 R R RET RIS, IS, JESeWTaE. o115 A 2R
AFHAE KRR S A 2 [ R AR AL, B ACER b R R X — H, (X, Z) wie—
M EERE Top EAZHARIENE Ab (R T (n = 0,1,2,...). WEFEHAT AL
THFEEAIS BTERR, AE O H R AR

T A 4 0 IEAE T HE LRI TR X A B, I AR AR A 25 2K, ]
AL AR P R ATERZ . R AR G i 2w A SR R ETE IR 1Y
PR LGy, it ARG N e 28, B i DRGSR i S sf 25
VLR, AEVEREAE S AT RS2 fo 2 RS

— TR IR B, JEREE A R T RISLIN IR GRS T
AEIEAT & Bourbaki 2AJRAGECEAIL, (H2E (UM 1B — R, Juls Lt R
SRR EIEEH, AL AR L RBT. PARBITAEE [7] # Baez F1 Stay 3¢
=, WA EE I — 2 P B S0
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BE SCEEICER

Wb | BT preiibies: HHEHUR
(R Hig) (EHZERLE) | (iFRRA AT
POES bikIZ PIPLR G il FORIAUES
Y| RAXAR UK HERH ¥

IR, PR THTAY R U1 ph S BOR G B

F RS A A R ITENG. L Eme i WIS —, i B

HATF TR, T T — BRI

KT TUBFEH KSR S, 7S MacLane fE [29] 45 HBGHEICRISCHR, P37 i 19

AT (31

2 ) KR B RS AE T ARG T B ES WA Bl AR, T RASEisE
AR T, H AR SIS M X, 3R B R IERAE, DA §2.7 hRIFIA
HZ M 2. B AL A TR A . SR AR B R T RS A A 2 i B
s — B S BRI B w5 73— 8L, SN %R DAZ T, AR bR
I R 13 6 0 AR & A2 L EAIE.

Ry HE L A A Y 1F IR, AT R 2 R ] Grothendieck FH{ HYIEFH (W
§1.5) WEFFOF Ji&; WI2FE ] JOZ . SR S5 A R /NG JE 4 i 2 S A S S FE
[EE, firdl 2.8.2 J&h—1f.

2.1 mms#s

PEEWEIE Y Q157 # MacLane ik, filE SR 1K) 4020 1 #RE B SRS H A DA
CHARY, AT ULERIE R T, 55 ARG A AR E S SR ITERRIA BE I RATA

(CY/ U3y
EBX 211 —ANEs C RAENT Hokb:

1. %4 Ob(C), £TEHE C X%,
2. %4 Mor(C), £ L&A C WS, B E— B4 Mor(C) == 0b(0) ,

Hef s fot ﬁ%% A A HRBEAEE 4T XY € Ob(C), ~ﬁx?J 1% iz
Home(X,Y) := s~ 1 (X) Nt~ (V) H {24 Hom(X,Y), # 4 Hom-%, H L&k

AN X BY E’Vi‘%ﬁ

3. XEAAMNE X BREILK idx € Home(X, X), #4 X 2| B & iy {EEEH.
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4. JFHEE X,Y,Z € Ob(C), % =24 418 B & Bk &

o: Home (Y, Z) x Home(X,Y) — Home (X, Z)
(f,9)— foy,
THRARER fog BN fg. CHE
(i) et ITEESH hg, f € Mor(C), BEE MK flgh) # (fg)h #A X,

Il
f(gh) = (fg)h.

WA FTNEE A fogoh B fgh;
(i) FTFEESSH f € Home(X,Y), H

foidx = f=idy o f.
o VERFE] idx BORMETE B, e A R 2 A ZS SRR, 1 0.
o R f € Home(X,Y) B f: X =Y 8 X 5 Y, HSHAI UM%

I A O BTk Sk R . R SR e TR Oy S P iR
%H%EI/J HRE RS, S BIRHTH S R R, Bl E %

X — Y A—+ B
A4 CT>D

RIS SN T gf = h Al vu = yo. SEHIFFR (W0 f, 9 %F55) Q1 H A
HE, MHEMEFERE L.

o XTAM f X =Y, B g: Y = X i1 fg=1idy, gf =idx, WK f 2R
(SR, SHE fF - X SY), 00 g BN F A9, MIESESERO MR S Wi
FAENME—. M X 3] Y 1[EIFEEICH Isome (X, Y).

¢ it Ende(X) := Home (X, X), Aute(X) := Isome (X, X), - 9FR1E X 09 H RS
LA RS, XEESTE " JtizE o TEF: HREIWEF R, End(X) 24
P (EX 4.1.0), 1 Aut(X) B (EX 4.1.2).

EX 212 #C £ CHFIERE, i
(i) Ob(C") C Ob(C);
(ii) Mor(C’) € Mor(C), F# #1844 4
(i) %8/ B FRBe 4 Mor(C') ? Ob(C') A C R#ITik#, H
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(iv) C" F XA & RAAE C RE|THRE.
e, HEEC #XHR XY, AE4 XA Home (X,Y) C Home(X,Y), ©5&
A R A, W Home (X,Y) = Home (X, Y) M#R ¢ Z£FEk.

AV B EAWR/NRET. AT SRR C 3k e — A0 U A0 RS Wi
§1.5.

X213 — sk C HIER U-T6%, WRAEERNL XY, £4 Home(X,Y) # 2
U-/NE RS & Mor(C) 2 U/, MARZ A U-/NE%.

A SESCERAE U-JEBERR R R U-/ Nl

JaE C 2 U-/NEWEYS HALY B2 U5 H Ob(C) & U-/NME. X Z2HR X — idx
$5 Ob(C) A Mor(C) . FATRF—DHE (BOF, IINSFSFHL5) T8 U-HE (B U-3F,
U-FFa[0)5), QR EVENEEGZ A U-RE. NEIRER, MR/ INE, N4

89 2.1.4 BEC AW T, WS WIR TSN, FAVRIE E455 U TSEE, RESHE
R U-5E, U-TESE. BN MTEIGEAnA 3 SN AR Uik

MRAEESE 1.5.2, XHERTENG C, SUZn LAY KT8 U (45 C & U-/Nul.
#21.5 HEJLAHAM T

Lo fiipde (2 X 1.2.1) 2[R TALPID R ) 2 2 HA — DS R T 1y 4
(P, <), & MG RAEN P, MAAESS p— p MHAY p < p/, HEHIX
FEAASIE—. F550Hh, ARYE §1.2 XA BRIF R IR E X TR n € Zxo BUNFF
BERAT2PE {0, on — 1}, 1 0 %[ T @. MRITEBFEH n, HEHY AT DA
i SR

01— = (n-1)  (WREFEH).

VESHEG, 0 23 i ZSTulg 0, 1 1 45 e — AR — SN TEng 1.

2. 4 Set A EAMMATENE, MR X,Y ZENSHESChHES X Y 1Bk
Sb. SR A R WG AN, THESE S T AR R BB e —A U-JEwE.

3. ARSI AEGENE Sete E XUNTH: MR (X, z), Hp X 24410 2 € X
(IR R, M (X 2) 2] (Y,y) MESHERIRE f(2) =y MBS f: X =Y.

4. % Grp A BEH RTEIE, X5 ARSI SO RIS, A5 G 5 1H 2
S E X Set [FEAIFA.

5. 4 Ab RACHRE (SFk Abel B, “IGZEITE + 205) MURITRE, 254
95 X5 Grp IOFTZHIR. B2 Grp 194 TEmE. YER B SeHBEnd 7 45 T UKL
i, B TAERAS B X,Y, FZSHE Hom(X,Y) RIUE A6, TR
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AR S5 1 (FEEBOCHE +), XA RS Hom(Y, Z) x Hom(X,Y) —
Hom (X, Z) 1 B A

(f+9)h=fh+gh, h(f+g)=hf+hg.
X2 Ab-JEBEH—ANERRIE T, 10 3.4.7 dE—3455T

6. % Top SNFTA b= (AL B E G, 25 ) B ke 4 Hausdorff 11y, Z5iE XA
SEWIRE, A S E ARSI E IR by 2 IHb e SCHF B R R PR b AS Al FE W Top, .
FAT A EI T A4 Hom (X, Y) FAMEEH, BangEA#ash (W, [57, §9.3]),
3 Hom(Y, Z) x Hom(X,Y) — Hom(X, Z) BCHHESWLG; FATEA BREA A A
(1) [F] A

Hom(X x Y, Z) & Hom(X, Hom(Y, Z)).

FH B R B FR I IR RS A R T, oA T A DR R 1 S W B Y [ B S S A
IR ENAS ], FERME I ik A Top i —A>1itiBs CGHaus, Fr2h %Az i
Hausdorff 23 [8])7E8%; £ [32, Chapter 5.

7. N k, & Vect(k) Sy kL FTAT [ RS (R RS TERE, SO 38
BURE SCA FRAE [ R 2 [RITEIG Vect (k), B Vect(k) 4 TNk

8. fEsEf S, MM B ESERE Disc(S): HXREN S M AUH S
{id; : z € S}.

HATRAE §3.4 P PRSI LR BN
I8 2.1.6 WA AE 2.1.4 MR EH BITA LA, FGRES S B0 Tams, 2 iE
ItFie, PN TR A I A AR G DL — Fh R 2 X JERIAE, I 2Rt
GERE A2 Ob(C), MAT— &4 Home (X, Y) B4 H ZFC RIERENIE
], 1 NBG 8GR BIIE Y T XA Ipik. K ERGIATEWFIE 22 BE S5d B D RRA,
IR BT TR — T AT T TS AT AR, H R B S AR
SR G UM EEE TS §1.5 ITHE.

FRLTHI SRS A B AR TR I
X217 & XY A% C HHAR, f: X Y A4

o R f HEARE, WRNEMNE Z it —x &4t 9.h:Z - X A fg=[h <=
g=nh (EH#E =),

o W f AHEE WENEANR Z ME—XES 9.0 Y - Z FH gf =hf =
g=nh (GHEH)
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WA g % gf =idx, N f £F#ET g REH—PEE; KUH, & fg=idy N
Frf AT g R

RIRAAT LR B, A AR, — STy B B A e

TEJEWE Set, Grp I Vect(k) f, A B S ED AISE I TAR B RO B
SRS, T ELIE B SO ) S S a2 [T R 6 LA i A7 DX 5. AN Top
Y f X = Y GIPENRERFESS. MAEE bR EEms TopVect(C) H, 17
FEVFZ LMW [V — W, (45 f 20U AT B, SR &SI BE R ELIR, 21
AR [

X 2.1.8 F— NG C Wiy A ASHTH, AR A T8

JURERAE AN B U R ITENE S LR X AR £ R
End(z), Hrf o BME-XR. IARETARZ A —DXRIHE. 0T R
e[, BT R FER LR G 73 2R
W 2.1.0 (BaAI-88) o MBI EL R A IS, AT S A (50, HIUEE] 5 (57,
§10.1]. i X J@dnfbaSIa], Wi v,y Z B IE B AR LR f  [0,1] — X (45
f0) ==, f(1) = y. EHWERIIR LB WT 2,y,2 € X TiEH f (z 3 y),
[y 3 2), X x B 2 BIER [ R

o - {f(2t>, 0<t<
flet—1), +<t<

—_ Nl

)

Wizt o,y ZIRIWGERS f, f' B0 (GEi) RSN, QUREEIESIN F 20,1 - X
FERFREAS ¢ € [0, 1], F(- 1) &2 @,y [BIAEE, WH F(-,0) = f, F(-,1) = f'. R
AN K FR. T DB B Y A 18T AT [ 2SR JE UE L

ZEME) X P EAR TR T (X)) s SOR IR e, X g2 X i, MR 2,y € X, &
S¥4E Hom(z, y) ESCHFTAM o 3 y BITERE; P HE BUE SCHTE IR G, ThE
SFSHT id, HiERIEIER YV, id, (1) = 2 RKZ. XTEHENSS f2 —y (EE®RES
W2EARERTE), Hoadi ] AMRCR S 17 1 1

ffe)=f1—1t), 0<t<l1.
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AT DABS IE X S VRS 2 ROE R, S (X)) BUCh . EEE Aut(e) =
Hom(z, z) IE42PA o RS MEREE m (X, ).

BRI INE P EEMNA R, BN E X R — AN A ARG ().
FA) R AU TS — B RS B B X FRE N ERE. R L [32,
Chapter 2]. {HEH Wiz ¥ B0 AH KEXHIME B I(X) Muwsgmsly 1 B
TIRBPIFEEZE, AT AR TE AGE B R PTA S S 6, 168 7T PARAE AR 2 B BE A R 48,
BERICTT. FLICFRRRERLA DA 5 B (T WG 5 S .

BE G BT  EAAR A S TEmE.

EX 2110 #TFHEZEEH C, HRIERE CP & X T

o Ob(CP) = Ob(C),

o SHEEXNZ X,Y, Homeor (X,Y) := Home (Y, X),

o A4t f € Homeon(Y, Z), g € Homeon (X,Y) 7 CP HH G K foP g B XA C #

HR AR go f,

o EE A4 EXR C.
ZH AL CP L TEIEE S, T H. (COP)°P = C. —H]i, C°P MMt L&k, |
5 SO MR 1 A BRAK SR BT, T WA TP ) X PO PR AR VE X B R . 25l 2, CoP
I BSHTCAER C RIS FEAENF 2 JERER R TI, 28 X FRPE R AN D

2.2 &HFSEATIR
EX 221 (BF) & C,C A% —NETF F:C —CEFUT M
(i) *Z B4t F: Ob(C') — Ob(C).
(i) A4t H B4 F: Mor(C') — Mor(C), 8

o F 5RFEAHRBAMH R (W sF = Fs, tF = Ft), N8R ERSEN
X,Y € Ob(C") A4 F: Home (X,Y) — Home(FX, FY);
o F(gof)=F(g9)o F(f), Fidx) = idpx.

WNF F:C —Cy G:Co—Cs, BT GoF :C —Cs HEXZERM: A
B St

Ob(C1) = Ob(Cy) -2 Ob(Cy),

Mor(C1) — Mor(Cs) ~» Mor(C).

IFSCHRAEAF_LIABE A € B C HIASH T, TIRLAN F : (C')°P — C 1B T3 RS
T
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Fig2.22 M CE C RN (C)P F CP R TR B ARG, X TET
F 2 C = C, REWFIRINLER T1Eh FoP @ (C)°P — CoP.

EX 223 #FEF F:C —C,
L F BAFHMN, £ C #E—X &AM T EAN FX;
2. # F ZESLH, EXPA XY € Ob(C') B4 Home (X,Y) — Home(FX, FY)
# R4
3.F F Rady, R ERMAX A X, Y € Ob(C') #5 £ 4T
Bl 2.2.4 Feedh AEIN R T U2 AR, BEEE0RITT.
L FHims ¢ C C BARAHE—NEERT ¢ = C UEHRTLZE%EN, BEds
B4 HAYY ¢ BTG B C = C R RESE T ide : C — C.

2. ZEREERE Grp. X TAE—DRE G, SR AGHE G RSt A,
T[] 52 AR ] DAL O SR A T A A, e AR 45 s &0 i F Grp — Set. ifE
S AT AT X H A G54 78 SO AR -, 40 Top — Set (ifst 2 (] i) #h M 45 44),
Vect(k) — Ab (Lifs k- =50 V pyaii ik, RAEEMMERE (V,+), XH k
SRR 4, R——%. XKW TR S R4

3. IEH kLA Vect(k). MR ke[ V, & SR L
VY = Homy (V, k) = {k — &P V — k).
(LB £ 2 Vi — Vo V52 A0 52 1 e

fV:‘/Q\/—)‘/lvv

A:Vo—=kl— Ao f.

WDV VY f fVEXTET D : Vect(k)°? — Vect(k), A] PABRIE D
Fe S MRS 2.2.2, FATA G K- DDP : Vect(k) — Vect(k).

¥ D BRH T A R 4E ) &= 250, 358K T D @ Vecty (k)P — Vect(k) 1
DD°P : Vecty (k) — Vecty(k). 43 HIFR A RHE AT E K T

4 X TR G, & TR Gaee BT {zya™ly™' 2y € G} ERIIEM
THE TRE G/Gaer 2 5CHRE, TRAE G #Y Abel fb (ZHEGIH 4.7.3). X THEE
WS ¢ G = H, NETHE o(Gaer) C Haer, AL ¢ 755 H A [F
B ¢:G/Gaer — H/Hier- HHHIUE G = G/Gaer, ¢ = ¢ E LT Abel fLpR T
Grp — Ab. Abel 1L T2 LR 1
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5. WAL RSN (X, z) FEEAME m (X, ), X4 18T Top, — Grp.
REGn PR A A2 BT, BN FETERE X — Ha(X;Z) 4551 T /%R
¥ Hy : Top — Ab, HHt n € Zo, Tii_ERI#EL KT H” : Top™ — Ab.

EX 2.2.5 (AATWR, RFENES) £ 7 F.G:C - CZAMBERTH 02—
Ox € Homc(FX, GX), X e Ob(C’),

FERTENHAC PR X Y X#
FX %, ax

Ffl le (2.1)
FY —— GY.

LTREATHRENR O F - G, REBA

IR REL = MERA R 20, 2F §3.5. — M EA M ELE
WA 0 NN F 3] G A

87E 2.2.6 FATHKFH R 0 F%Gﬁﬁﬁ}\u?F@ GEI’J . ST A S
B TAS T BFEHELE, HUSH 0x « FX — GX XA BN, BN, o
PRI 2RI SR AHIE B R EZRERES =

FEENG ARG LA EAE, BB, BEPIRR &AL

I>

o ZEC F CHENRTIMSE 0:F -G, ¢ :G— H. Y& ob [hEX
& {xofbx: X € Ob(C)}, FEfiE:

Fl Gl

o HRET " g, | T C G C R0 Fy s Fo, b: Gy — Go. s U

\_/l

G Yol :GroF — Gao By, HIREREIMITA X € Ob(C”), Mk ¢ HIHA
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T, E#E
G F(X) 2% GuF (X)
lex)l JG2(9X) (2.2)

GlFQ(X) W GQFQ(X)

A RGN NGLE (Yo b)x « GLFI(X) = G2 F2(X), BLBIFRARE A, K
M BRI B B ARTE, S tn] DAL S R mis . A

G1F,
Fy G
Y
c" ﬂe c' ﬂw C &HN C pob  C.
GoFo
o WA A TRERG. 1
F
Y
¢ —H- ¢, ﬂe Cs SN
\@/

FELBZ=TE KAV 0H : FH — GH fRiicE A 0 o idy; H KM,
(0H)x = Opx : FH(X) — GH(X); 2L =5 i0 K0: KF — KG }
BEAT idx o 0, Bl (K0)x = K (6x) : KF(X) — KG(X).

RO E D5 o RRIPREG L, WATRIEZ R T AU

51227 P LRXWA HAK {(Vol)x}x BMARTHM AL, WHEEHRTH#
HaH (poy)od=¢o(Yol). AMAKRZBHERTRXZ: X THK

/\/\
\JU

AT Y 3 R S

(ver)s(ver)=(vgv)s(v50)

WERA ST YA T R RN, AT IERIRE A R R TR A ST AT 2w
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P XET C7 S f X = Y, FIEET (2.2) AR

G1F1(X) Gl G1F(X) e, G F5(X)

G'1F1fJ( J{Glef J{G2F2f
GlFl(Y) m) GlFQ(Y) ¢T2Y> GQFQ(Y)
HE S KIS ARUE BRI (Yo 0)x FI (Yo 0)y. A 0 S H ARSI
Gy 2T, ZE0r gl T ¢ g2 BRI, O Bescie. REETSL A BAE G, A
ANRIT P, IR o 0 6 Pra .
PLUERE & R 25 A 25 R T [R]RY S5

I3 Gy H,
N T TN T Yy
e oer e e
NN AN A
F> G2 Hy

XML X € Ob(C™), Z K%

HlGlFl(X) —_— HlGQFl(X) HQGQFQ(X)

\ /

HyGoFy(X)

i 6 I ERIET GoFy(X) — GoFy(X) WTAIBSEHA M 5 (A H
(60 (% 00))x. $& ——_» CHIAE ((60) 0 0)x; K HWAUN L% (2.2).
LT HRIERE,

B0 2T DA TR PR, A58 4 BB e - 0

TR T F R AGAEHEESH de - F — F. AR TRINSH 0: FL — F,
HRHT Py = FL W Y ob =idp, 0oy =idp, WFK ¢ J& 6 Ay n] 0
PR ER TR A, BIE 00 Iy = Fo. g LHERH 0 i A2 fE—m, ic
fE 071, BRI T B R Wl (071 x = (0x) 7"+ FoX = FiX. A #fn]
WA 0wl BACYEEAS Ox #nTE. 5) ULIRIAA A & Ay 2 R4S 1 1) [] 4
0: Fi = F WHEMUERR 0x : X = X XEIT X 2 B AR ATERE .

F
X228 (FM) wR-—AETF G C HEUTHER: FERTZHEHRAMY

G
0:FG = ide,, ¥ : GF = ide,, W G & F fEETF, 35 F £ C 5 Co 8
.
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WR#t—FH FG=ide,, GF =ide,, NIk F 2% A {4, 1 G =& F 63
BRI S B A AT 2 S, A0 B A D AL

fil 2.2.9 4 CHaus *}'% Hausdorff #8453 6] i 8%, C*-CommAlg b & % JT 1 A2
C*-RBT LS SR L TTH «-FE). LM AR Gelfand-Naimark 5 Hi KT
i en

CHaus C*-CommAlg

X ———— C(X) : LA HR =N
Ma s ARKHAR S ] 1 A

T Gelfand A58t a — @ S ERIHY A S C(), TR [54, 8 5.4.8); K
IR E R X 55 Moo HIMAS, S (54, 8 5.3.2),

BE2210 £ GG ZET F:C —Co sk, NEEETFHEN G~ G
/ol idg/o6
EB SRR G <l (G'F)G = G/(FG) —oos . -

FEI 2.2.01 FRADM TR XL MG R TR ST (1984 ST T,
H T AFAE NI ME—, MR SCATE T 5% 8] 2 o 1 8] 4 [ #4036 R 120 ml 5 SRR
&, WK TR NIME—; AECZ T, U0 pR 2 [B] AT PAZE— AR SEBRRIITEmE Y
I RSN ELSE AT, SO AOME & AR AL B X PR B T YW 1 — 2R 2R IR - AR B 1
JEU, AR (2RI 0 2 FG = id) JUT- B2 ™ A5 (2Rl FG = id) 848
. AR ARAT R, Bras i 2 0F— P o BB ke PASRH B, B ir B a
TESE RIS UEH RS LS MR AT SEAAHE, BT 2.6.12 K545 AR ERE R —FhaiifL.

PR—A~& Tk ¢ C C 2 CI—RIBER, WRX C MAEAXGR X #rAE R
X 5 Y e Ob(C), MH Y € Ob(C) ZME—1. HAERINTERERR N BETER.
5I2212 HEEHCEA—BERC MHAERT :C = C BEEMH. BREH
I8 o & G 55, A R TR R A
IEBR LIRS . PAEBEABRLE Ob(C) MARAN A2 sk e U e, ik 23k
TR R A THEREICAE . IR B, XA X € Ob(C) MIDAEER 0x + X = K(X),

Hrh k(X) € Ob(C'); AT X € Ob(C') f O0x = idx. fFFEME——Fh ikt
k : Ob(C) — Ob(C') KNk T IS 0 : ide = s B

K(f) =0y o fo0x" € Home/ (k(X),k(Y)), f € Home(X,Y).

F—I71, TN T8 ke = ider. L & 2 o ALY 1
XEFH Ay, B F G — Co A AEWER A A58, AR T XHER C2
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W% Z, 4 X S Z = FX, B Z = FX. R X S0, B4 SEhER
FX ~ FX' 40 X ~ X', FJ& F /059 LR, it ULE T 6. O

EHE 2213 T EHTF F:C — Co, WTFHAREN
1. F Zieue %10,
2. F RARE, ARk &ET.

SRR B FORMESMN, B T G 1 G — G il GF > idey, FG 2 ide,. 31
Co TULMIXR Z #H bz : F(GZ) = Z 8 F ARJ50il, W G AR, WEE

Hom(X,Y) 5 Hom(FX, FY) % Hom(GF(X),GF(Y)) -~ Hom(X,Y)

£ Ff: GF(f) ———— vy GF(f)vy

A BCHE S, R ATk F AR, AL GOoAETEE. ik FLG i
@AY XY € Ob(Cy) BT G (12Ht, Hom(X,Y) — Hom(FX, FY) 403, SR
C1 PEADXEHFEET G MEANG, 42 F R4 Sim 1

PRSI Wi s DA 2.2.12 BUEHE v 0 Cf — Ci AR 1 /s (MAL @ = 1,2).
BT F' = koo Fou : Cf — Cy @SR kR 1, BRIMA F' @ JEmEr F. &
G:i=110F oy, N

GF = 3 F' ko F ~ 11 F'™ ko Fuy kg = 1167 ~ ide,
—
—F
FG=Fi F' Y%y ~ 15 koFt1 F' Y ko = 19k ~ ide, .
F/

X HLE] T H SRR A O

B 2.214 4k BRI kb RS RS Vect(k) I 7iimE Vecty (k). e
2.2.4 FIELE LT RHMER T DD : Vect(k) — Vect(k). X TAEm&2sE V BH K
B

ev:V — DDPV = (VY)Y

v — [A = A(v)].

XTATELNEBS V= W, WY & SR ER A AT %

V —~— DD°PV

fl lDDDPf

W —— DDPW
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TR, TRA ev:id - DDP. G EH ev: V — DDPV R b, 5L Fa] P
UERH ev @ XU HALY V HRRYE. —DIRR 2 4 F{E8E Vecty (k) L, FA

ev : idveat, ) —+ DDP.
[l — 3 FAEA B ms PR, (2
idvect, (x)or — D°PD.
R ¥ D : Vecty (k)P — Vecty (k) @ 7EWEEASEHY, 1 DP : Vecty(k) — Vect(k)°P
JIPSY=EIiESuIN

2215 pewEi k, & LEHE Mat 40 F: HXR R Zso, SHEEWSR n,m € Zso, &
X Hom(n,m) := Mp,xn(k) Ml k FFEE m xn HE A= (aij)llgi%m JTRE A

U5 Mo (k) = Moo(k) = {0}. SHIIEHE U RIORMTRYE

Hom(n,m) x Hom(m, k) — Hom(n, k)
(A, B) — BA.

EXET F: Mat — Vectp(k) @'F: # F(n) = k%" := M, (k), WX A €
Hom(n,m), LHEmgt FA : k" — kO™ ZHFERTE v — Av. BRAOIWS F 2SN

XY KA EEREL. e EE] F : Hom(n, m) — Homy (k" k™)
AU, X TCE R WU I s T, AV e kI Y (VO e[ i 23 R]) AT
F 24 IR TN, fEs 2.2.13 WAIT R ST

2.3 &FEH

T FERTEEE SRR (UFRTCAEH) B, S pRid— S v ks S A .
BIBZYE 2.1.4: BRAES RGN, DUR BHERTEmsas e U-JEmk, X B U 2 e T
OB T U RGN U

X231 %1 HU%, T{C:icl} Bkt

<& %Rji% HiEI C; EX#UT

Ob (ch) =[] ob(cy).

iel i€l

Homry, _, ¢, ((X3), (Yi):) := [ [ Home, (X;, Y3),
el
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HPEEANU (Xi)i ZF [Lie; Ob(Ci) B TE. A4 6K EE N8 Z .
o KM (XMAEKH) ¥ [[;c,C XM T:
Ob (]_[ ci> = [ ob(c),
el el
Home, (X;, X}), j =k,

Hompy ¢, (X;, X}) =
Hher€ 2, j# ks

HptgNjel, X;, X € Ob(C)). SHBEMEAESN C /M FIEH.
T I 2R U-4E, FRATIE B TaE U8 2 U-TEWs; WA C; ARE U-/Naws, W
FATE —IEEE R T pr; : [Lie; G = Gy, BXRF (Xa):s MR X, AESHZ M 2L
PIHFSEE] § i FHE X—RESERT o 0 C; — [1ie, Gy K5 C; PAE BRI ik

ARG THEE.
R, BT A FREETEREE XL C1 x -+ x Cpy FICrU -+~ UGy,

EX232 Wi F:C xCo—CHEBEFHRA-TET. 2TLEF Cix-xCp = C
#y 2 L.

51 2.3.3 (Hom BF) Z7&E7ums C, M (X,Y) = Home(X,Y) X T JCH T
Home : C°P x C — Set.
WER, C HERE—RIES f X = X, g Y > YV FRl
Home(X,Y) — Home (X', Y")
¢ — gof.

B RS ¢ X f EREL W g fEE. R S ST RIS fo = of Fi
9.6 = 96 FT. S (fifa)" = F3 17 A (fifo)e = (fO)u(fo)-.

EX 2.3.4 BFEM) % C1,Co 4 U-T%, £ ET % Fot(C,C): HA %2 ¢ 3|
CHWET, BTANE FL.CAMAREURERO:F > G A4 0:F >G5
ViG> HWARRHRERAILE Gob: F o H.

SRR T 205 2.2.6.

I 2.3.5 JUE UHESUERE IR R Fot(Cr, Co) MR RS S UL .
XTSI R LER: 5 C1 2 U-/NElg, W Fet(Cy, Co) & U-TEIE, X2 PRE
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EPIAS F.G - C1 — Co, KA H AR RS

[[ Home,(FX,GX)
X€O0b(Cy)

WF4E. 45 Co 2 U-/INEmE, W E0h U-/hE.
BEAMEEIE B ARG R A S, 5B 2.2.7.

KT F,G : Cp — Co, TERJEME T A M FOP, GOP : CP — CoP (LT 2.2.2),
DU ARAEW o« F — G {ERJEWE TR B Ry 0P « GP — FOP, 1fif H. (¢°P)°P = ¢.
AR

ﬁiﬂ 2.3.6 /T‘?F/Tli‘ EJ %l’ﬁ]#ﬂ FCt(Cl,CQ)Op :> FCt(C(fp,Czop), E#% 90 Hj%ﬁ (POP.

S MBI Z 0 C A/ NERITEE. A Fet(Cr,C) Bt €5
237 HE4%A I €U, W T = Disc(I) HAIMKBSEGENE (F 2.1.5), MXHERE C
BRI CT ~ [, C.

WEE SCT B 1wy, Hh BRAATIE— DR T F : G — Co WHFES LM
End(F) 5 A FMHE Aut(F). ENENEGRLET U.
EX 238 —AiEEE C WFbE XA Z(C) = End(ide).

HOL R TSR —FRCR A SRt (2.1) AT Z(C) e R ITEAER R A A

X X, x
vx : X o X, li5EE fl lf SHFA [ X = Y #5Hh

YTY
w239 PO Z(C) Mo TEL o BERHE.

MR W4 ERY 6,4 € End(ide), REIFPEARL 0, W5 X =Y FISS f=¢x #
53 Oxx = hxOx. O

B 2.3.10 HHEN F:C - C FRFOHFEAMH Z(C) ~ Z(Ca).
EH R 2SI, BAESR.



§2.4 ZMR 45

2.4 3um

WL RS RELAIZ PR ME—Hb 2 . FRATTEE 4R, X R AE ST EE R TE S T DA
i) s
EX 241 558 C Pt g X HRAWWER, WEAFANEL Y £4 Home(X,Y) 5
H—NLE. £, Ffr X ALK, W RAHASEZ Y £4 Home(Y, X) oF—1
TE. & X BRGNS REXN L, Nz AEIFR.

fi, X GOE XM EEE: C IR AR CP AR, IKZIFA.
B 2.4.2 % X, X'k C Wit &, WHEAE— RN X 5 X' R R Lt

MEBR  (UFRALHEAXT R, Bk X, X 4, WAEEME—1SS f: X - X/
Mg: X' =X HAW gf : X — X WM, BEHEE idx; [ fg=idx,. Bt
f: X35 X HIpTR. O

EX 243 % CHAENE, B0 HEE X,Y €eOb(C) EXERH0: X =Y 4

X—-0—Y

PIRIES: (1) BESMNEA GRATSSHR TS, (2) FEHME X LXE
XA 27 0,0 #RIZFRG, MIHA 0,0" BEELAZME—/Y, T I& A 350

- IN\ )
~.

A

0/

244 —giE, HARMANGERDIELE (B ZIEEHEENE). AR tiua
Bil1:

L. LEATENG Set: @ RIARR, {pt} RAXIG

2. BB A TG Sete: ({pt}, pt) REXIG

3. HEERE Grp: P ALEE {1} BFXE, WM 1 WRSEESS
4.4 k FRy I EAS AW Vect(k): AR BX R, FUUHEFSST
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fi, BN HME— Y — BT R i B, AT H L0 T

f2.45 Wik k, 2 XK TV : Set — Vect(k) WIF: XMFES X, fy V(X) =
Pocx ke KA X HEE k-0 ZEWH f: X -V & ﬁ??’rtﬂ%% P e Gt
V(f): V(X) = V(Y), Elfes LR RS f BrZzim. 4 U : Vect(k) — Set il
T (B 2.24), M 2=z € V(X) HHES 0 X = UV(X). REFEH O, Rkl
V(X) & X bkny <A Ess”

N V(X)) MR, & SGER (X/U) X m Wi X - UW)),
b W € ObVect(k) ifii X = U(W) & Set "rEQZSI, A5 B Ve ety 2 v

5 h: Wy — Wa:
/ \

UWh) g UWa).

MW H (V(X),0) 2 (X/U) miiaxt R XM LIERIMEE (W) €
Ob(X/U), fFAEME—HY h: V(X) — W {5

/\

UV(X) ——5—— VW)
e mT X R V(X)) i9E, X h 2 ME—RE TR
R R b BN V(X)) R . RAE i 2.4.2, FATHZ MR %]
T V(X) R X - UV(X), E22Z-AME-WFEE. ZREAE 82 AR
CHEWR” T, 4 §4.8 1A .

B 2.4.6 %R RN (X, d) BEITERE Metr, b i 35 56 2 IRIEBUT f
(X, dx) = (Y,dy), B Vu,v, dy (f(uw), f(v) = dx(u,v). 568 RS R 4G
Weicf: ComMetr. SR SE &AL [57, §8.1] Ll — AR T

C : Metr — ComMetr
(X,d) — (X, d),

Hop X 2FTA X H#g Cauchy 51 @ = (2n)nz0 BIH, T d(Z,7) = Jim d(@n, yn).
PAT g2 B & d. 4 1 : ComMetr — Metr jy@ BT AT BRI X, X
A @0 (@ 0= 2),5y DR 00 X — I(X). (7RG 72 LI (X/T) i
ML (Vi X — I(Y)).

SegeAt X Iz VERAR T A, A (X/T) FARGF: XHER (V,4) € Ob(X /1),



§2.4 ZMER v
LM RS b X — Y (R

/ ~
1(%) s 1Y)

el KIAHSE X 25 X BB FIsE A (X0 X — [(X)) T DAZITE
(X /1) iyl

DAL 520 1T DA R Bl o T8 1] 608 AL BR, RS THE. TRATEMEHILASFIA—E
Tz B

X 247 (BSBM) 4 TEHT A->C B, % EEEH (S/T) T
o 3t %: Wu (A, B, [), £ Ac Ob(A), BcOb(B), f: SA— TB;
o Bht: W (AB.f) Bl (A B, f) (§A5 5 Htw (9,h), £ g: A— A h:B— B
AHR A B RS, FFTERE

SA 29, gu

1 b

TB i TB'.
AATH A R E (g1,h1) 0 (g2, h2) = (g1 0 g2, h1 o he), T (4, B, f) AP EWESELS
HZ (ida,idp).

FRATEHEWN L, GERT P (S/T) = AMQ : (S/T) — B. FIISCEE (S/T)
BAE (S,T), Himfg4. HAochEEp+
M2 2.1.5 & LHTERE 1, B —ASY. f8E C TH— % X M4 T4
EPERT jx 01— C.
L 2EETT:C —Cl X cobl). MuT 115 ¢ < ¢ migsimn

(X/T) = (ix/T) BIEIEA (W, X 5 TW)weoner, i (Wi, i1), (Wa, i2) [
SHHRMAE NEZHLK b W, — W

TW, — TW,.
B GESS E RIS 2. XL 2.4.5 B 2.4.6 6 HOTEWE.

2. itk C ¢ E 1 EEE (T/X) BT (W, TW 2 X)weone,
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M (Wi, pr) Bl (Wa, p2) ISR T RS f 2 Wh — Wa

TWI —) TW2

R

RIGEBEI L2 PRI L. BT = ide, —RERZIE p: W — X HUHE X

b YA XTGP C R SR TEg (b AR,
WRSF p o W — X W PARAEC— I X SHLR =S Xb— v € X, MHVAY
g © S W, =p (2).

3. BN (ide/ide) BIXS R C PHIMASH f X Y, FIPX4 f: X =Y,
x 1.y
[ X =Y ZRNSH A EE l l - AMERRAE, (ide/ide) Ny C

X/ f/ Y/

i Sk T

2.5 T=mEmF

PATNREETENS C. X HLTE BB LR AIE R A RZE 2.1.4, 559 U EREE, C
se—A U-JEIE, 1T Set Frn U-SRBTIITERE. E L

¢ := Fet(C°P, Set),
CV := Fet(C°P, Set®) = Fet(C, Set)°.

M C 2 U/NEBEIE, CN A1 CY #Z U-TEWE, — RN, BT — 2 LA i U
(BZRZER), tit C" Rl C LMTURIEE. il 2.3.6 41K

(CY)°P = (CP)". (2:3)
PLFIHEM B Home [ TFHE, B TTIMZH) 233, i LT

hc:CHC/\7

S +— Home(+, S).

RIA BRIKMER T ev" : € x " — Set, T (S, 4) BELEA AS). MBI
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ke:C —CY, evV : (CV)°P x C — Set
S+~ Home(S, ) (B,S) +~— B(S).
EIB 2.5.1 REEKX) T S cObC) f1 A e Ob(Ch), Brbf

Homgen (hc(S), A) — A(S)

(2.4)

Home(-,S) 2 A(-)| —s s(ids)

AR B4 & T FA Homen (he(-),-) = v BT he Z&EEH.
732, 7 AR BE F F A Homev (1 ke() = evY. BT ke 22 KL

BeEE R —BFR KR H G B, BT he, ke MW HIFR AK HHRA.
WEBA R (2.3) AUTRUERASE—&0 . B (2.4) XF S, A TR B I, X T C T
—SH T — S, % ug = ¢ps(idg) € A(S). ZZHEF

idg € Home(S,8) —255 A(S) > ug

[ o]
foe Home(T,S) —— A(T) > ¢r(f)
BRI IELE (2.4) FHLA = he(T) WG he H4BIHE. O
L us PORTRER—FRIER TS, & 502 5 .
EW 252 fr A:C® - Set RAKETF, WRFA X € Ob(C) KAM ¢ : he(X) 5
A, R (X, ¢) REREKT. £ MM, TUR ke EXETF B:C— Set iy kAt
%

I8 2.5.3 MUEH 251 WIEM AL BERR (X, 0 1 he(X) = A) Y4 T4AE
(X,u), ZHP ve AX) &2 idx : X = X 7 ¢ox PG X C RS T — X, 3K
1A or(f) = A(f)(u).

HET I, ATREKT A BARRITT AN (X, ) 58, Hhr v —Bhhizik R
WG T U RS TR RS

5I254 £H®T A:CP — Set Tk, WEREKT (X,¢0: he(X) 5 A) £ESH £~
ME—RMWEXTZE—#. 8T B:C — Set WA R MK

(3270 BRI TT DAH §2.4 i8It AIEETE0E (he/A) MR, M TET C —5
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on 1, TR,
EBH XML Y € Ob(C) 5 s he(Y) — A, H4EEHE 2.5.1 Wi i 4 MSLHE, 1715
W) f € Home (Y, X) B F I %e .

h
he(Y) —LD he(x)

™, 5

HHL (he/A) 25 X 247 I (X, ¢) REHLS. il 2.4.2 A . O
255 B 2.4.5 W T V : Set — Vect(k). HiZHERAH T

HomSet(X» U()) = HomVect(k)(V(X)7 )

Wit V(X) # R B RS T R T Homser (X, U()).

1256 KT P: Set®® — Set, T Set fyxl % S WLEILFLE P(S), KM
FiSSTBETS A f1(A) C 8. 8 Q:={0,1}, u:= {1} € P(Q). FIHELC
2.5.3, AT (Qu) M ¢ : Home(,Q) 5 P, Aifi P il %

KM Set fxi5: S, A AL

(,ZSS : HomSet(Sa Q) — P(S)
f {1

H 22 EE AT ¢s @ XU, Halik A € P(S) MR HE 14 ¢ S — Q, HE L2
1a(s) =1 M HALY s € A.

BRI TAER A V2 IR S B, BB LA~ Fr R B S ) (TR G 73 2
), sidfihai iy Eilenberg-MacLane #5[A] (K[ T) 4545

HATHEEBWATS he B ke, 5 C HIZELE C° 8 CY e 1Ews. EREULM
S SER WA VR MR “CBART B4 ETEE C ISR, AE € E CY
A BT MR 5E L. BT AARIRREK IR AR EE T 02 L. Schwartz )" SR 40
e, MEHASE, St
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2.6 ¢mEF

D. Kan 7 1958 4F 15 SGIRE TR AOME S, AR MEAE Ve BE S A W F R LF
FEAAE, FH24 57 ST AT 25 [29, p.107).

F

G
F WA
¢ : Home, (F(-),+) = Home, (-, G(*)).
—Hr G & F BafER, F & G WZAERERE, 3 (F, G, ) @R PR ¢ &
B,

B2.6.2 i k. 7EG) 2.2.4 , FADCE ST XHER T D : Vect(k)°P — Vect(k),
DV := VY. {F4E A ARty

ov.w : Homy (V, W) — Homy (W, V")

fr=lwe o= fo)(w)]]

H VW 2 k-l i=sa). Sefp b, WAl B AR A TN BV x W — k 14
IR ZE ] ALHF f € Homy (V,WY) BB B : (v,w) = f(v)(w); 28 VW B @
735 Homy (W, VY) 1§1E. XEEFMES N

evw : Homyect() (V, DW) = Homyect(iyer (D°PV, W)
I HXAETE VW ORI, R BRI (DOP, D, o7 h).

YEREE] D WHITE Vect; (k) 45 HTEWES i Vect(k)? — Vect;(k), L 2.2.14.
AR R HEE % BN idvecia) — DD, BACYIRGITE Vecty (k) EAZ R, XFT—
WRIFERIXT (F, G, ), FERARRSHHTI3 8 S5 A €.

EX 2.6.3 % (F.G,p) AT, & XA4
n = (nx)xeob,) :ide¢, — GF
;N

Home, (FX, FX) — Home, (X, GFX)

idpx — nx.
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R, REFKNTEXSS € = (ex)x : FG — ide,. ®A1FE 01 & (F.G,¢) BN,
T e RREBAL

RSIE m WO HARASH. WK, X G HIAESSS b X — X, i 1Y H AR TER

idpx € Hom(FX,FX) —— Hom(X,GFX) > 1x

[ o] b 1

Fh € Hom(FX',FX) —2— Hom(X',GFX) 3 (Fh)

] (en.] l@rn. T

idpxs € Hom(FX',FX') —— Hom(X',GFX') > nx

X' X, GFX'
b PRI ACH SRR | e | W38 FIRITE < A
X —— GFX
WAk, BT BN BT AE T »
o(f)=Gfonx: X = GY, Vf:FX—=>Y;
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C BHrd. Z5—J5, A (2.10) AR H— I HUFSE (P.<) i lim g o2 T4
{B(i) - i € Ob(I)} WY FHMF; BB T 0 FAE R SR 2. JIk5e. O

EHE 2.8.3 i I H/HEEE, C 4t
L &R ATE JCMor(I) #1 C B H IR (X)) jes BFE [1jes Xy, T EXHT
A f9: X =Y #WEE ker(f,g), W CAHPTA L I 45478 lm.
2. FEXATE J C Mor(D) fu (X;)jeq MFEAE [y Xy WEXA f9: X =Y
# £ coker(f,g), M C AFTA N I 48478y lin.

SRR T A, DA CP R C AT AN, ML RO IR im .

GIBHET B2 1P > C. AP i o i > J, WML X 5(0) = i
5HA o) = 5. B TLiconin 80) 9 Tl enton(r) Bs(0)). MEA o € Mor(I) 7 X
s

Ps(o)

- T
HiEOb(I) (i) B(s(o))
R

wB RSy [ 80 == I 86l) . SWiardn
1€0b(I) o&€Mor([)

FHHL T 74K Lim B

ker(f,g), ( cker(f,g9) — H B(1) ) . (2.14)
1€O0b(I) JEOb(I)

B 2.7.5 PR IRAEN AT 2.7.8 75 C" A, FIek T “lim "8 T

I'LrvnHomcC7 B(1)) = ker

HHOH’IC(') 5(1)) = HHomC('a 5(8(0)))‘|

%

= Home (',kel"(fa 9)) .

BB UL T lim 78 AT, AU ¢ WAL R AL lim, Hom (-, 6(1)) —
Hom(-, A(7)) H1% FAEATMI q. : Hom (-, ker(f,g)) — Hom(-, 5(7)). F il 2.7.9
BN (2.14). =

L L, 9 JEAELAVNEE S T (N BHEE) bR /N, EBi i SO/
AR DUFEER 2R 2.8.3 1Y EHMER.
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Wi€284 i C TELYHANSUAMAFLT AR, REELHARSCAHFAR
FhTFARR.

T C EARANAR Im S BRYCALAT L, iR ker(f,g) A X xY;
CAAFANAR im 4 ERX Y CHEN L, i coker(f, g) FffA X UY.

VET RPN WL RS 1 P AR S NI AR AR 4 FR. DA s Irie A R
FEAE.
TEX 285 &I HEK o o— o hlithTewk (EELAS).
1. BT B:I° - CHME CHEHFLX -2« Y. ﬁX?Y::@nﬂ,ﬁij@X%Z
MY — Z i 4R R E.

2 BF oI5 CXHEECFHL X Z Y. B XUY =lima, ik X « 7
Y  Z HAERREEY.

1 (2.10) FABLBI, F 1 F0HE L 92 P o 1l
13! 3!
XxY XuYy
/ \ N \ (2.15)
Y X Y

| /
NSNS

£9%E 2.8.6 HI IR M A IR A H L, — RS O Rl 8B Frid,

o

NX 4ot
NC -

XXY — X X

j - J j " T (2.16)

Y —— 7 — Z.

Y «+— X

Pl EHFEAB L E YR N Cartesius B 3K; Renatus Cartesius 42 René Descartes f$7 ]
AT

f2.8.7 PATILATEREER R 64 HLARTEAR .
o Set: Z:ILfi| 2.7.5.
o Top: &Ll 2.7.7.
o Grp: FAMBRBEEAMBIL R LS 2.8.4 IEWZ. & T A/NES.
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Gk

&
|

— —JEHE (Gi)ier MABERBEM B [Lie, G (8 X 4.3.1), % [FHK
pj [ Gi = Gy (j € I);

— IR (Gh)ier WRBLEBNHB ®crGi (F X 4.8.9), #FH
tj G = ®erGy;

= XTHEE f,9:G— H, EXL ker(f,g9) ={z €G: f(z) =g(x)} =G5
H —» coker(f,g) := H/N, Horfp N 274

o

[7] 25

{f(@)g(y) :z,y € G, 2y =1}
A Y IE TR

o JulE Ab: KIHMHES 2.8.4 IEZ.
— HE s Grp fHEAHIR, BIEH;
— —RAHHE (Gi)icr MARTRIBEEA P, o, Gi (Ardl 4.8.11), FE[F 1
B 1 G = Biey G
- WNTRMHEFE f,9: G = H, X ker(f,g) = ker(f —g) — G 5§
H — coker(f,g) == H/(f — g)(G). XMRET “ZAZ” —TiRKT.

PAEVEWEESAN &/ NEWE, BT A AN I i 2.8.2.

RIS R T %F. & F:C — Co WET, 74 T J/NEwE. ARG
2.7.9, U\ T FHRMBICIAE 4T T “lim o € Ob(CY) 5 “lm ™8 € Ob(C})
HYRT3PE, SR 15 C; & 1P (i = 1,2). S4B Cy OIS F R

KHIE o 1 Cr. R lima 16 O AL DNFIAIEEE S ke, G 2.7.8 2
W< lim "o 45 €Y 2 Fa i) lims SEZHER (2.10) f i

Fa(e)

Fa(j)

7

¢
[i — j] € Mor(I) =
F(a(j)—lin o)

AW S i Fo — Flima. {58, § lim § 7 Co e, 45 LTk 5T
C5 RIS Flim  — lim " Fp.
X288 L F B o8k, R 0.8 HRIEHE L.

o # F 4 lima, o “lim"(Fa) 3 F(lima);

o # F (% limp, % F(limB) 3 “ lim "(FB),
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F A 2.7.9 RPADG T 0 lim o (R, Lim 3) §9eR - 1, AR FR lim(Fa) (41K, lim 3)
1E Co THFAE.

18 2.8.9 MRIFEIE 2.8.3, FRAlE (2.14), THIE F 2 RAFTE T fEbReY lim, X
i e A PRI S5 A6 1 B R]. [, XET-DA T AR AREY lim (AR R4
T AR

51 2.8.10 AT Top — Set [RFFA /MK SR 2.7.7. 1%L, Ab — Grp f/h
Hm HAGR/ lim: 2512, Ab g R BUS SR ELRY, i Gro R H B,
FHHE .

ARl 2.8.11 & T A/, X € Ob(C).

o BF Home(X,-): C— Set fRLL I 464747 lim (fRBAF 7 );

o EF Home(-,X) : C — Set fRI\ T A 45478 Lim (1R IZAF 7).

WERA R 2.7.8, 2.7.9 IECS; AR ER] C°P i lim ToAER C HY lim. [

B Uk oy T PRAR BRI —Fil J 4R §2.6 A ZARIHERERR T

F F f& lig
EHE 2812 #EHHEX (F,G,p), £+ C <T Co . M s X BARZ BT
G % 1&1
W IR E, I ERADRIR.

HERR ARARIEIC 2.7.3 WO, IESE AREDR. BEER T B 1 1P — Gy R lim B
P, ARG 2.7.8, 2.7.9 R AERERINY @ BYRRTHE, A CF IR

Home, (.,G(@m) % Home, (F(-),@ﬂ)
— tim Home, (F(). 4(1)
% tim Home, (-, GB(7)) = “1im "G.

JECTUERINE? RS 22—, RO R BRI AT B E L 2.8.8 AL I

xR
BUGXRIIE LIRS, A THEEH 5, U RE L.

e
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M
&

XMER J € Ob(i) i EIN p; : im B — B(j). AARAREFRIT

Home, (-, G(tim 5)) % Home, (-, GA(j)
! le

Home, (F(),lim 8) * Home, (F(-), 8(7))
[ [

lim, Home, (F(-), 8(z)) — Home, (F(-), 5(j))
! b

lim, Home, (-, GA(i)) — Home, (-, GA(7))

Hor (a) SE—FHE=ATT A ¢ B8 T AR, (b) A5G 802 id, (c) 2251
BHCRE — SRR A, XEREE Glimp = “lim"GB HE X 2.8.8 HK
Glim 8 — “lim "Gt [m]— AR P 2 i, 5 0Lk 5. O

[l 2.8.10. AT PABEER T Top — Set Z Jir AMR/MEIR, 2K N EA 4L, H

fEBE (B 2.6.7). TiHRAEG) 2.6.8 RIS 4.7.3, BAK T U : Ab — Grp A 41}
G > G/Gaer, BN lim; MWEREARBILAERE U FoA FEBE.

>

1L % AL BS 0N D REEEHP S, WS A D C M B -5 D %k W
Frg,h ARl

2. X C, C" ESHH CxCT AE:

Ob(C ") := Ob(C) LI Ob(C"),
Home(X,Y), X,Y € Ob(C)
Home/(X,Y), X,Y € Ob(C'),
ML {+}, X €0b(C), Y € Ob(C),
@, X € Ob(C'), Y € Ob(C).

HOHIC*C/ (X, Y) =

By CxC' IS T HLE A HRIEAGLTT, FIALE C « € WSk S ©aE C fl C
Joa TN XTFAFHGENE, UEW nxm AT 0+ m.

3. i Grothendieck G4, M rit 4 (A B4 5 B 3 (3 WL B/ YW5 Ordl .
TERAT B 0,1, ... M LT 1 B 4.

4. % C HHLHE, HAHEA X,Y € Ob(C) #£ Home (X, Y) L8 “TE%F R. MRS
B C/R JERET Q:C — C/R (i
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o XMMEE CHEY f,9H fRg = Q(f) = Qlg),
o BT Q TEXZRLE FRU,
o MR T S : C— C' WL fRg = S(f) = S(g) &, TEFEME—1ET S : C/R = '
g S = 5Q.
U Q: C — C/R ME—k.

5. W F:C1— Co M G:Co— Cs3 NFEWEHFEM (H): BFHEIET), iEH GF : C1 — C3 h2%
fir, HELHEA DAECH F G F$6 2 AR

6. PRI 2.6.8 HAAPERIXT Y4 HAL.

7. 3t Ring SHPARR AT S, ARSI TEE, EEEX B S SRk L T, FESEE X
RLIC. WRAMREIAS L, FiiFErEich Rng GX 7] @4 15 i —— Ik B R 2508). ik
HH 2SR 106 T Ring — Rng B 251 5E.

8. & (F,G, @) @fEHixs, W (i) n:ide, — GF HREMYHAY F 22 LRT; (i) e : FG —
ide, MFEMYHAY G B HsLm T HTXMEPE (KA CP R C), FRIE (1). %6
IERAXT TG Co miaSHS f - X = Y #R o(Ff) =nvf: X — GFY: X% T o WHER
TSR

idpy € Hom(FY,FY) L N Hom(Y,GFY) > ny

[ e I 1

Ff € Hom(FX,FY)—/— Hom(X,GFY) > o@(Ff)=nvf.

e KB GER 251) KW gy 0 Y 5 GFY BHMY f - nyf 25 th XU
Hom(X,Y) = Hom(X,GFY), Ht X HUli Ci MX%; WA ¢ R, &MY T
[ Ff 23U, IR0 F 485,

9. B C BLRERMRATERI. X T/INEWE I IE AT A C — ¢ (BN 2.7.1) HZ,
AEBEE T, BRFENTS C iy lim 5 lim §9CR, MR B LA g AL R

10. B3k k sk, UERATE k- B RVEE Vect(k) B, RASX GUARRIAY T — LAy FRAE 2 (A1 BY
lim. RFSLARTEAS M S S BTG Ao (5 R BRAS BUOSCHRY imy).

11. % C & C' BE T, BEmTich J:C = 0. WHMHEEMAET F,.G:Ch = C, 5
J R B I S U

Hocht(Co,C’)(JFy JG) = Hocht(Co,C) (F, G)

12. FEirH G uE Sete HTABIRIARR, WL E R 5E % HaRst s, % Top, TG
E.

13. HIEHIR T Sete — Set, iy U MYZEtEfl, bW U JoA fEEE.
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AU A RIRITERS”, BRI R T RIRNEE © MAXER 1 s
4544, HF HAERHE] B AR MR E ST A S G5 L0, KFungeses:
Py BN LA S U A Y . Rtz Ab, B BE R R e e A i ) 7 R
BRI B BT I &, X R AT E R G IA LAWY S A
JUAE L SO n] RERS A%, 20 PR R A 811

Lo RS A R KR @, s ), s BRI KRR, IXTE §6.5 fA
A BT

2. AR ESEG, RHE §3.3 RITH#ERE Braid ke — A1

FESTEE e B TARE HR A MRS, RATRAE §3.4 HAWIH, BESTE §3.5
R 2- Ul B ARENE. PIEAET LRI IE S
KT LAFEWEREE— 2 B 5N, TZ (1],

AR
2 SRR AR T RV ©. LI HL e §3.4 FUEIRA 0 28084
T, TRRISC R R, (2 A SR BB B e A A,
i 50T R, 150 )T BT 5 01 T5 DR HE
B RS LRTIE, FTIEETIIELL. ATE R 43500 AD-T5WE, MRS
AV JEHEIR L%, A0 P 2 A T AR S0
FT TR A 5 SRIEWIRS S, 0K B 25 DA 2R A8 5 S 25
i IO IR AR §6 B LTI S BFsE. FoAURITHI %
AR SR RO - RO, — e AT AN A, B
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R
B3
Cis

3.1 sxEw

R LRI, DA EE (11, §2.1].
Ex 3 1 1 ﬁ# %%%ﬁ éﬂ%}*’:l' (V,@,Q,I,L), ;El:qj

(i) V Z2—AeeE;

(i) @: VXV =V EBZTET, HEGZEHE LR LB 2524 (X)) —
XQY fu (f,g)— f®g;

(i) a £ & TFIEE Fet(V x V x V, V) # i [F 44
a:((®)®) = (e (),
EHRAFARE XY, Z,W, THRH.
(XeY)@Z)oW

a(x,y,z)®V W@CZ,W)

(X® (Y ®2) XeY)((ZoW)

a(X,Y®Z, W\/ /(X Y, ZQW)

(YZ2)eW) —— X (Y (ZoW))
idx®a(Y,Z,W)

(iv) £ 1€O0b(V) AL, HNHETIR—f1 — 1 AL HE% VI gans
s
(v) 1:1®151.
X o XREGAR. FHATIBH o BAEM _Joz®, SLh o /b g™
EEH (XQY)®Z =X (Y ®Z), HRMNRER, ¥EE680 %5 BUs—ka E

[ “AR” (XY, Z2) (X QY)®Z 5 X @ (Y ®Z), [#if3 a XEAETCE AR BT
BRI AREEN, a BNHA (i) MBS A IEFEF MacLane (10
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AR, EIARA X, Y, Z, W (8 AR BT w] B 07 s A TG BB —IR&S &
AR o MIERIPAATER:. B, 200 1 AR HEX 101 =1, 2 3 AR
XU IR 1 JEBEE % AF [] 5 R AARS  22 51, WD 2.2.11.

EX31.2 Esdidk (V,0,a,1,0) FdE X, BT 1o ft — @1 A HEHSEN
V=V, AT A
o ME—HEN Ax 10X S X F4E

. a(1117X)_1 L®id x
i1 A =[19(13X) — (191X —— 1R X|;

o MBEAHE—HEX px : X®13 X &
px ®idy = (idx ®¢) o a(X,1,1).

CAIHRETFHHEAS A 1Qe Sefip:el e,

I A, p WIRIELZR, BN o WAGEHEL. OGS M = 0= p1.

HIRIREZIR, NETFRF— DK FEWEH V 08, EHLEmE. R
V' CVAEXER L IFH XY € Ob(V') Zik X ® Y € Ob(V'), WFK V' 2 V L ¥
FekE.

#3.1.3 DURHRR LBt

L EHEWE C AR, I @ = x M 2701 AHEEE o(X,Y,2) 1 (X x
Y)x 253 X x (Y x Z) Bk ZIehant s (S8 4,

2. #umE C HAARAR, B @ = U, RN LEE Zohiaig (SRH)
.

3. W C NYuE. HeE i Fet(C,C) X THTAM @ = o Mol L i
BEINT Fet(C.C) IS 0« F — G, ¢« ' — G, HRIEH RGN
Y0 : F'F — G'G; ZIcRIMES T ide.

4. B BEEXBOEH EA TR, & A NI, F I8 ABHENE A-Mod, XK
B @ = AHAM XM, 2502 A B IR 6.5.15.

5 3.1.4 (BCIBTERE) %I T n € Z>1, & XACHTEWE n-Cob {1'F. DARHiLIE B 48 53 0
MIE. Juls n-Cob XI5 2 n — 1 B EMRIE, UHE%E 0. FX5 X e m
HGREIMRICE X SR XY RINSHERBBSEM LS, B n 4
WHERRE W R ERME oW S X UY*. S n =2 iR, Bl LHAFRE T
W3R, A2,
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ST A IEE R B ST E] ST UST iASH; BT W T R A E
MERFE W. RS & o2 4 S, I

ST SR E R, IR AT IR 1, MVELRIHEATI I, SNETE AHIE H
SN SARIIER: [0, SRS % T

IS ST idx dFEGR W= X x [0,1] 41 FAHE (X,Y) > X UY T n-Cob
LOLWEAE N, oL IR o, RO, SR S REAL Y. [ 4695mE n-Cob BTk
HOBIFIE A P IR M A e R T A —.

ERZE, X 311 M 3.1.2 FHARIFRLIC 1 WA WERT. SR H A & 1A
TN TR R T i 2%, MR B — e g TR, & X 3.1.1 AUAPEME §3.2 1555
TR

513 3.1.5 (G. M. Kelly) = F 235 (V,®,0,1,\,p) HEER R X, T F AL

)\1®X:id®)\x 1®(1®X)—)1®X, (31)
Pxe1 =px ®d:(X®1)®1 - X1, (3.2)
M=p=0:1®151. (3.3)

MRAEENE XY, T o1& H X

Xeoey X xoaey)

\ / (3.4)
px ®id id®Ay

XY
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(N EX T4+ % e = A A HE)

(XeY)el — » X®(Y®l) (18X)8Y — 512 (X®Y)

px& A@PY )\X®1dx A@y

X®Y
(3.5)

WA
19X)91 —— 10 (X ®1)

P1®Xl J/)\X®1 . (36)
10X v X o X®1

VERA SRR (3.1). MR A 9 E AR

M@ x

1o19X) 25 10X

id®/\xj/ l)\X

19X — X
Ax

At T Ax AR Mex = id @ Ax. ZRBDIFRETR (3.2).

PR
(Xel)el)eY Xe1)e(1leY) X1l (1eY))
~ ! —
(px ®id;)®idy px®idigy dx®@Migy
™~ + /
(X)) — X® (1Y)
T ~.
(idx@b)@idy idx®(b®idy)
— ~
(X®(11)Y X®((191)eY)

(3.7)
LA T A SRR AT 3, HBEET Sk B ok B BN o TUAITE A B SRR AME A2 Ht,
MHAEEIE TR (—K—/N) IIRZHEHSE TEGAR o AR K= =fAT
Bl QB & AcHe, & A S5 h E=MEsci Wk i 3.1) fF
dR Ay = Mgy 110 (1Y) 3 1Y, | Ay Z&EXSFEEmA=MIEHT X @ —
BIEE A2, [RPRATUEAE =g, HTHEE YV PR ERE TR 1Y, XitiEH
T (3.4). WA (3.4) HEL X =Y =1 IR pr, M RS, WES] ido M =id @ Al
p1@id = ®@id, T EKiEd (3.3).
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HELLEAT, XL R XY, Z % B K%

(Ze1)eX)RY (Z1)R(XRY) > Z(1e(X®Y))
~ \ —
(pz®idx )®idy pz@idxgy 1dz®Axgy
™~ + e
(ZX)Y — Z@(X®Y)
T ~
(ildz®Ax )®idy idz®(Ax ®idy)
— ~~
Zo1eX) oY Zo(10X)aY)

FATWr & A = s, Wk b U (3.4) S ZEM KA B4 =FAsc . B

Z =1 A%
1X)Y ——— 1 (X®Y)

/\X®idY\ Xov /)\X®Y

LT 1® — 255, BUS A mILEE] (3.5) (5 AAHE; TR
(3.5) BB e e

BLEM B (3.6) 22fe: R PrffN

19 (X ®1)

/ XX@‘I
1oX)®1 Ax@id X®1
P1®XJ( J{px

1 X X
Ax

Hi p B9 ZRYERTRIRIE 3 2248, 75— D7 DL CUEM] =M B s e, ezl scie. O

FEIB 3.1.6 —LuSCHR (1 [29]) X LB EmER E B A 47T LAFERIIFE A, p A
AT (3.4) #RRE LAY — B

EBY 317 %V fa Wy A L% — ARV BV, MARRFEELHR (Fép), H
BF:V =V RETW

Er:F()@F() = F(-®-)
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RZTTETZE W RAM, £5F Jpp: F(L) ~ L, FETEAFANE XY, Z K#

F(X®Y)® 2) Faxtn?) F(X® (Y ®2))
{F(X®Y,Z)T TgF(X,Y(gZ)
FX®Y)® F(Z) F(X)® F(Y @ Z)
§F(X,Y)®idT Tid@.fF(Y,Z)

(FIX)®F(Y))® F(Z)

FX)® (FY)® F(Z
a(F(X),F(Y),F(2)) (X)e(FY)e F(Z))

WA, FATHL NG L L2108 T P RIFIBORL Er.
EREFINT LR T F, F op : 1o = F(1) A—FRERIRGE: PATER

1L®F1) —2— F(1;) F1)®1l, —2 5 F(1;)

w@idl JF(“)—l id®¢ppl JF(Ll)—l (3-8)
F) @ F(l) —— F(1L®11) Fl)®@F) —— F(Liol)

YA R S Y, BfE [l —A or (L [11, Proposition 2.4.3]). ki)™ Z, XHEE X
EReREidiEEs

1L ® F(X) —22— F(X) F(X)®1l, —2 5 F(X)
W@idl lF(Ax)*l id®appl lF(pX)71 (3.9)
F(l) ® F(X) —— F(Li® X) FX)@F(l) —/— F(X L)

M A IR, AT EANER S, $87R: AR — BRI R S or, FrazE R
F(X) ® e Iz IS EZIHR, ZI0H p MTEIR, Faid Y- AN Z F(1) RIFEEM
AR Hoait i s

B 3.1.8 VLS, 1 U0 X E B TR IER A BT, 7 (3.9) IOACHIES
o 1o S F(1y) WRE L. TEHHES FEARER &0 F() @ F() > F(-@ ) fl
o 1o — F(L) 2R, BEMEE (F &, or) OIBEMAEET; HRRRIH %
L e F(-® ) = F()® F() Al br 1 F(11) — 1o FHHIER (3.9), MiE5A
AETRF. EH BT, LI 5

3.1.9 fBBGumE Ci, Co HAMRM, HOTHIAEZL LM (@ = x, 1.:= &X5). 5
BT F G — G BT A ARSI np - F(-® ) = F() @ F(), &G F RA AR
HIZEA Z oK T4 (W S 2.8.8); F i XA HACY FARAREL

EX 3110 & F,G: V>V AL &T, HFW EATH (REAH), Higt o, 2
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R 0, ARAM, MEETEXIA XY MR g AhL#H

FX)oFY) Y p(x oY)

0x ®6Yl l9x®y

G(X)©G(Y) — 77 GX @Y).

TEA G, TINEARATER o T oo AH pa = b1, 0p-

Z2F T B R 2 A E I A OS5, A5 BT PASE L A i [l #1545
Wk, B E X 2.2.8. NBTRIY, AIFHAF X EWER] MR L 254

3.2 migitsSpEEE

HIT Z B EBE R 25 G S L oHb R AR 25— R R SO E SCRY, Fefil 2 TR R
FPTIERENTI R — L E MR PERR, X AR B AR e 2. SR 2 /0 P [ i
ARk

(i) LR RER LA B A AR AE G L X TR
(i) & 3.1.1 @EIFR 7NN L L uhE i Rr? SRR, " I0 T ® MIZy

FYHR a, ZZ0R A, p 1%, REHIE TR, ENBRE “HAR 1Y, BINAZ

#e. I FHEM MacLane [ TLATE AT 1@ 1 = 1 PR X —is?
PIAS PRI . XTI (1), FAT 1T | A& K e BRI

X 321 LdHEEV RHATH Y, W E
o BENR e REF W (XQY)®Z=X0 (Y 02);
O LHENp REST N XR1=10X =X.

*E XY, ZRVFEERZ.

TEA% Z A5 Al AR B R -G Xi © Xo ® X3+ -+ HIE A b
S GEF IR (i) A T E IR, DA NG A 2 TRORT £ 2 Y Bl R R — P
3k, MRS

RS ZAEERE R B AR KRR T . B §3.1 A S IEAE RS T2 TR T
A SR B 3.1.3 HgTEmg Fet(C,C) 2k L ATEmsRYSL B . BRItz Ah, U8
R LR Z AT 22 AR A% XU SR UL AR (i) A9 %M. MacLane HJPAR 4
A [29, VIL2] 45 T E /Y [0l

EIE 3.2.2 (S. MacLane) & 4358 V # L L 5N T — Nk 4 H %,

SEBE 3.2.2 MOPRRETUE L. AT ESCT, BB T e e R P R K
XREERAETEWGE H LB A . PATIEIEIE (24, pp.26-27] F1 [11, §2.8], BEAMUE Pk
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. BV L. SO L2 e(V) 10F:
OX‘T%: ﬂéﬁn (va)vx\FPF V—)VZE ? ﬁﬁ

p= (,;(X,Y);FX@Y%F(X@Y))

X,YeOb(V)
=R RS R S LR
(FXQY)®Z
p(X, Y)®V wx Y, Z)
FXeY)®Z FX®(Y®Z)

p(X®Y,Zx \%(X,Y@Z)

F(X®Y)®Z) — F(X 8 (Y ®2))
Fa(X,Y,Z)

o bk N (Fr,p1) B (Fo, p2) WESHHZS p BRI EHRAH 00 [y — o, Bl &
*
X))oy 25 R((X®Y)

0x ®idyJ( J{9X®Y

B(X)QY —|f B(XRY)

XA X, Y Baci; A5G0 A BUE SR B SRR A AL
o ZJt: W1 HEERT id:V =V, MM p(X,Y) :=idxgy.
o FEX (Fy,p1) @ (Fp,p2) NRT F1Fy:V — V EF—ERE p3(X,Y), NG

p1(F2X,Y) Fi1p2(X,Y)

Hif X,Y € Ob(V).
Bl 3.2.3 e(V) £7H 4 L.
MR EEIRIE. 0

ML, e(V) BE XM T F 1S © @ HrgAaR “3cie”, ¥Or p iIZhRE
COLUE” BRI R L OCIEOT AR F B F(1) 5 p sEasi %], HL%UEJE
W7 RIS T akss

5II3.24 TAFRFL:Voel) FEAEINTE X A

LX=X®—-: V>V
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ARy p(Y,Z) AL &N R a(X,Y,Z). EAREBRX Lf=fo— ML Z2
BEARKRT, HEAERG L LB TEA.

IR (D8h) W L REST V WIMAEAR, H L LR h BRI L1 51
LG Er g s AR £0(X0, Xo) 0 LX) © LXy = L(X) © Xo) g, HAERIE

o L AJif: % b (F,m) ~ L(F(1)),
o L A5 it Home(y) (LX, LY) — Homy(X,Y) 4 6 : LX — LY %

~ 01 ~
X—)X®1=LX(1)*>LY(1)=Y®1—>Y.

A X B b ATy R 3SR O

SEETHIAS T BRI E R 3.2.2.

3.3 mEiy

2B RIEE @ — AR (AXEFZ 01, SR A AR T
HE KRR BN H ARV © @R mscdrt. — i omai G, X
i B e — TR AL T R B 8T BURIFA BRI ST HREYSR. FRATIFAED] 3.3.8 %
FE AR H. LRI SCIRZ —=2 [24].

EBX 331 % (V,®,a,1,0) & L¥0%, £ FiEBENEE T E T 2 8§ F
X,Y): XY 3Y®X, X,YeOb)
(Bp: HE T XY BR), BHEUTERR#H

(X, Y®Z)
XoY®RZ) — YR2)0X
/

(XeY)®Z Y®(ZeoX) (3.10)

c(X,Y)egid\) id®c(X,Z)

YoX)Z — YR (X®2)

|/
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(XQY,Z)
(X0Y)®Z — Z0 (X QY)
_— T
X®((Y®2Z) ZoX)oy (311)
id®c(Y% /C(X,Z)®id
X@(ZoY) — (X0 Z)aY
Fu
19X o) X®l Xol o(Xo1) 19X
\ / \ / (3.12)
Ax PX X Ax
X X

HE XY, Z RV PHEEXNE, R4 LB 2L 2 4R KA.

WEIRGEH ¢ B X AP JUBE AR X G, — R (3.10) A (3.11) FROANAITE
ar:i8

I8 3.3.2 XTI LR (X 3.2.1), ANARAE G

(X ®Y,Z) = (c(X, Z) ®idy)(idx ® c(Y, 2)),

o(X,Y ® 2) = (idy ® ¢(X, Z))(c(X,Y) ®idy)
X333 %V, Vo AL, LFET F V) — Vo BRENTRFNAFA# L
FET AEENEZ XY, THXR#%.

FX®FY — F(X®Y)
c2(FX,FY)J J/Fcl(X,Y)
FY ® FX — F(Y ® X)

EX 334 % (V,®,a,1,1,¢) A#EL L%, wBEFHYE oY, X) oc(X,Y) = idxey
SPTA X, Y foar, AR 4 FRA F5ERE.

#3.3.5 f 3.1.3 sl BUATULER £ 1 IEWERA B AN (SE 513 2.7.12).
AR, SCHeEh R _EARSERE R-Mod 1 5 SR R

«(M,N): M@N — N®M
R R

men+—n®m, meMmnecN.
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XL 2 WA X FRAY. 209 UL §6.5.
il 3.3.6 (Hp-Baxter 518) & V 42wk THW IR TEENL X,Y, Z

id®c c®id
/—>X®(Z®Y)*>(X®Z)®Y\

X®(Y®2) (ZeX)®Y
(XeY)®Z N Z®(X®Y)
c®id l N \\\\ l id®c
YoX)®Z NS Z® (Y ®X)
\ N M /

Y ® (X ®Z) . (ZeY)®X

4
\Y@(Z@X)H(Y@Z)@X/
id®c c®id

HPRGFAWILBELE AR, c REREAHHY K.
WERR R4y KIECH = Ze R B S AT A SRR IRIPDIIE A ¢ i B A
(€ &R O

IR 3.3.7 X1V RS LU IEIE, LR AR RN, Hae bk e

(e(Y, Z) @ idy) (idy ® ¢(X, Z)) (¢(X,Y) ®idy) =
(idy ® ¢(X,Y)) (c(X, Z) @ idy) (idx @ (Y, Z)).

Y R A KA R LR, T X =Y = Z i, ERERR TS
Fhi-Baxter i (" (UEBIRT). B PREA UE— 2 R

f3.3.8 DA MIREMI MM HEEE Braid. % n e Zsy, & X
Cp={THEcCR*:|c|=n},

WEVRZE {1, y0) € (R AHSIC} FE BRI R IR, B HRMA A 4
. SEBUE p={p1,...,pn} € Cn. EL n FLRIE T HESWS 2 [0,1] — O,
% 2(0) = x(1) = p . JELHFE, CARTIE] ¢ AN, W o LT R® oo ZBER
H L AMEE, I A(p1,0),---5 (pn, 0) EATE {(p1,1), .-, (P, 1)} WIHELEIIZR, 24
BT WRET o0 WDAMESEAEBN R @0, (iR AL p EFEAAE, WIFK 21 M 22 SR DA
TETHBE T RSN 2 n KB TINESILA B,
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BIRET A ALE R® i DR, AT B0 2 R B P L ~ R? |, i A
] RETE X 2L A RN AL, (@ 238l L T PRIEAE = 2 iR IRAR 3L A, FF BLICYi R
FEHT IS W 2 A (4,0), (6,1) € R?, Horp i =1, n. S TRAFZE 9
B BAEAL PSR A BRI SE mARTE AT B A L, TETET. %fﬁ n =3 WL R BI:

1 \» ﬁ
- 0 /
ESXAERE 2,y € By AW vy 4 =,y : [0,1] — C, BWE MR EEMHE, XTIk

e hish x FERS v B& I AR 1. AER X RaEr. B R w A
B o, y, W

T LRI R A, nWWESRN T =&EHL || [ WREEA, B, ERE TG
JRGE A A, FR Artin BB RS S HYE HIM, i&ijﬁml |, B

nr

VL HFEREL [0,1] = {p} C C. MW—AEF = WHTCIIER LM « - [0,1] — C,
WAT, SH YRR E P R? GO E E SR AR N AR E YT 2 E
B, = m(Ch,p); WG 2.1.9.

25E Bo AT FLEE. FRATRAAE §4.9 359 By B9—SEfRRMEN, KL SR &, 19
KA; #F B, £ (4.8) 4.

IUAER 1 A% £ 2% Braid: HATRAE Zxo, LR NXFR n,m [BHSHEE
T n=m WERN By, BWERNEE SHNEG RSB T a M. BiEEE X
men:=m+n, X € B, y € B, & 20y € Butrn ENWNEFHIE, EL
A Ny
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0 @y RE. IS Braid sk ™ L 758, H L2 0.

AL LZHPTR ¢ DMSEEZEEE. W T X =m, Y = n, FATA wem FIRXF
T X 1) m SR EANGSZL, T PA FORM . THET Y ) n REAELEN
&, E X (X,Y) € Brpn H

c(m,n) = )

KEREAL 1 568 e B — IR, TR 1w FORH m &% FTHE X 5 Y
SR U,V F455IM N FEE (740 V 5 \\ ) SRAEIAIE S A B AT (D

3.3.2), 4145 BB LA L
¥ Baxter R (HaE 3.3.7) AIEE A —H TS

S®

(] B, SRR H AR E MR AT

;TY - )Yizf BT C? @ - @ é@

X®YﬁY®X

T H # H 2 bWk Braid HARRFR; 5055 E (1, 1) AR TCS5 EERRERE By ~ Z
V24 2 UL

T ATk S e 3 FL X Braid Wil 7SS I & S e . RO, T DAGIE A
Braid T SHE & B B F OB 2, ASEIEE ORI, o) CLREHE I 4 K
WE LR [24, Corollary 2.6); #8022 F I “HiE7, Braid J542 “thd% 1 AR G i
ZORTERET, T EIHL, MLk R PR T DATE Braid op B BT X
3.3.1 T, WY RIS A R — TR, A 7 26 T4 Baxter AR
i P BV FE A L.



3.4 #xwmms

HSAALT A AN 72 5. X 7855 u s v] DA PR £
o B2 TEWHE I FRAE A,
o FRSLTUEWS i Hom-£EP5IK T BN HA .
B Al ELE, &z‘?‘s?ﬁﬂ‘ﬂ%“ﬁﬁ XA, TR GGE S W T 5 & FRAT7ER 2.1.5
M EFBIADIA], HoisER Hom L5 A RTINS, Wnag et siin b
23 [H) 4. %i?ﬁ%w@ﬂﬁﬁﬁm

Hom-4: Hom-%t4:

IR i AR AT AT T B X RIE? FAT0A20 At L Hom-XF 5 2 [AJAY A )5 H A Ay 4R
SFAGY, LML T EAERIES . KT IURIEMER gl W [25].

X341 RV AL Prif V-ZHLH%HR V-8 C, BFUT — A58

L Xt %% Ob(C);
2. HEWAN X,Y € Ob(C), % E A4 X £ Home(X,Y) € Ob(V);
3. EZA X,Y,Z € Ob(C), b iA
M : Home(Y, Z) @ Home(X,Y) — Home (X, Z),
(AR, AT 2% & o455 M P Home(---) B A Hom(---);
4. HEBH L X € Ob(C), B REFAAL

idx : 1 = Home (X, X);

FEANTERSEE X,Y,Z,W € Ob(C) ¥ 5.

(Hom(Z, W) @ Hom(Y, Z)) ® Hom(X,Y) =
M® idﬂom(X,yi Hom(Z, W) @ (Hom(Y, Z) ® Hom(X,Y))
Hom(Y, W) ® Hom(X,Y) lid%om(z'w) oM
J Hom(Z, W) © Hom(X, Z)
M

Hom (X, W) /
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Hom(Y,Y) ® Hom(X,Y) Hom(X,Y) ® Hom(X, X)
idy ® idgcom(x,y) idgtom(x,y) ® idx
M M

1® Hom(X,Y) — Hom(X,Y) Home(X,Y) ¢—— Hom(X,Y)®1

Gy WL BRI R TCARR E X 2.1 IR TR LRI R A BEE TR
V-JEWEZ R R 1. 33 B E Al AT, (BRI A R A I

EX342 wTFhEz V-iE#h C 1 Co, BF F 1 C1 — Co B4 £ % 1] By Bk 4
X — FX F Hom-xt Z A # A 4 Hom(X,Y) — Hom(FX,FY) %W, #48 U TEHX
SHEAENE XY, Z k.

Hom(Y,Z) @ Hom(X,Y) ——— Hom(X, Z)

| l

Hom(FY,FZ) @ Hom(FX,FY) —— Hom(FX,FZ)

Hom(X,X) ————  Hom(FX,FX)

\/

I8 3.4.3 455E V-WE C, RIDASE AN R I AR XFRAE(IEL Ob(C), Tfi

SHHRIUE
Hom(X,Y) := Homy (1, Hom(X,Y)).

A idy 1 — Hom(X, X) FHit2 Hom(X, X) FYTCER, SHWEHUE LH
Homy (1, Hom(Y, Z)) ® Homy (1, Hom(X,Y))
l@ I B 11
Homy, (1® 1, Hom(Y, Z) ® Hom(X,Y))

J)ﬂ 110151 $ifH
Homy (1, Hom(X, Z)) .

EX 344 FFG:C—C A V-EHEAMETF, B RTH (RHFAH)0:F -G £
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—HRAA 0x 11— Hom(FX,GX), ¥ X Bl Ob(Cy), EETEXNFA XY R#.

1® Hom(X,Y) 295 %tom(FY,GY) ® Hom(FX, FY)

| |

Hom(X,Y) Hom(FX,GY)

| |

Hom(X,Y)® 1 Gaos Hom(GX,GY) @ Hom(FX,GX).
E S FTPAX 2 GE W], 2R NTE— R V-JEmE T B RIE Hom-X R TR, HAE
B o\, B U E R i, k1 B AR S SRR AT X V- E STE
SEHRIAR G

f3.45 HV =Set, B I ®:= x {2 BN LHE0E (B 3.1.3), W V-{Ews L2
I SCAIFENG. 5 B AL U8R 29 %€ 2.1.4, (NI Set J& U-SEA U TEIg, 1M fEms &
5 U- 5%

f3.4.6 2, Bt V = CGHaus (fi] 2.1.5) J @ := x, MMM FEIEBEFRAEFRINE
B X T CGHaus Mgl 256l 2.1.5 i, 8254 [32, Chapter 5].

B3.47 V= Ab, ® JxcHel (R Z-8%) (5K AR 1= Z, 15801 Ab-JEmE AR
HTIESERE. HSTOH LG A E L Ab-JulE. i% T, Ab-JEIERYRFIE
wmF.

o Hom-4EHRa7TA SCHAE L.

o AT Hom(Y, Z) x Hom(X,Y) — Hom(X, Z) & Z-REPEBUS, B /2
flg+h)=fg+ fh, (g+h)f=gf+hf ERFNHRIEKERRMET, FEFHES
Hom(Y, Z)%Hom(X, Y) — Hom(X, Z) 5w Hom(Y, Z)xHom(X,Y) —
Hom(X, Z) Jj&—[m 5.

o JEITRE X, Al Ab-JEmE 2 [A] Y R 12 1E Hom-£4& [H] 45 H A [F) Z5AY G 1.

o R FIRAEHTCHIN S5 A T

JUBEFRRERATF S AT LA B AL A, TR IE PR AESR . R, W Ira xR X, Y,
1E Hom(X,Y) s RERETT 0, B S5EM AR SH G RGeS T Xe—
PARH WHITEE: 2RI, AR A B ZAAERE A-Mod #f 2 Ab-JuiE, X A6
T Ab A 5.

1E Ab (BT, i TR A M A B RIRUR

HOHlAb(Z,M) :> M

T LB T Hompp(1,-) = Hompp(Z,-) : Ab — Set [il#§ FEHIH T MOIEiC 3.4.3 T
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Zeiti T Ab-JEERIRCR JoA 2 Al Hom-4E LS.

AT Ab-JEEER 2w N 2, N E S 2 e n— R [Ble §2.7. &
I /MRS, WERHETERE A-Mod HPAFAELA T NSRRI [ e r M MIRBL D,c; Mi
(RIERECA). 5 T AR PIEE AR XA [T A1 D RRMAE SRR —H T, S
Xt Ab-JEWEIA R IS, FATT [ BESUR RS T ARRRE.

X 3.4.8 & C A Ab-Tum, X1, Xo AR PRL. N X1, Xo WRREFEX
P1 P2
X4 <L:> Z L<:> X5

’ff?gj‘— pit1 = id, Patlo = id, 11p1 + Laps = idZ~ &ﬂ]&iﬁ Z Elﬁ (L17L27p17p2) % X1 ;Hj
Xo AR, B Z = X1 © Xo.

TEE upr + Lope = idg WEB po, FHAEM t1, I pour = 0; FIBEATTE pro = 0.
Xﬂ@j\lﬁ@’]‘@iﬁﬁﬂ/‘/\ﬁﬁﬁgglfﬁ‘%% Z=X1® - ®Xy,, EBLFKMHE X1 <i<n

pi ,

0, i#J i=1

pitj = > upi =idg.

EI 349 % Xy, Xo & Ab-ii% C Fxt &, DT HT = %40
(i) B X1 x Xo FH;
(i) £ X1 U Xy FH&;
(i) X1 1 Xp B Z .
EE—Brs R, WK Z EF (prp2) ol Xo Fr Xo 98, T Z #F (u1,02) 28
HAR.

MWRPEG 1B 2.7.10, A RBURRBAT A Z I R A, Xt Re 7B A R EL AT
PASRE BRI AR BAMIAR A (2.

WERA R Xa, Xo R Z A7AE. T

pite =pi1 oidz o tg = pi(tip1 + tap2)te = (p1t1)pite + pita(pata)
= pit2 + pile,

W prie = 0. [T pouy = 0. RHARHSH X1 < W 25 Xo, B 6= wfi + tafs -
W — Z. EsaX S peo=fi (i=1,2). RZ, % ¢: W — Z R pid = fi, W

¢ = (t1p1 + L2p2)d = 1 f1 + 12 fo
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MEBE T 0. B (Z,p1, po) S BUHGIZHERT.
BB Xy € Z 1 Xy B R i = 1,2, X 0 Xy Z %

idy,, =7,
Vj: 1727 piti = i /
0, i#j

{UESAIE c1p1 + tope = idz BIWTUERH (Z, 11, 02, p1, p2) 2 XFL. FATH

p1(t1pr + top2) = p1 + 0 = py oidg,
p2(t1p1 + t2p2) = 0+ po = pa o idyz.

RIEFRZ R EA cip1 + tope = idg. JEESHEL SR A E. O
B 3.4.10 FHHEII AR o« X7 U Xo 5 Xq x Xo AJRABCHH

ide t=7,
pju = o
0, i F ]

ZmH PSS, Hd w0 X = Xa U X, ps X x Xo — X

I 3.4.11 & X 4 Ab-3t8 C Xt &. DT HREN.
(i) X 2#x%,
(ii) idx =0,
(iii) Ende(X) = {0},
(iv) X BRAXR.
B R M, R X RIEERA £, N X BEL (X 2.4.1), T 0 € Hom(X,-) £
FEX 243 FHELSS.

WA B X 2 C RYBRXTR, MEE Ende(X) (U —PIR, ERMER 0 =idx, #& (1)
= (il). HTXEAY M f € Hom(X,Y) #4 foidx = f, FIH Ab-fii i i n]
PAMEHS (i) = (iil) = (i), REEHERATA (iv) SHERESEN. O

ENX 3.4.12 (MMEHFSIMETBHE) H Ab-3EoE > 8 i B F (W2 X 3.4.2) 4 IniEERF.
# Ab-T5% C AEMZ 0, MAEE X, Y € Ob(C) AXNMA X @Y, WA C 4 ISeE.

JoRTZE A BLENE A-Mod J& I PETERGRY LA G T, WHEE 6.2.4. BT F : C1 — Cs
IR T4 HAS Home, (X,Y) — Home, (FX, FY) XHEA X, Y AR IR .

Rl 3.4.13 Ab-3 85 = [a] o o i B TR WA

WA & F 0 C — O RN T, MBOEL (01, 00, p1,p2) LT C BRI, MIBEE}
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(F(12), Fle2), F(p1), F(pa)) SR SEAUBU0 5 . JPR A AURLRE th 45 X011 4 35
TR L. -

Bl 3.4.14 AP EEARMG R RARREE, FEFHE 8 RFEAN.

UERR W TR AR O TR e B 3.4.9, — ST W45 [ 2.7.11 18 &2y
e O

3.5 omm—w

AT G BRI X G 2R M, S S 3R R HL RN A i ks X b B rh 4
JE B R A e — R STk, B AR IRRIEE Ry 13505, ik s LIk R A,
FIT G TUERIXSR, BreAE A AT ARl 0-35mE. T2 5] i — > B ARy ) fnfey
8 SCRIOEWE? AT 2 HWIETE, 52, AT TS R S fk 2 AR B 2 4
Fgsis, B 2- M.
2-umE I e e S A, BNl 3.5.3 F#EA Cat st —MrilEfl o 5 — 1 HEA
WBIF 2 B A E] (), FEE A RS (§3k), SWUZ mr e (2-E). ]
AL, WAL ICE A W AR — R DAN 28 U HUAR SR ™A% 2- 7.
EX 351 —A () 2-%% C B AT HA
o X Z, IR 0-Z 4 K #1 & & Ob(C) = Morg(C);
o 1-A 41 H B # &5 Mor, (C) = I_lX,YeMoro(C) Hom(X,Y);
<& 2'&%#@&@@%{5\ MOY?(C) = LIa,bGMorl(C) Hom(a7b)‘
IBWILAHAER X =Y, 28485 R0:a=b B CHAUNTILHEH.
(1) &MEXC HHFER LAHME— (1) .

() 245 A, BTHEA. BERH: 4 XY AREL, foh: X 5 Y K 1A
H.0:f =9 9:9=hh 2558 WERERK vob: f=h BTN

!
N R
X—F—Y &mrA X Hwoe Y.
N S NS

h
! r

(iil) BEERAR. A XY, Z A%, X Y, Y 27 AWM LA4, T
g ’

g
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O:f=gm:f =g K 2-58, WAMEK Yol f'f=gg ETA

f r Ff
SN T T N
X ﬂa Y ﬂw 7 A% X Hwoe 7.

9 g'g

(iv) Wi X ﬂe Y OWERARE 2-HE. RNERREKERTENE SR

po(pob) = (¢ V)ob, FEHRNBENNE X HMAMK LT (HFZMHELHE)
idx o :idx = idx, % Qoidx s =0, idx20¢ =1, RE LR EAE KA EX.

(v) FAEH, BER 2-MEMPIEKERTELE SR, FEAEN 184 f HAH LT
idy: f= f.

(vi) R« TTB BB AT A A 4 T

f £ '
SN TN S
X oy oz wern x 7 |ez
R R

! T

(vii) St 6 A2 JFL R L #eth: T &
X Y A
W W

(veo)s(ve0)=(v5v) s (v50)
Fid 3.5.2 X HWE B AEY T 2.2.11 kR, B TRATELR A A B 2
BRI AEHES Lot . KT 2-J0lE, A E NSRS, R B & 2 AR, B
TR AL S, SEiz iR AT G e Al T E B, R DT B X s B 45 40 T 31

2-uWs (G50 IR L u e Ay SR BUE B 3.2.2). XA Al BT IR A 2 B
WE AN FERAE. Rl ER, ST AT

#13.5.3 2-EwEi LT GI T2 Cat, RWseHms By SEREM TN, XA R
RN RS E EARAIRHYINME. TEHF AT A E —1> Grothendieck FH{ U, KLY

#111H
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2.1.4 KO 5/ BUER PAE L 2-75ws Cat 40k
o XMGRE -85 BT /IMEBEH S A,
o 1-754f: Hom(Cq,Co) ESCHM Co B Co HIBR T BT AR
o 2-754f: Hom(a, B) E N HARZ 01 o — B P UEE S
o 1-ZSHI G B JeR TG 2- 8B, BRP G A% H o B ARSI, B
=18
OB L TCHYE SR SRR, A2 Ui, 518 2.2.7 Hifk Cat /2 2-JumEr) A BE.

i Cat {1y 2-850), RAHGMATENGEY, W Cat 27 A H AR L 2p45H: Hrf
HE5E @ BOMTEREIAR x, X701 2 0CH— ST (RM261] 2.1.5). R x
W PABEAE G Cat rREgAR, 0 12 Cat iR 4, At AT R B 3.1.3 i—1
RN

¥ 3.5.4  PUAE W] DA FE LG WE RO AR VR B AR 2-U0E. B C A 2-umE. W AT B
% XY, EXYuwE VIX,Y) RS R -850 f 2 X = Y SN 2-3845)
0:f =g SHEHUAHRE -SHWIGEA H. PEGEBMIXTC idy : f= f MR
Btk V(X,Y) B32E. PAUNERIREA VX, Y) B2/NEw;. X1 Cat, MM IGE
W5 V(C1,Co) ToAER §2.3 i LR 5BE Fet(Ci,Ca).
iR 2-J5l; C M5

o X524 Ob(C);

o MER X, Y € Ob(C), faE — il V(X,Y);

o XMERE X,Y,Z € Ob(C), #5/E _JUK T

0: VY, Z) x V(X,Y) = V(X, Z);
o WHEE X € Ob(C), tREM T
Ux :1—V(X,X);

o RATERK R T o W HEIMEE A, T Ux XF o 12 L IChyH:.

Lhr b, BT 0 V(Y. Z) x V(X,Y) = V(X, Z) TEHMRZ W4 T 1S5 1 G0z
S FEHASH 2 AR T 2- SR A BGEE S, W] AR IE S [ B A 2 L T i S
2-JuWh U AR, EHOR T Ux 0 1 — V(X, X) %4 T4 Hom(X, X) Hifath—
ARG, XIER idx.

iz, 2-ums oA 2 i Cat- L iEms: X FEREX S X, Y € Ob(C), &A1
Hom-4 Hom(X,Y) S NHEWE Hom(X,Y) := V(X,Y), Ja# @& L Fums Cat it
S, W—R B L T SRR E X 3.4.1.

EX 355 2-uwhz AW 28 F5 -0 REH%E Cat- T LB Tk X (BFE
X 3.4.2, 3.4.4).



WEAYIREG P X E L Bl -1 7 E R -SEME S5 (it
i =0,1,2), HAEEX BRI SRIE / H AR, A S Z 05 e 5.

Y7 3.5.6 FRAIXF 2-JEMENT AL BE [ SR8 e (R 2-5m4 Cat) W5 AR —2si 2, Bl
§2.2 N

7
Ry

X Iy ﬂe 7 kW
N A

g

AR, D)8 SO 13859 hok & B “RIIF” R 2-MEJE idy, ide, FREEATRE A
[IHE, FEIC 2.6.6 R AR

3% 2-7EmE 1 Rl
v

SR 3.5.7 76 §2.6 FRISIHBIA (F,G,n,e) TR 2860015 5. &

f
X?Y

o 2-TEWE C PR 1SS, T 0 idx = gf il e: fg = idy 2 2-3851 ZEATHE
THiC 2.6.6 HR =M, WFK (f, g,m.¢) e fRREXT. B C = Cat witlal B FEXT 1y 22 8t
SESC AP BE R TRV 2P AT DA B 2-JuE I, BNt AR B 2.6.12 ik
e 2T AR

>

L3P ML AW AR X, Xogr, FAFOT SOBMIE IR - © 325, Bk T
AR, A - © (Xi @ Xig) -+ %626 IEIESMMAE 5 (3) F.
BRI A1) Catalan 4.

2. EWIRHER K05, End(1) XEASSIHAAEH:. RSB 3,15 A1 (f @ id)(id @
9)=f®g=(1d®g)(f®id).
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3. BIEEWAT R4 SRR T B BT s Onyg. M THREFE o, 7, 78 o UT L3E XMfE—
AT o Fl 7 3 o U BIRARRITH, MH o HicRE/NT 7 fIcER. i U K
T Ony BHRK L TERELEH, HZoud s gk

4. & b, A ME—R R c(o,7) o UT S 7 U o, IE (Ong, U, ¢) F xR & 2 5.

5. AHEGE EE AT SRR KER 2V ik EREESE, RO VeV LA R
4, HR 4 Baxter JyfEE AFE

(R®idy) (idv ® R) (R®idv) = (idv ® R) (R®idv) (idv ® R),

Hpg—0i#gE Ve VeV WEEEEME. & {eticr £ V IWE, ¥ R # R(ei ®e;) =
S Rijer ® e JETF, WA Lk iR AE

Vi, gk, Lm,n, Y RPIRVIRLY =Y RUTRUURY

P9,y Y,q,T

BIRIHFERG K. IRV 2 (Vect(k), ®,...) l—A LB TIE0E, HEHHLHM o, A
SHER V € Ob(V), M R := ¢(V, V) W[ {3#i45 Baxter HFAHME. 387 FERI— Lo 5T T A
RAEIME. MR T A 3.3.6 (OS5t TEIE RSN
BAERIHEBH g € K. X THMRLE k-F i ZS0 V = @, ke, iFH]

e; ® ej, t<J,
R(ei ® ;) = { ge; @ ey, i =7
ej@ei+(g—q ei®e;, i>]
4 - Baxter RN, FFHBE (R—q-idvev) (R+q ' -idver) =0. %4 ¢ = 1 BE
iBbR Vect(k) FARMEREEH v @ w = w ®v.
6. W (V,®,...) NLPERE. MR, DU GRHEA ™ X 2700, BG4S & 201 S SRS
BN XA Z(V) 5
o JLAIE (X, @), Hb X 1 V AT 5 (X © =) 5 (— ® X) 6 THRH, &1
BB TAERXE Y, Z, TE .

Pywz

XRY®Z YRZRX
‘Pym A:@@Z
YRX®Z

o M (X, @) B (Y, 0) WSSBCH AL T f € Homy(X,Y)
VZ € Ob(V), (idz® f)®z =Vz(f®idz) € Homy(X ® Z,ZRQY);

o HL(X,2)@(Y, ¥) Jy (X®Y, (2®id)(id®P)). X Z(V) ZATeH (1, (idx)xcobm))-

IR T h th L EERE. 1A Z(V) B B RMES W, . 5% Z(V) B8 VI
Drinfeld Hl», 3% /2 Z B H D) —FPTEBE (L.



97

\Y
[

7. WG] 3.4.7 b Ab-JERER A SAF £ 76 SRR — PR

8. RHAEMBE T A C < B, #5247 Witk (S/T) (BIZIXGIEAT (A, B, £)) Ri
W T P.Q. XA a: SP - TQ J SP(A,B, f) = = TQ(A, B, f). iE
W o B9 TR, i L

satrp

(S/T) —£— A

Q a/ JS
/

B———¢C

s 2-julE Cat ) 2-Hu .






B RBEA P IR EAR R 2 —. RFEW RN E R P2
L JEUM s, 38 L LR B A E S0, BRE A, B, B RBFSAS, X2
He B EA.
2. TEAR G EARMERT, BRI AT ), AAEA BRIEN Sylow = H, XTAREEAERE
H RS, XA BT, BRERET I AAREZ Ab.
AT KRB W A BT X FRES I EAR S, AR TR R, (A7
TPt J— S 4) S Bob st IR 1) B E AN (A0 B iR, SeAsE) 5T g sk A, X
W R e S R, BT HAE RIS, SRR 2 e R IR i B AR
VR —, P §4.9 ZXTILRTHIS A0 — MR SR, A7 IR BT Bt i 2 JE R B 1 5
—NEEGER, AR PR I AL AL, W, §6.7.
RUGARTEAEZ LT H 2R, AT S A S B AN, e
JUie BB, 2P ek e AR S H 2  YE WA IR, 25 0 53 AhHEH, D — VR 6T
Grothendieck FEHIZYE 2.1.4, BRI EEXTLERZE /N 1.

IR T

M §4.1 ] §4.4 NEETHAS IR, A5 R RBUT — M Z I HESL.
WS A A TR R BOR, RIMEEEERISE. §4.8 ThEm Al i
B M TERRME R BIRE, A E B i ZAE RS B, IRIERE R AR i 4521
B2, S bR s

UNHTTIE, XFRHE (§4.9) B —FAARIGEL L. WIRMERIL (§4.10) 3
Lo — 8 AR MR, X LAS AR ToT5 Galois BB AW sk, B e Mt
— TR AL FRTE.
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AREERBUR L —FE T AR IE 2 1 A BEF AR, X2 LA EDL S e 52T (1
DLt B nIE+ T AR IE AT A AR ), 2 60 B, e RIS
As WFEHF I SRS, 7RG NAEIA w kb, BUEEE 2 PR R EH
A [17, Chapter 8].

4.1 @ s:msy

AT {4 Bourbaki [3] & CRAEEM B RS, BB RN IFA ZTBE LA K.
Easks S EM ItBR MG S xS = S, —BHIEIE T E N (2,y) = 2y,
WRMRE TN vy; "I APAE S ERYIERNSRIE. ROZEAE T AMRREIE AN 2(yz),
(wz)(yz) SFAFEMRIRX, - SHEWFRICEARNCRNF. WAZERAE, RATLH
KA (S, ) P IR, LA S M. Bourbaki JyiX MR AR I A S5 T4~k
PI47, eff “a3K” (JA3C: le magma).

BT (S,) —Ly .

o 1 S FRESCHI —Itis S « fift zxy =y - o, FHEIEEEH (S, %) icfE S°P, Bx
NS WIAHIEEH.

o HMPTA z,y € S HAEX vy = yz, MFK S WREZIRE, SFF S RAHN); X
ST S = 5P,

o FMITH x,y,2 € S #WAHEX (vy)z = 2(yz), WK S WLESE

o Bue S, HMMIM S 2 S MATRMU © — uz JEBGF WFK w #2207 50
HRFEWSS v — ou G WFK u PEATHEE

o 7 A, By S HITAE, EX
AB:={ab:a€ A, be B} C S,

# AW B EMEE (o}, W AB #HNVHEAE B ol Ax; fELS G HIEE N iEn]
PATCI; X HisE T4 ABC, ABCD,......

o A S MTHE AW AAC A, WFR A IFFEEH.
o JLE 1€ S AL TEl AT, tisk

VeeS, z-1=1-z=ux.
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EREE SWATLESM—1 5 L1 €S HNZIL, M1=1-1=1" s S K
Z It SO L TT. PR L ITieh e.

o BIAFAEATIC 1. XTICHK @ € S, BHIFAE y € S flif ya = 1, WFK @ Zn] 3000 y
e r D RSO vy = 1, WA OGS A 0 RA AT oo E L. A2
A TR AT, Zo0 1 AR

B 411 (EBELER) v - tEEWEsE S EHREOE, WK bR
THELZTLH BN KB & M RLHH MTHR M C M KR (1) M 3t REH
W, (i) 1€ M/, W M’ M #F 448

ST RE S, AR TEEICE o1, ..., 00 € S WITETRF o1 (22(---2,) -+ ) 7]
PATCEE LM BAE @1 - - -, HARBE S LAHIE S TCK. Y S e, s H
5z, z, BYBFICH.

AT M 2 L4 ZubHmie Of) aldiciiele () HEf. Hee M 7]
W, 0 @ WA S A W IR AR, IC o7t IR A @ A0 y AT
Y, Wy = (ya)y = y(xy') =y, ML —IF A, AdiiME—MERISEC Brg o
PR T4EI0h M, Exd ek E ], schn b

Va,y e M*, (zy)~' =y ta"

X A12(B) Frans: &y 2 ¥ BRAB # G WER |G A CHm.

R LR M PRI F48 M R M O[REM S— A8, PO MR SRR
HRPESEHT KT e B IHE, W PAE XA B THRBMIE, 534 XFK Abel
B MR E AR A B HEE, HITHAS G — GP.

XF nelso fil xe M, ®Zfl151 eSS

r =r---I.
| AN |
n i

Fepid, «° =1, F HXPAIeA (271" = (@)~ JEE AT RATCE Tk o~

95 4.1.3 X T AcH LR, BBUR I ITER - BEUNE +, LI 1 B0,
TOR o W E W —z; (B3 G UhE  RRIT S LB 75 SR

414 AESBUE Roo XTIMEM R L B8, 11T Roo MUBCERE. B4, 2500 RY
AL RN AE C X A B R, 1 O RN SR int(C) 27 AR 2 0 G A
P At 2 R AR R L2 C N Z¢ ERE int(C) N 24 BAT— Oy B
W AR T ZMEATE 7 RE RIS i S5 R o WO, 55— D T ST — 28R 07 S B T
FRALATNFR . X A2 X R G FUAR Y ) S 2 2
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{5 4.1.5 (—RRERIERY) 5 0 x 0 SHEMEMBRNES M, (R), 3E L GL(n,R) HH
R AT RER B T R M, (R) SRR I L S0, M L0 AR, (2
EARHE (B FHFEATTE). 2RI GL(n, R) X FEARR WA CRE, BB Mo (R) [
FAAHE. XESEITE n > 1 ARSI

b, MR FARIRAEE X M (F) Al GL(n, F), JE&EMN F LR —#
ERMERY, oA REAEIIBR FR A AR, KRB/ Q, R, C 2, SR p /Y
FRAR Z/pL, FEWE S 5.2.3.

f 4.1.6 (ITRBE) MAERAES X BB B S AU R, o X B3R
B Ox = Aut(X). HAm s @MU a M (f.9) — fog, ZICREFBS
idx « X = X, M@CTEARIRI. 24 X ={1,...,n} (n € Zx1) BHEILH &, N
n WX PRI ECE . HEE [6,] = nl.

— AR R R RS Th A PIR F 2] 1, B AT

X 417 (FHMEMTFE) 4G A% TE HCGHKEA GHTFE Wi ()H £
Fo¥E (i) fEEcecH HateH BETH HXNHA v€G #HE «H = Hz,
N H & G WIEMTFE, B H<G. F# {1} <G HF G WELTFE.

EMTHNEXTARE RN Ve € G, xHz ' = H. 1T oHx ! = H %4 T
rHz™' ¢ H H 2 'Hz C H, BiEIERPERH UG4S « IEH eHa™! € H Bv]. #%
FIRZEM R EEMNEZ Galois.

EX 4.1.8 (A8) £7 G FTEAR {1}.G 2 EMTE, Wik G 4 8E.

HEHE A (0 > 5) SR s P R I — IR ARSI A BB, RT3 4.9.7 1TRI8. AR
FEERIM B SCF SR B0 A R ry R B M Holder 7E 1892 4EHE H 432 1),
B F| Aschbacher 1 Smith £ 2004 454 %M 4 Gorenstein £ A RIERH, FEt FLE 424
AH R SCRR R 2, BV SERE I b ) 9 o SR A5 R T A D I, G 4B B &1 [47].

FRER A TR, B FREMACHORIERM. ) EC G BEE T4 MU E N
FBNTREPR i B ERRTRE, 08 (B). HiRTR2mh B itk ik, Wik K
Bs B AR BIMT A T R, — M EER T A SRR

(E):= (] H

HCG: T
HDOE

FIRE, 1B ARER TREE LN Npenao N. % B RHUSSE {2} B, S0
(x) == ({z}) = {=" : n € Z}.

M EE G5 2 eG,id ord(z) == | (z) |, R = IFY.
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X419 (BHFE) 25 G PHEAETE o £ G = (o), Wk G AEF#H. #T 2,
TR H DR LRI E. SFH 4.2.10.

) 4.1.10 B4k Z B B 1 e Z A NEEER. irg Tt H C G #E
MH=nZ={meZ:n|m)y: % H+{0} W n K HNZso M NTET.

EX 4111 (BEEE) & H 47 G 8. 23

o A%k G ¥ Wim oH fyT%, 2KAEREM KN EETE G/H;

o HIE&E: G ¥ Wim Hr thT5%, KA REM R ELTVIE H\G;

o WiE%: W K A 5—T#, W G ¥ Wi HeK .= {hek :he Hke K} 7%

A G (H K) R [EE, RN [EEH R EEITE H\G/K.
RERWTERAZREN—PRET. £ HIGNE, ARELF. HTRENLAE
ZHRBMEEHA, UTABEFYA. EX HE G FHEK
(G:H):=|G/H|.

W&z E G/H ReAR, AR (G: H) HEH

e, AR S ARG, Al H 5% K S {1} B2, B PATR 25 3RS
I 4.1.12 & H K 4% G T2, N
(i) ¥ TEEXRESE HoeK, HyK, =Y HX Y4 HeK = HyK;
(i) G EfERRH G =], HeK, £F &N H\G/K # i E MK EEHRE —R XK
I .
WERA % HaK N HyK # @. # hak = Wyk!, W = = h='A'yk’'k~ € HyK, Ml

HzK C HHyKK = HyK; fxFcEes HyK C HaK, PEMS. BTEE g€ G
BT HoK, Wiy Jose it 2 B aam. O

A © € G, i h — xh HHEAENG H — oH, 302 B R I
SEAE A B, ARG XU H — He.
4113 % H 4% G 8y F#, I
(i) |Gl =(G: H)|H|, 54, % G ARE |H| L% |G| (%A Lagrange 3% );
(i) # K 2 H#WF#, I (G:K)=(G:H)H : K).
X B SRk R E B R
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UERR BEARSHR

H=| |yK,
y
G= |_|a:H = |_|3:yK
T T,y
ATHAPAIER] (i), BT (G2 1) = |G|, (H : 1) = [H], Jt K = {1} BIf5 (i). 0

EX 4.1.14 (A, DL FSIEREF) % G 47

(i) G WHRILEX A Zg:={2€G:Vz € G, 1z =zx};

(i) R ECG AEETE, EXHBPLOUFH Zg(E) ={2€G:Vx € E, zz = zz};
(iif) &L, X EEMUFH No(E) :={ne€G:nEn~! = E}.
Y ERMAE {2} B, EAEE Za(x) fr No(w).

S0 Za(E) Ml No(E) #2 THE, M H Za(E) < N(E), Hig 5 B ARHTH
(BY HK # H 2T H<Ng(H). BUE =G A

ZG(G) = ZG <G = Ng(G)

#i84.1.15 # N H C G I8 MH HC Ng(N), Wl HN = NH 2 G 7R
H N < HN. i3 HATHE.

4.2 msmEe

] S RSO PRES A L. X —Ciz B IEZS 5 S, S, HZS 00 51— S,
BRI S TR R otz Bl: Yo,y € S1, p(zy) = p(x)p(y). HEHESR E L
BRI, BRI L REA TS T 500 DL TR S A, RS AT K [ A A0 (R e 5 A
ZJC.

EX 4.2.1 (RIESEN) % My, My h 2 8. B it o My — My 4 2 T R MR
(i) Va,y € M, p(zy) = o()p(y);
(i) (1) = 1.
M8 M2 5HEAASHABRZS, wEEWS idy - M - M. FAHER
HEA. BUEE 1 B FAAKREZRLRS.

FRERS ¥ My — My F473 op = idu,, Yo = idag,, WA @ THT ¢ £ ¢
W A FAHERNM, BK ¢ My 5 My, W R My 5 My Rt W8
WeE B 4 o F A AR BRI,
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M My B My BRI SR A S IE Hom(My, My). FikMEEUE BARAY:
o @ My — My FURCAFAENIME—, 04 ¢ %
o o ALY HALY o ZRUG.
o o WA AW MY — M. FHSEE Vo e MY, o(z)~t = p(a™t).
o WER LR M, BRIra A [FSX B G o M B— L 28 End(M) =
Hom(M, M), Ja# W HAHE Aut(M) 2 M B RS, 514 5 SCH B R
AT 2R L 208 T RPN, B2 Z BRI, B2 A [ SR A B
B, R SCRERIR, B B A SEARE. MRS e SCEERF R TR A Qi R ik, XF
TALPRERAEA 24 7 68, FRATLASSREAS I i56 B i

T8 4.2.2 % G, Go HBE. B4 ¢©:G1 — G ABRAAYANLYNA 2,y € Gr &
H p(ry) = p()p(y).

IEBA CHEE 4T L X e(D)e(l) = o(1-1) = (1) BAAFDL (1)~ BTG
(1) =1 O

A M B R SNE UL, BN R B RIS R REA: & G I X T 2 e G, E
SCA R

Ad,:G— G
g— %g:=xgx L

Ad: G — Aut(G)

r+— Ad, .

EX 423 % ¢: G — Gy ABFAA. CHEIRME im(p) = {p(z) 1z € G1}, T H#&
ker(p) = ¢~ (1).

WE LS ZIEE] im() B G BITRE, T ker(p) B Gi WITERUTRE 26010, Bergrh
L Za TTHIRRE ker [Ad : G — Aut(G)).

5] T kB PSRN 1 S WA, T ~ 2 S FISH % E, MY
SENFR TTISE S/ ~. WHTTE € S MAEMIETN (2] BEEFF 0 —H 5
B AR S/ ~ 45K S BRI N B RS IR S W T ITE R,
TR SURAL I > (o] (R4S 0BE, a2, Bk

[2] - [yl =[x y], zyeS
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FE S/ ~ R, AKX ME— IR T S/ ~ B ot M s R RAET %
B UUEAEM 2 T, X HL AU b 2% 1

(x~2YAN(y~y) = ay~2'y, x2,yy €S8 (4.1)

RXBE NG S/ ~ FRERIERM. 45 S 2 (SUZRHE, ), W S/ ~ JR8K;
TEGPIRMEILT, S/ ~ 402 (1), JERIWH (2] = [o7'] 4. AT BB L LR
M s, X M ERRE (A1) SRR ~, B o - (o] ZHHFES M — M/ ~.
T LR M/~ 0T PR

B A424 HTHEERAS ¢ M > M 87 (2 ~y) = o) =ply) &, FEE
BRI ¢: (M) ~) — M 7T EHR R

M —2 s M

(e

M/~

I @ Bl o MBS, BB ¢ 5 M > M/ ~ MERET ¢, H5F
§2.1 it

MR ME—IHGASE o([2]) = ¢(@), bz € M. D

WEA25 F o M~ M AHERS EXM IWERXZE o~y = @) =
(P(y), ﬁ]\ﬂ ~ /P‘%/E'i (41), ﬁﬁ_ﬁ_“%‘.ﬁi]ﬁ]& @ . (M/ N) — M’ %@7@

WERR ZRf (4.1) —EEWTAL. AN ~ i SR ¢ 2 XU, BRI O

YT G BIETE, WELME (4.1) SN X RAEERENRE: € X N :={z ¢
G:1~z}, N

(x ~y) = (x_ly EN). (4.2)

WL KRR ~ e T8 N iE. R, A& THE N, TERRIE (4.2) %)
RAEAYHAY N AE 1 XS BOS MRS M, IR N 2 74 EWE (4.1) 2 HAL
M N IR FATARUN (M2 X 4.1.11)

G/ ~-— G/N

[] — N = Nz.

ROMARERE T LA IR E L
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EX 426 (B8 % G A N HAHENTH ARERA G/N EEXZTEHL
zN -yN =zyN, =xz,y €.

XHEE G/N ME— B, A G N SR, B4t 1N Wl (aN)! =
TTIN 4l BRAA

m:G— G/N

z+—> N

HEIFES 7 G — G/N BJRW, M H. ker(r) = N. BUZE T AR R A LA 5
AL

BREA.2.7 % ¢: G — Gy ZHEAS, W o BEHAY ¢: G/ ker(p) S im(p), Bk
fE% g-ker(p) A ¢(g).

MEBA N i 4.2.5. O
Bl 4.2.8 % ¢: G — Gy REZ MBS, WA KA
{F#H, C Gy} «+— 1 {F#H, Cc Gy : H D ker(p)}
U U

{EMFBEH, <G} < {EMTFAHH, <Gy : Hi D ker(p)}

Hy ¢ 1 (Hs)

©(H1) P Hy.

WA R Hy C Hy <= ¢ L(Hy) C o~ Y(HY). Ti B RAM G — Gy — Ga/H,
FHe W EM G/ (Hy) = Go/Ha.

Lo BEHGS G — G/N B, Wis e 5 iR G/H S (G/N)/(H/N),
H NCH,N,H«G.

IEBR B TR Hy D ker(p) Zi Hy = ¢ (@(Hy)), 10 ¢ WA Ha = o(¢ ' (Hs)),
IS 2 B U AR o, ot BMRERO S LR, T IE AR X 2 R
©(gH19™") = p(g)e(H1)p(g) ™" T @ i, TR

Vg € Gi, gH1g™' = Hi <= Vg€ G2, go(H1)§~ " = ¢(H).
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BIG, Ff Gi/ /o (Hy) S Go/Hy Y5 Mt 4.2.7. O

R 4.29 % HN £ G W F#W HC Ng(N), Il NNH<H, MTAARRAL
H<s HN — HN/N %2 FA

0: H/NNH— HN/N
R

KT THE HN WAL 4.1.15. 24 ERMIEBCZ N <G, GPRNE 0, DA
HN & G Riw].

WEBA M Ne(N) 5@ Xorfs NN H < H. ¥R 7 HN — HN/N [Rifil% H |,
BREMEH n(H) = n(HN) = HN/N, %W HNker(r) = N N H. FrPAfE 4.2.7
A FRR H/N O H S HN/N, IR BFE R 0. O

5l 4.2.10 (EIFEEBVEEMY) 2 80 2, ST BB REEONE. XT n € Z, Wil Z/nZ
SEEAEE, AT HCABEER 1+ nZ. | g5 R T
(1) AEATIEAREE R THA Z/nZ: 5 G = (x), WHAMBFES Z — (z) B 1 o, 1)
PEp 4.1.10 HAZLH nZ BB WGl 4.2.7 /1% (v) ~ Z/nZ; L, 3
ord(x) A FRMEET |n].
(ii) # Z/nZ W) FREESEAN mZ/nZ, Fo m | n: X268 4.2.8 T Z — Z/nZ 1
ZER N mZ D nZ 4 HALY m | n.
(iii) #& m | n. W 2 — ma BIRGFHFENE Z/ 2 5 mZ/nZ, # mZ/nZ 2 = By
TEIRHE.
AIAEREK o =b mod n YHITCARRFEEE o +nZ Fl b+ nZ {E Z/nZ A%

HEA211 L o G BHAR, I 20 = 1; % G AR 216 = 1.

SEBR  (UHERRER T8 (x) ~ Z/ord(2)Z HERE. 2 G A7FRIS G 4.1.13 40 ord(z)
R |G. O

TGS 4 AR 3 ST IR — P R AR A
EX-EH 4.212 & M A4 4#, Znad ik fEmE (vy) —» oty EXHE

K(M) ::MXM/(x,y)~(:r/,y’) — TzeM, x+y +z2=2"4y+z,

& (z,y) WEN LA [2,y], 3 E K(M) LEXZTEF [z,y)+[2',y] = [z+2", y+y/],
W (K (M), +) AR e, o [2,0] BHEAS M — K(M), FEADTZMT: SHE
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BREH (A +) FMLXBHAS [ Mo A FEE—0 ) K(M) - A ETER#H#

M —— K(M)

N
A

#HK(M) % M %4 # Grothendieck .

IEBR A G EIE ~ MR, T H K (M) Wik RE; & hr 2 b gl
P MR IIREAR LA AL AR, Bk (K (M), +) N« — [z, 0] AR 52
BT JTFK [w,y] WIRESICICARZ —[z,y] = [y, 2] Z¥EHP @ k2
P([z,y]) = [z, 0] = [y, 0]) = f(=z) — fly), L2RER. O

B [, y) TTNRAER o — y. % M BCY Zo B, WAL IE MM 7 (20T,
2 TDAE— 5 X Z TR BV R (L [59, 4585, §3)); T sl Ly
WG, HOERFFEHEL 8. Grothendieck HER £/ T VR A (L HCHIE R Hy
B, IR
2 4213 SRR (£ X 2.1.1) WA, X

o Mon: LAFFH 4 4443 G 50006

o Grp: BABTATREN AL T

o Ab: DA ACHERE (Abel ) 4 g,
SRR SRR, BAH Ab C Grp < Mon, il € FRHIHRFHN4T
SR (3L 2.1.2). FERELIK, SRR IR ST MG, AR A e, W
BCRRASATHEA TEFF SN, 55— Grothendieck 27 U, FFIBEHTE R0Z: M2
S SAE USE 1RO, Wk Mon S0 U-fWs. HEILE XL 213 BILRRIHE.

DAR LA T3 /NI, 7 006 A S5 FG 75 B BLFR— SRR BRI 7. fr CMon

S W 2 KT TS, MGE X e 42,12 W LA K KRB ¢ 0 M = N
ARMIES ¢ 0 K(M) = K(N) (GEZHRHPR f: M 5 N - K(N), i F
K - GMon — Ab MR T (X 2.2.1). 53—y, Al UL e e 4 e, ks
KA T U+ Ab — CMon; 52 XL 4 4.2.12 2 HE IR DARCS AU

Homap (K (M), A) = Homgpon (M, U(A))
Wi [ = [M = K(M) - A,

MAEEERR T (B 2.6.1, WBH il 2.6.9) FLRCE, XUHTCARZ (K,U) HHEEE
Xt SR ORI BN, Z PR E T K (M) W] M — K(M).
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4.3 =B EEASHK

TeVR AL B S R R A RS il EARA . FRAT TN Z BRI A T

EX 4.3.1 (KAFB¥RER) % [ A% S, (M)ier H—HR0 T AIATH 243 EE S
# AR [Licr Mi XA T W 2 FE 5
o ¥ Tlier Mi A TLRKRAE (2)icr, WZTREFE (2i)icr(Wi)ier = (Tiyi)ier % H;
O ZTLH (1)i€I§
o F (@i)icr FEN x; B, W (xi)i_elj = (xi_l)iel-
wO T a AN M #GRE, W []ep M R4k BRI (Mi)ier WERR. &N jel

pj: HMz — Mj
i€l

(xi)iel'—>$j-
AR 28 My,... M, HEBPLE/E My x - x M,.
SI3B43.2 HAEMKES. B ILe, M HETEMFR: XEELEH M K—kRA
oi M — M;, FHEHE— o: M - M FH5Hk

M/

a% x

Hie[ M; p; > M;

e G ERR (B Vel oj =pjop).
IEBR  ME—HE SR Ve e MY, o(x) = (gi(x))ier- DI ¢ 2R O

LA E RS R — PRI A 1, T 513 4.3.2 45 TAHN Z M. FERE
WHITFTE, FER I w St A R .
EX 433 (BMFEEM) % H N 47, #5EFRA a: H— Aut(N). H & ¥ AR
N xo H KT 2 XH# (T o 2% E):
o fEh%ES, NxH BERRE N x H;
o ZTIEH R (n,h)(n', W) = (na(h)(n'),hh), £ n,n' € N, h,h' € H.

BATEREE] N H R aH, LITR (1L1) T (k)7 = (a(h)(nY),h7Y),
E RO R AT AT R R ITTI 19, R At — ST AR,
1 BB b (LA) Flnoes (n,1) 04 H RN E004 N x H (TR M
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TEERE XA N < (N x H). 75 N x H %4 7T LIz egr, g
N<-- .

2. R E B TCEE T AT AE: (a) H NI, (b) N IR, (c) H
5 N ZRRE. TEAT, RITEREHERSHRIE (n,h) = n-h HERHE
. MR R AT b - n BICRABARETY. A N R EM TR
SRR EIRAE N 0 H W% 8

hn = (hnh™") h = Adp(n) h. (4.3)
EN

TR RLLIALE R A H > h > Adp |y € Aut(N), I ERE R o
3. M o BFJUFEIZSK, N x H=N x H.
DA BB AR — 5 8 O A 2 AR,

5I1324.3.4 X G 4%, HN AHFHME HC No(N). X a: H— Aut(N) %
a(h) = Adp |n, N B4

uw:NxH—G

(n,h) — nh

REREZ; p REAMSENY NH=G, NNH = {1}. ZH&N0HK G £F# N, H #
FHAR.

Rk NNH={1} A N C Ng(H), l| nh=hn xt{Fff ne€ N, h € H 18 & r; #
FZWhH a=1

IR X F p RFEZSWEIEN S B2 miihe, FRl (4.3). &4 NH = G #ift G
BATCEERREEE nh BB, MM NN H = {1} $0RSEME—, [FFEd SEnihie al
FNBCI o 2 [ R & B .

BT IR, U]
nhn 'h™' e nHn 'HN NANh ™

HIEMAE FRIZRPERIA ST H N N = {1} O

B4.35 & neZso BUEHEE H := Z/2Z, N := Z/nZ, L _ICEHSENE +. 4
TN H PP ILT, & X o H — Aut(N) #15 o(r) : 2 — —z, 521 N x H 2
ZEKEE Doy, JUT EF, Do HHEETIR_LIE n BRI NIARIZ Sh AT, X FERAE
b SR 18 B Z2 IR E L (BUAARFRIE ), 20 UERE A S . T i s &
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THEN = Z/nZ JBERFFIE n BBEIER (k+nZ iR 28), #F n TR
e A REER R BT, BN 7 IO KPR . i e i E k.

ik G=NH ~N x H BFCHNEERME 5 NH it G 3 SHRIESH
i, i N > H nE 2 MANBHE ). B2 — AP, AsifEX . XFEM, &
13k m] LAZY i 22 AE TR

Sl 4.3.6 & Gi,....G, 4B G ¥y, B&
o MENIBH GG,
o XA WA G (G- Gi-Gy) = {1}, £ 7 KT R,
W Gy, Gy W RE A REARH (i # 5), B G- Gy & G HEHATE, WA

(gla"'agn)'—>gl"'9n-
L G=Gr--Go B, R 1,6 = G 1k G RERLS .

VERR ek ac i A 0o = 2 IR C S/ S TR 4.3.4; AN AT HE H HE R T
L<iyp <o < <, R Gy -+ Gy, U000 G IERLTHE. X n 513 4.3.4 18593
WU 2] — . J

EX 437 (ERY) HE—FARA

fo o fi bk
S G Gy T Gy

KEZARBZLR. LA« #AH
im(f;) = ker(fit1),

MANFES. FMNEFE {1} EEHF L, RAMBEEEIEH 0. WA, X TEER
Ap: GG, 3 G—-G -1 EAYHANY o ZHM, 711 -G — G E4%HNX
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Lo REH, MANEHEAF
1= ker(p) = G Rt im(p) = 1

Hb ker(p) = G & HAMEEBA.

IEAEFEMA T E R (W §2.1) ¥, HbHERERET A 2% 4awE.
TEAn
1-N—=>G i H—1

HOMSE P71 FWS) 2 a S R H A BT UR B S

1 N G-+ H 1
[ .
1 N G —— H 1

P
HEATH ZBEY 5K, WK o 8P KWEN. AERUELR o S8R, XT84 Er
H N, B 5KAE S M2 ST 195282 AEs A oA Bl 21 1 [ .
MFREPH 1 > N =G> H— 1, [z s: H— G &ML ps = idy, WHKGE
PR —ASYEL. ph T K R S TR AR, A

L G =N xo H HFEB, WA R K

1 N G5 H 1
lks/

Hrp: G — H BEFEFRLS (n,h) = h 1l s: H— G 2EERZ s(h) = (1,h).

2. RZ, HREMEMBEY K EILAR s, L o H — Aut(N) RHERE A R
a(h) = Ad(s(h)| v, WA SKE S

11— N — Nx,H—H — 1

|#

1 N G H 1

Hr o(n, h) :=ns(h). EERIUE ¢ #5528 XS
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4.4 seemuitsnEE

TEVE M SE B . FH A2 7 SR A R, SR B RFCE AR ARt EAE R AR A5 L Ve I B
i, W25 ZERAPRENE I SR DI I A T B, AR — > H B2 3R
B AR

X 441 (KFBHEM) X A %A, M A2 ¥#H M E X EHEREXH—
S

a:MxX =X,

FRA VR R WA, € AL RN R

(i) XFTH 9,9’ € M fz € X, A a(g',alg, ) = alg'g, z) (%2148),

(i) XA z€ X, H a(l,z) = x.
WH M ERWEERA M-&. XA m,x BF alm,z) =z B FEFLIER.
M-SR psst [ X =Y EHR

fla(m,z)) = a(m, f(z)), meMuxzeX

WAh M-BEoS. EETBS My =2 My R fg = idag, of = idu,, W
Fuo AT HF. TR X M-S 8 A A
HIBA42 i, AE M, R MRS 8 M-Set. 5B Kk
BLR M-S X b, isRRE M, X RSN Fih U, BEE X 2.1.3 S
i

S M-S AT VI 22, TE4E alm,2) SR m - o s ma. (IR
PRI RIS I

m/(mx) = (m'm)x,
1-z=ux,

f(mz) =mf(x),

Hepmm' € Mo € X Xl KMAERARCD M B2, A M 723k 30R
2 FMTFEFERTPAE S M OATER (z,m) > am. BiRE LRI PAZZR S, BN
(am)m’ = z(mm’) . —FFAGRIITIENGER X EE: M A E TR MoP 1)
ZeAE . AR ZEAE B BRIA AT AU B AR, AN FEGA.

Bl4.4.3 IHMEBES X, MREE Sx BERHAEAT X L a: (0,2) = o(x). 2L,
%onoxon FFEFTRZERE M (R) fERT R™ B R™ JUFN nox 1 B e Ak, AR
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(A,2) = Av ToARRAHETRE.
flaa4 38 C ZfE T X, T Y RIEEES W G {f B X - Y}k
1 ERIZENE alg, f) = [0~ flo™'0)]s # G HIERIT X, MUHIBLH9 22 R I ION
[ > f(ag)]. WSHBIEA

4.5 DLFIFIEWBE b4, Bl 7.24]. % n > 1, 2500 Coo(R™) Hid [ i K25 1A
S(R™) (BF [53, il 3.2.7)) #£ L=(R") HH . & XL EHF (R0, +) 7E Coo(R")

FRER AR
o) — {Gt cu, >0,
u, t=20,

Horbr« 2B RN G, 52 R™ _ERGI R s L
Ge(x) == (47715)7%67“1%/“, x € R™.

RIS ST R, o(t, ) = a(t, u) WRAEIE 37 = Av, 0(0,-) = u(-), FIL a
W ZE H ZEREE . R AT PARICA T (X)) B T DR A 7 1
BEAE I TCIR B (R, +).

EX 446 HLEBMEAT X ZX
o AhEE XM ={rc X :VYme M, mz=z};
o MF rxeX, il Mo :={mx:me M}, ETERAZHE N REKT, 4 M
7 X W M-T%;
o AL, HBRBEWKFEA M BF 28 Staby(z) :={m € M : mz = z}.
B HE R 2 BEEM. ST G, FERMEAR 2B G/H W5 a3,

HARMWS (9, xH) — gaH g3, DU R IRERATANALRE— B G-I i 4R
A TCREIH . AR TR B ) A A

BIIE4.47 & GHEAT X, N
(i) FHEL B X =], Go, HF RN FN M RELELREKT 7
(ii) D 2 e X, B4
G/ Stabg(z) — Gz
g - Stabg(x) — gx

£ G- 1M A
(i) 454, RINERHHER (2F (12)

|X| = Z (G : Stabg(x));

xT
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(iv) ¥frEceX fgeG, &
Stabg (g9x) = g Stabg(z)g™".

ERR H IR AW HE Ge, Gy H2%Z, W Go = Gy. WK, # gz = ¢'y, W o =
g7 gy € Gy, Wt Gz C Gy; BXtFrESH Go = Gy. i Vo, v =12 € Go I 5HE
. RTBLYT G/ Stabg(v) — Gz BB & 2 RUE W& LW EBEL. BLaPuE R
i A e — AT 48 g SURE.

el WA RR “z,y JBR—#E” A4 X FRSMHXR. VR ES R HES
FHEN G\X; XFFAVER, Bubzsh A %sich X/G. BESAE GAE X EER
ML TAERS G — Sy, BBt g N [ — gzl

EX 448 % G HE, X h G-E, &N G E X LHEAR

o ML, WRAMEH G- Sx ZEAH, EMHLT N,yex Stabg(z) = {1}

o HEMEHEN, WRNAEE v € X #H Stabg(x) = {1};

o fE#H, WE X XA MHE, THYTER X 5, $ARHE v,y X ¥
HEgeG R/ gr=y;

o W), EXENL<m<n, #GE {(21,...,2m) € X" : HF T} LW
Ftei, WA G X FWERA n-Fa .
ity G-& X H G-FHZE, 8wt G-FER KA G-EFHEERIETF.

TERGIBE 4.4.7 IHEE, BRERZEIN) G/H (RSO 95R T B 5 s ).
XLERTEA RIRA LTI, S BL A5 | NS RST8], SR TAS Y% RE X
ARG, BRIV ETRGIITEE, I §4.5. FAOTHSEHL—BHI T

f 4.4.9 (FBIERSRE) & G BT B JILTRE W H 15 G ERZEMT (hg) -
hg BRNZETRAE. 500 (1) HIBAHE KA RS Hy (g € G), (i) Btz AL
sl H\G, (iif) BLAEFIR B, ©RAEBAY ELCY B = G. XAt H 1
G TR (g,h) — gh FBERSE, MM RS AR G/H.

BUERE H, K % G (TR SRR MM H18 H x K 76 G &M

O

((h,k),g) = hgk, (h,k) € H x K, g€ G.
BRI BLE E AR HoK (g € G), HURZs R AT H\G/K. (FILfER Rt
I S He 2 e o B N 2 2

{5 4.4.10 HAR{ER) KIHE G ofif. tEREA M Ad - G — Aut(G) S HI1ERAFRA
G MIIER G x G — G (FEWFEBANEN). & IR TLAERZ

(g,2) — 92 := gxg ™ *.
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SCEEfE N RBUERCY G i HEERE.

M) Z, MEETH E C G HANLEE XL TH#E Na(E), BXE B _ERMEREME
Bi. #PITH BB WL 3g € G, B =gEg!, Wk E 5 B 3.

FEATHREILIEAE R AR — AN 2 k. T 2 € G, HAg@ b T iE e ho e 1
Zg (@), MAZRHENZH L Za. FINT G RSl ATE TR 0 th 2 .

HA R LRE LY G XEESHEAGENIUME R TRA N 35
§4.11. PA AN Z w0486
il 4.411 % Gy, G, Wit &

Isom(G1, Ga) == { [F# ¢ : G1 — Ga}.

24 Tsom(G1, Ga) 25, o b4 Aut(Ga) BIZMEI (9,0) = g oo, Hdt g € Aut(Ga).
XS Tsom(G1, Go) R Aut(Ga2)-58 T BARIX L5 IEHEE M, (UM 3 S 0] m] A
TEAERIEWE AT, 155 §2.1.

FATL AW H IR T2, Aut(Gy) WAEWE &S AE T Isom(Gy, Ga), Fifll
MYERER (gow)og = go(pog), HUTHAE Aut(G1)® x Aut(G2)-fEH, TAE
1% Tsom(Gy, Go) #RIRFET . XFEMMEHIFR AR T

Be T ISR I 5 SORSMT, SRS 554 2 W0 T, R e S g o4
ST AT S §4.11.
BIE 4412 3 X A% G-%, I X A#F S BR S wat

P:GxX —XxX

(9,%) — (x,97)

AWAT
B HRE X @7 (z,y) = {9 € G : gz =y} x {z}. FILBF @ REGYHACY X H
HI, A2 LAY X %k, O

4.5 Sylow EIf

HIESIA p- AR
X 451 % p AEH. HE |G =p" me Lo iEE G HA pE
N 4.1.13, 5 W p-BER TREFITTRES 2 p-7E.



118 $FHNE Eie

@R 4.5.2 & G AETFp-#, WEEAR G-% X B
|X|=|X% mod p.
A XML 2 € X, @il 4.1.13 2 (G : Stabg(x)) 2 p 5. A
[z ¢ X¢] <= [Stabg(z) # G] <= (G : Stabg(z)) = 0 mod p.

EAGIH 4.4.7 BIFRFTR. -
Wi 4.5.3 & G AT LM p#, N Ze # {1).
WERA R G StErEI (D1 4.4.10). iaril 4.5.2 155

0=1|G| =1|Zg| mod p,

1 Z6) > 1. 0

BRI PRI p- RS, 26251

Wit 454 & G A pBT HCG HETHE, W HC Ng(H). #3lH, (G:H)=p?
W H<G.

WERR O Zo PIL, B Zo € No(H). % Ze ¢ H, W H ¢ ZgH C Ng(H).
WA Za C H. X |Gl i#IHRIE: & X G :=G/Zq, H = H/Zq, Wk

KoEMN No(H)/Zg = Ne(H). W6 4.2.8 [if8 H C Ng(H). O

N HARME LT . SERHZIATTE §4.1 E XHICK = € G 1B ord().

L 4.5.5 (Cauchy EIB) % G A A RE, 2% p BB G, WEAE z € G 45
ord(z) =p

MR & A
Xy ={(9i)1<i<p €GP 1 g1---gp = 1}.

AR TR 1 <i < p BN Z/pZ BHITTE. W—RIEHRHE Z/pZ AERTFE X, |
FEEE m + pZ BIFER 2P T AR

(9i)icz/pz — (Gitm)iez/pz-

AR AR IR X, AU AE m = 1 A5 X5 g1 gp =1 AT g, B
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R gy BIR. BILSH (X,)%7% = {(0,...,0) s 0P = 1}, HHF P =1 Hao#1%
T ord(z) = p (BHHB 4.2.10).
BT gp = (91 gp-1) L BB X, — G771 (i)1<isp = (9:)1<0<p WU,

|X,| =GP =0 mod p.
Z3—J7, vl 4.5.2 45

1] = |,

=1+ |{z € G:ord(z) =p}| mod p,

i {z € G : ord(z) = p} JE=5. O
é‘];’i 4.5.6 &L p ﬂﬂ?ﬁ, n e Zzl, Z—";—,“ pa | n WH pa+1 +n7 ])_\”J—,_%/ﬂz paHn.

X457 % GHnWMHERE pARH & p™n, HE |H|=p™ 78 H KA G
#y Sylow p-F #.

X p-TH#f H 7E Lagrange 5& FIHJZYH NI B BT BERT . B SCRARUE p [ n
WA S BRI

513458 #p AFH HEEFAEHI<a,a#0F m, ZHAZKHERFARK
p"a\ _ [a
()= ) o
WA FIEAFS T BRI T 0<c<p = p| (), &
(T+1)P* = (TP +p(---)+ 1) = (TP +1)* mod p.

ED W% R R p [ 4. Wil A T2k e BRI, H TP g R BCEDE m = 1 (1
YR m KB H

I 4.5.9 (Sylow B—REHE) “{EEZH p, FEARE G &4 Sylow p-T#.
THISIEREE T Z AL, S A EUE 28, Theorem 6.2].
UEEA (H. Wielandt) & n = |G|, AWK p™|ln, m > 1. EX

Y ={ £ ECG:|E|=p"}.

H5 [ 4.5.8 Al
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B G ETE (9.B) = gF fEAT Y. m5IH 447 A ERAREEE E ey
{13 p 1 (G : Staba(E)), JAWiF H = Staba(B) 2 Sylow p- TR ¥ i
p i {55 p™ W [H| LI g € B, MR TR Hg C B; 4 |H| = |Hg|
HARE [H| < |E| = p™, # [H| = p™. BIFFARIL. O

5134510 & p K %%, T P & G # Sylow p-F#. # G W pT# H KR
H C Ng(P), | H C P.

SERE X HP B 4.2.9 WM HP/P~ H/HOP, # HP {52 p-i#f. ¥
Kk PCc HP C G i P /2 Sylow p- T8, W HP = P, Mix X%WT H C P. O
EIE 4.5.11 (Sylow BEI) 4 G A HWE, p A E%. N

(i) & p-T# HCG Ba4TEA Sylow p-F#;

(ii) G WHEW A Sylow p-T# P, P' & 4£45;
FA M, G P HRAEENN Sylow p-F# Y HX Y G H*%—# Sylow p-F#.

WEBA  EE Sylow p-TH P C G, HHIEELE G ILHiE R T ryPuE
X = {ngil 1g € G}

12 Q € X #Jg G 1 Sylow p-T#f, M HHBEMLTHZE Na(Q). #ATH G-Ik
HOIEIE )

G/Ng(P) =5 X
gNG(P) — gPg™".

HT P C Ng(P), BATA |X|#0 mod p. BRI H C G H p- 78, 4 H
JEEER T X b B 4.5.2 18 XP % Bl Q € X, ME XA H C Na(Q),
LRI EZEGE H C Q, XHLUEH T8 — g, Ait— %K H 5 Sylow p-F¥,
N H=Q. BT X fonEMEIYE, 28 AW 2 A3IE. O

EI 4.5.12 (Sylow B=FH) K I, G ¥+ Sylow p-F#HH A% =1 mod p.

UERR Y EAMIERIOESE, Mk Sylow p-THE P HHU H = P, DL ELERER] T X7
TR NS P I p-FHE, 1 XY = {P}. BRIGE 45.2 13 |X| = [X7| =1
mod p. O

ek 4513 Xt ENEHK p, ARE G WED Sylow pFHEEMH T2 L EL MR
G = Hp| |G| Hpa ;H\: EP Hp % p‘%/ﬁ'-

WA o < o < pe ARE A G AMTEB [[, Hy, B [Hy,| = pf
(a; € Zx1), 4 Hp, HIRHHRAN G BIIERL Sylow pi- R, T |G| = [[;, pi"
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AR (Gl = pi - per, T EREEAS 1< i < ¢ B TE B Sylow p- TR Hy,.
EA TP %, 38 1 G 4.1.13 W DUZE G HIRAE Hy, N1, Hyy = {1}. T
BRI A.3.6 W&LEAOT, SRR T, Hy S Hy - H, C G. WK ETA
Hy, - H, =G. O

4.6 wmmars

FE—MRESCEIEAN B MR BRE R WL T, A2 H h—Bi.
X 4.6.1 (EMFY) # Gty 724

G=GyD>G D---DG,={1}
Wi V0 < i <n, Gigr <Gy, MR A EMF, T ik
Gi/Gis1, i=0,...,n—1
R AZE| HFE. EAS YRR % T 4
[--~DG¢3G,»+1D-~-}w[-~-DG¢DG'DG,»+1D-~-]

R EZHTAREAH . N G = Gi H Gy FE W04 RZF Loy R AR 4B
@

N REE SRR IR IE RS, AR
EX 462 (DI # G WEMI G=GyD G D - WA i #i R

G; < G,
Gi/Gi+1 C ZG/GH-N
U A A 3,

EX 463 (R ## GWEAIN G=GoDG1 D HE Gy CGi, MEFH
B R H R, MARZ A AR

2L AR AE SCRT WA B IE R TETUAR T, T HLJCHEE (B) Aimg). A RESA A
B, — RN AR

5|32 4.6.4 (Zassenhaus 5|18) FE e # G, ZETH UV RAHWENTEH ua U,
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v V. W&

w(UnNv)au(UNV),
(uNV)v < (UNV)o,

HPETARE 4.1.15 WEXTHE T2, WEHA 8 A FH

w(UNV) (UnNnV)

~

wUnNv) — (uNnV)v’

WERR AR RS TREZ IR, EGIAT:

G q A B HN
i N S S
H: T N:IEHTFRE ANB H N

Hrr H € No(N). BUBT=H AT EE:
U 14

wWUNV) UnV)v

unV Unvo

HREHEATER UNV C Ne(u) N Ne(v) 55, BRI (U N V) EHIZ 7. K
B —2% (Rl FREAETS) RARBOL. 0T B — 5k

wUNo)yNUNV)=nV)UnNv)=UnNV)N(uNV)u,
uN(uNV)UNv)=unV,
(unNVYUNv)Nv=UnNo.

WG =25 (THESD) WAaE. [FIPEREE GIEE DU 46 (THER). 2T 4% (BT



§4.6 BNEMT 123

), M o<V Al H Unv<UNV, Ml w(UN) <u(UNV); JBA (unV)o<(UNV)o,
BOZ RIS (wun VYU No) <UNV. & HAEIETS.
BAE % R R PR TAT IO TE. 4 558 Al 4.2.9 7115 SR 1R

w(UNV) Unvjp
w(UNo) (uNViv

A BT L. O

EX465 % G=GoD - HEMF, RNAETH (Gi/Git1)iz0 AR HIF, 1B
HANEHWES. WRRNENFIKEAHRE, MEELFHELRAEXTHE, WERIE
I EM.

IR 4.6.6 (Schreier INMATEIE) &

G=GyD---DG, DGy = {1},
G=HyD---DHy,DHyy ={1}

H G WFASEAF, U T A S8 2.
WA SR 0<i<r,0<j<sEX

Gi,j = Gl‘+1(Hj N Gl),
Hj’l' = (G2 N Hj)Hj+1.

5o Gij, B Gig1 <G A TRE. KR G <Gy BOL, TH
Gio=Git1(GNG;) =Gy, Gist1 = Gita,
BIFE] (Gi)izo WAl
G=[-DG=G0DG 1D GisDGie41=GCGiy1D--].

[T 0L Hy, g5t (Hj)Soo BOMAR, iC2h H. FE513 4.6.4 L v = Gig, U := G,
lvi=Hjp, V= Hy, 30

Giyj ’LL(U N V) (U N V)U Hj’i
Gi7j+1 U(U N 1}) (’U, n V)U Hj7i+1 '
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M (4, 5) WOl TR FTRE, IERLS G, H AT 1A )AL 1 1 A g B

IEEE. O
EIE 4.6.7 (Jordan-Hélder TBIB) # G W ETH N o k7] & &)
MERR SRR 4.6.6 Tl A E X 4.6.3 I EL L. 0

W, — B G A ERNS, WEHF R E S 4.6.5 BRCR Jo kG s i .

EX 468 (s G AL R, % XEAREFR Jordan Holder B F % JH(G) %
HERSRANAKTH (RHF, HATH).

WELE JH(G) 2 —F 8 AR &, (HE ToIATE R & SO 2 RE. Bl A
LZJAZ 5 L)2Z x L)2Z W& A TR {Z/22, 222}, (HPfEAE .

WO, BERIIEG S 1= N = G Q — 1. &% N, Q WA S, W G J-f
S, M H

JH(G) = JH(N) U JH(Q), (4.4)
XA LRI A B, BRI 51 IE Q AN BIES (Qi)i, (N;)j, B
AT AR A )
S Q) DD Q) =N>DN; D
HA M TER JH(N) U JH(Q).
Rk 4.6.9 F G AAMKHE, N JH(G) 8 TR 2 F H 2.

B AP AR .

WERA WIEEE G AP IURE. S 4.5.5 BRORMITER B p K op BioeEK t € G. BB M
IEA )
1=t -G—->G/({t) —1

HA (4.4) 2T |G, BIFRREK. O
FATRAESER 6.7.9 TRANTIIAAT FRACHAF A
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4.7 TmusESH

AR &R T Galois Xy AR AR MR ST, 752 5 0 m] MR U2 A 4.
XL Lie #f, Lie REBFFE (A 2N, AT FEAGHBHS T . 155t
[F4Z5E X 4.6.1, 4.6.2 ) THEY).

EM 4.7 & G HE.

L FHREENF] G=GoDG1D DGy ={1} LEFNTRH S, WHZAT
FRRE;

2. AL, EXEN I BH GG, B GGy RRENMEIE, N2 4 BrIEE;
3. WMBHFAEFCH G=Gy DG D DG, = {1}, Uk HEEE.

o1 e s S — A TERUB /10 B, S DR B 75 T
WRE. DTG 5.

BN 472 3T oy G, URET

[z, y] = ayz 'y
SNHEETHE ABCG, & [AB]|<G A4 {{a,b]:a€ Abe B} & /NEH T B, 58
TR ACATERBENTFE. ZFHAEX G 2

PG =[2G, 7'G] (i >0)

o FHFI: {
929G = G,

o BrLg: ) €TIG =666 (i20)
?G = G.

KO RAELA R, 3% i € Zso:
oay=yr &= [z,y] =110 [z,y]"" = [y, ];
o MTEBBINZ ¢ : G1 — Ga, A el y] = [p(), o(y)];
o 9'G C ¢'G;
o P'G <G, €'GAG: FELLE G WM E AR FRE 2'G 1 ¢'G.
*F 2'G, ¢'G WP DABITHIER. FATHR Gaer := 2'G h G IS HFEE i
Gab = G/Gaer KN G WIZHRAL. TIREZWIIEENT G — Gab & G 1 “WRAHR.
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S A4.73 R Gu RXUH HEEXHH ATEAS ¢: G- A FAER—HES
Y Gap = AT ERH

G*»Gab

@l i
Pl
oAy

A
WA M, BB G/N S B S N D Gaer, HEHHHFA Gab — G/N.

iEEH i& T,y € G @%i z,y € G/Gder7 IJ_\IIJ [i‘vg] XEE‘ [x,y] € Gder E/‘J,T%’ ﬁ&IFJ:L ;‘éﬂ: ,(/}
AR T ker(o) D Gaer, M1 = [p(2), 9(y)] = o[z, y]) AT BRI
T (@) = o). -

Sl 4.74 HEZEE G,
(i) dEA i, W# 2°G/7G xH#k, T €'G/CTG BET Zajeinios
(i) # G TEYHENY n AHAHR 2"G = {1}

(i) 2 G BEYHR Y n woKH "G = {1}.

HEBR  ZBiE (). TRt 2'G/ 271G ST 51 473, B—H, B G = G/ G;
g X [6°G, G] C 671G YT [€1G/€HG, G = (1}, F# LEHT 6°G/61G
ZG.

P (i), REAIEMS G = Gy D Gy D --- D G, = {1}, HFRE . X
G — G/Gy MG 4.7.3 7[fF 2'G C Gy. HLEIHHIT TG @ >0 S 2'G C G,.
B 27G = {1}, R2# 27G = {1}, WIEHS G, == 2'G W2 i 41k

XF(iif) FERAZERL. A0 G =Go D G1 D --- D G, = {1}. X (1) Mk
WM T Gi/Giv1 C Zgya,,, %R [Gi,G] C G (1 = 0 MIETE 2 RARM), BT
HH G €'G C Gy, M €7G = {1}. 2Bk €7G = {1}, 4 G; :=¢'G HHifrk
FHLA. R, O

FIB4.7.5 & G HEER, ¢"G = {1}, WIHER = € G, BT [2,] : g = [z, 9] R
n WIRHRIEAE €7 G, SUSCRT LB g — 1. X fRRE 7 2" — TR,

BIERA47.6 % G 4%, AP RRTH BTRXEE=FlRZ—
o %G EHMR P, N G W THAHHNE MR P;
o % NaG, 4 G:=G/N, Il G TRSARY N,G &7

IEBR & N 2 G T G2 G MR e U 2'N C 2°G, T 2°G & 2'G 1Y
TRE PN €1G IR, BICAWERR P e {f#, mE} L N MG L. B
HIUEH N <G Ml G = G/N Bulf@zaih G g ik 27G = {1} H 2°N = {1}, W
9"G C N, i 977G C 2°N = {1}, #ik G "[f#.

R UERARE W] b v DAL ) 7 N RIRRE G F G =Go D --- D G, = {1}
15 G, < G HA TR A EBHMIEHREE. BN, = NNG; K& G = 7(G;) (EMHE
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), Hob 7 G - G RIS, 4R N 5 G R R MR TR, N, G

e TR 0
h 2G C €G MIREIRTM. $5 EEA FRRHRILR.

BB A7.7T WTFARE FF — HTH — TH.

ERR AR TTIRAOETTAR. B4 RERE G, B TG = {1). OHI 6°G AT

G = G/E™HG bl R, IRACHE. BOTHIC R £

¢CG=VoDOV1D--DViy ={1}

MHH R R B DA (Al 4.6.9). XTBE O AR r FEIA9N, 1 G == G/¢"G
WA ERA
G:GOD"'DGt+1:{1}, GZQG

WS (Vi) MR, BUG, R Gy 76 G PR, W) G, < G; % —J7ii, V; C €7G C
Zg W V; G, TR THY

G=GyD--DGDVyD - DVs1={1}
T R AT R T R AR T O

KT AT BRI I 24 AR 248 Feit-Thompson B [12]: AL AFEH A IRHE
BT, 0 B 2 e T B R 20 R AR M — A IR RIE S, R
JESEEIRBASH, IR MTHE LA 24511

i a.7.8 TR AL E] TR = AR HARHIDE, YRR &, id GL(n, k) K
k L#Y noxon LSRR SRIEA BUATHE (n € Z>1). )8 GL(n, k) BUTH T

Sy
|
U
-
I

0 * 0 1

Horp « FRAETIOUR, WA B, U 73 BIZRM foca il 4l 1. 384 B Jenl i,
U i XS n] AR R RG], (E AN SRS B B Al AR
BV N n 4 k-l RS E]. B R TS A A

V:VQD"'DVnZ{O}, dimkVi/Vi+1:1 (0§z<n)
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TR, X m > n BV, = {0}. il V WA FEEY GL(V). fy

U, :={z € GL(V) : Vi, (x —=1)(V;) C Viyr}, 1 EZL>1;

AN

wok 1 RFFEEMG,. BR UL DUy D --- DU, = {1}, —HHEH U, & X4
Vi, x(Vi) C Vi. AIWTFEA U, &8, T EXS A r,s #A (U, U] C Urys.

B A o €Up, W aa' — 1= (- 1)2" + (2" — 1) RERKFAED Vi BRA Vigor, #0
U, $REEME. 5 2 =1- X € Uy, W Endp(V) IR X" =0 M

n—1 n—1
1-X)"'=> X'=14+X> Xx*' eU,
k=0 k=1

B U, SBGEEE. PR o =1 - X € Uy i y= 1 - Y € Uy $ E3UE Endy(V)
FETF [y, 2] = yey ta~t T AL, BATH ¢X, oY BUL X, Y, H ¢, v BIERX
AR T0; XA YT RV AR W RECH ¢, v Z T, T2

n—1 n—1
1—=vY)(1—-gX)1—0Y) (1 —¢X) =1 —-0Y)(1 —¢X)- ZU}LY}L . Z " x*
h=0 k=0

= WHON + E ¢ I+ A5 v I+ & qu BYIL

RN g =v =0 "HELHIH L, A v=0 (3 ¢=0) "JHILE ¢ (FALE v) 1Y
ik 0; A g =v =1 WGHH| [y,z]: Hrp& qu MIIFERA X MY 3, X
BV A Vigrgs. 52 2,y = [y, 2] € Upys, TRIEB T Uy, Us] C Upgs. 1ERTEE
e, zyr~ = [xyly S r>s = U, < Us.

PAFEX U :=U,. TR U, <U M (U, U] CUpgr. XU (Uy)1<r<n & U 1)
HuLa, I U @SR BATA MRS ©

n—1
Bi={z € GL(V) : Vi, 2(V}) C V;} > @) GL (Vi/Vis1) = ()",
i=0
n—1

xl—><x|w/vH4)i:0»
Hop By @ RS Vi, AT o FERAS TR Vi/Vier LB A, A ker(®) =
U, BibA U < B i H. B/U ~im(®) 4. #7BUE V B eq,. .. e, (47

Vi == @ ]kej

1<j<n—i

I HRF GL(V) e RS AR, —YIEHZ mixt B,U MRFEE S, T )y, v, 15
oo A 0 DRHAIT. M B/U AZHFIS 3 4.7.6 S2 L B AR
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A% 18— R, XITRE G I Z° = {1}, FFIBIHME L 27 QG 2l Zgyz: )
RS G — G/Z WER (1> 0). P 24 > 28 Fr {1} =2°c Z' - ABEGH
FHROT. B n 15 27 = G, P WEER G=2" D> 2" 5. D 2 = {1},
HIIEE I G DS, Uty G R 2.

B 479 A p AEHK NAR pHEFE.

B % |G| = p". FE G BT (Z7); MRTRERXEA > 0, HF Z2' =G
B G/Z° RAPIL p-BE. JE—IEE TR 4.5.3 4R Za)z # {1} W27 2 27, It
B p | (277 2. TRIFPLHIMATE n ZNIET G. O

i) 4.7.10 Heisenberg #2 4B R ERE. Ny R W, FAUFELHE R i
fE. ZE—ARRYE R-[ g 250 WoE R H_EAg SRR 2

(L) i W x W S R,

TR () B Yw, w', (wlw') = — (w'|w); XEMEMRFRAEETBA. E L
HW) =R x W,

H W IeiE e N

(X,Y)
2

t, X)-(s,Y):= <t+s—|— ,X+Y>.
TEH WAL HOV) WEREAR, MH R =R x {0} IE& HW) @b, RATHRR
EGS)

0>R—->HW)—>W =0

Hopr R AN W GHIEA B, B H(W) O R D {0} 2Hulsl, H(W) 2R

HUil] Heisenberg AR, THIHBUE n 4 R i2s(E] V. RAVAEE V LW
HAZ RS, BAEBUCRZE S, AN AU e ik s ta) 7 (V) > f; X
H W5 T2

L' :={f—af :2 € Homg(V,R)} (& 5I]LA x),
L={f—0,f:veV} (HFnFH).

HHEH VR v v R EE 2z (B z(v) = 6iy), HBA
ooy Ov, M @a,yzn P HIMT LAD LT B9 X TFAERAME T XY
S (V) = V), MMAHRALT [X, Y] & SOREMRT XY —YX. W [, ] 2R
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S, MHXMER 1<i,j<nf

[.TZ‘,.”L'J‘] = 0, [(’)vi,(’)vj] = 0,

17 ] = .,
[avmxj] = (siJ = =

XEEEEARNIMER SR i, A LR R F L0 L = {0}, H [, ] FEREAS W E
MW :=LeoL bRk, WM V 133 Heisenberg #f H(W). FEET J12H, B
V =R3 IE YRR NES =1, W L f1 L' 5 RIdE SR po= v—10,, fil
PEET ¢ =z K. KRK [0y, ;] = 0;; MAERET S22 BB S0 5 ¢ 2.
HEH| p; 1542 ¢; 1) Fourier 2546

4.8 @mma

B X NG M, X R E B F(X) 2B X BooR &, B it
Frafeik 5 Bl fr REAS 2 i) R XA i fe. X LERR PN B Tl LR, Ak X N
FREE PN X = {z,y} i, F(X) 2

1; xvvailvyila Ty, yz, $2,y$y, T

SR Z A TFHMES. A7 BT RR BRI A B AR R AN A A A
wr~! =140 HIEHTLAR. AafE ARz (A §2.4) Zlm. BAI0—IFFE
Bl S

EX 481 (BHAER) + /&M (M(X),0) #7%80, b MX) £ EHTT 0 X
M(X) B% 6 FBa. SR LR M RBS (X > M, BEE—HRA
o M(X) — M {8 T B H

X —“ M(X)

|
\ I
L ¥

M/

MR (M(X),0) A X L#yE 23

EX 482 (EHE¥) + W (F(X),0) #7p, F(X) R - X - F(X) &4
kgt EREERE G KRB /X > G, FEE—WRAAS o F(X) > G #ET
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2 e
X — F(X)

|
\ =)
. v

G
WA (F(X),0) # X FeyBEHE
i S M(X), F(X) 2005, Gt £ X — Y i1

AR
X 2 M(X)

f lsof

Y —— M(Y)

Ho or BRI 7 MX) iz ip i M = MY), J/ = w o f BIW]; Bk
Pidy = idm(x), FIL X — M(X) BURE T [FHE X — F(X) WA 200 R T, id5
RIS D 0.

iEiC 4.8.3 AR, HHBINE X = (F(X),0: X = F(X)) RE THHIR T
U : Grp — Set iy Zc ¥Rt T

Homge (X, G) — Homgrp (F(X), G)
s .

Koz e, ARE il — A B A P2

HH#TE = PR ZE AR
ZJaTHeZ IR, B hRSEA R I b 2 SO IR — SR

4 X, th §24 MEHEE A b X EREEE B A AR, AR 2 — A E— R A 1Y 2
R 2 ME—RY. 25 H Z¥E¥%T§J HRHRE (Fr,u) F1(Fy, ) #B2 H R L 2R,
WA E LR AEME— RS Py =2 F2 15 ou = o, Yo = 1. HME—PERTHI
Ly =1y = 1p = idp,, [A]BE 1/J<P idp,, BRI,

TR s, K2t AT H B LB (M(X),0). &3 M(X) SHIE

g :=2X1To Ty, n € ZLxg, Ti,-..,%pn €X

W <5 MRS A R, 7 g 2 XA n TR (za)ig; R o N g IR
E. 4 n =0 RHEATFRER (RIZF), id2h 1.
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BWg=ax1-Tpn, h=1y1- ym HWHNFE, HF gh TLAERPFEHIE
gh =1 Tpy1 - Yms

HE X HARE g-1=9g=1-g AEEEHE g(hk) = (gh)k. XK T M(X) XL
My, Wt e X — M(X) Bz € X BREIKRH—I0FE 2 € M(X).

53 4.8.4 EaR¥r (M(X),0) & X E# B 245
VERA X TR LCRHE M R o 0 X - MY, E L 4.8.1 R o i

pixy x> (1) (), 1,1, €X
TR o ME—; #% M(X) migit, EaXIRgs s RAEm o O

PATR SR e M L AR B A BN

EX 485 @EM) 4 (M)ier H—Tk 238 B 43 B AR—KRRAL (fi:A—
My)ier. #RINTZ YR FHR (M, (pi)ier) A (Mi, fi)ier th oA B
oM R4 F¥BNiel, g My — M ZREA;
o BHMES h:=pifi: A=>M 5 i TX;
o HHHB (M, (p)ier) WHERN LBR, WEEE—FRS ¢: M - M F/THE
R .

M, -2 M

\ l}!tp
@i
M/

A RE ATZ PR U SC, AR A IR ME— 1k, R A, AE Bty i — Rl iy
R UM, B TEASHE AR Y LR

Se=| | M, ¢:8—M(S).
el
A BAE M(S) gHsA M; TR, HEGE fi B EHIELEHE (M(9),-)
o

ry ~ -y ie[7m7yeMia
| - | M
16 M e M(S)

1, ~ 1, 1€l
[I] u
M; %5t M(S) 47t

fila) ~ fi(a), i,j€l, acA,
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I (4.1) BRI ~. MG §4.2 R TFRIEHAIITHE, #d
M :=M(S)/ ~.

HA HRI XA, E XA @i 0 My — M(S) — M, iSRS o fi o
KT-4, 82N h+ A— M. iiH M PEFICREREE ML ¢i(z) (i € 1) BHILR
HUE2

'-"'llﬂ 4.8.6 ui’f@ﬁ%“ﬁ(ﬂ (M, (Soi)iel) 751—: (Miafi)iel l':T/? Eﬁié‘?’l‘}j\.

VERA X T E X 4.8.5 PEEAITRL (M, (¢))ier), BT
(i) [ M(S) — M', i » € M; FBIRE ¢i(z) (2 4.8.1);
(i) FZ @ : M = (M(S)/ ~) — M', flEFFEZE

M(S) —— M’

1 /w
M =M(S)/ ~

2t (FIRSEH R AR ~ 19E 0.
G (E S 4.8.5 IR WEARTE ¢ WA M, X2 ME— I HEE. O

HRAE A F A3, e AR M TR B RER IR AN
m = @i, (m1)pi,(ma2) - @i, (mn),  m; € M,
A BRA, AECRIE I RIC A
m=my---my,; € M.
A my € My, WAL, W omy - omy, € MR, K2

(my---my) L =m b omp (4.5)

SIS

" A x Hz i} M,L
Viel, 3 TH£1€H CM fiify w (4.6)
(a,2;) — fila)z;.

M BICEFL m = my-om, BB, my € My, Hopin, i, € 1 SRS T A
RAHSRHY iy WA S 5 (4.6) AT my = fi, (aj)z;, HH a; € AT x5 € Hyyo KA
A BBAE m IR op 2BEIZc. AMEE n =2 IR LR 76 My, HiE
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1 fis(a2) = fo ()2 TRBAB M OHTHGR h(an)eh(a)rs = h(a)h(ah)zizs.
P ANES S E ST
m=h(a)zy -z,

FRONBREN, K n RO FR WK E FRGELALRBATCARZ h(a) KX
(a € A).

5l 4.8.7 HgBeRTH AWELME (16), WG TRHEAE—HRARE, AT
FHFYHRYERAREAME. A3, WHEN 0 My - M FE.

A fi FRRAEZ M REAS S, 51K A NGn: R A & f 75 My BiZeok
YEM, MR R Ic RIS H;.
MERR DA B ANKE, 5 T N 9 e B, BT ATRATOGAR AR . ke E ik TR
(Hi C M;)ier W2 (4.6), X X HATF BT T RS

la;z1,... 0], a€A, n>0,x; € Hy,z; #1,

b:Y — M

[a;z1,. .., 2z] — h(a)xy - 2y,

B (1] (B n = 0) 4 1. Seri X T BARBMMETEE @ i, LT UHF U @
L

FATHAE © 75 2 PR M WARMEMN. SlUE i € I & LK FERAEN
a My x5S WF. L= e M; E—5YE € = fi(d)x (Wit o € A, z € H;);
T o=z, ... 2] € 5, THTBITIAE L F AW R (o, 2) € Ax Hy: B

(é- O’) — [a//a/;g]/’xQ,..., ], /\EP :L‘fl(a) (a/)x/’ il _ i,
s [a//a/;l'/,xl,..., ]7 /\IZFI xfz(a> :fz( /) /7 i 757,

HEXVER aa : AxE = X 15 aala, [b;...]) = [ab;...]. PLUCEELE R F AR
M; — End(S), A — End(S), $h End(S) RFFAME 5 — 2 Fim 4 B,
PG R e, ERERSE G M — End(X), 7RI Z 2B 1E A
oa:MxY =X BiF
a(®(0),[1]) =0, o€X.

A7 © JE Bt O
TElA488 i X hEL AEXNASS HE I =X, A={1}, ¥ — 2 € X B
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My =7 (Juik#f); RE B RA (FX), (to)rex). & o(z) = (1), W (F(X),0) & X
Loy B .

HEBA  fh (4.5) 50 F(X) 2Bt NIRIEZ MR, AEfE G st @ X — G, i1 4
M ae X XA

o7 — G,

av—s ! (z)".
W [R) 5 FE A8 L 4.8.5 AT, BUFFTEME— RS ¢t F(X) — G fiifG
P(tz(a)) = @,(a) = (2)*, z€X, acl

IR SR ES, B DMEAE] o = 1 BE, IRED o(u(z)) = (2), XIEZ H
ARz PR O

METREFRRTTEA F(X) ICRRER to(a)uy (D) - BIEX, Hir 2,y,... €
X 1fii a,b,... € Z, TAVFILH a9y LB EIFMEN a,b, ... € {1} WIHE, &
F(X) Higan
eflaFl xy L x, € X, (RES)

M FR PR . A HL A E XBEAF IS, & X g € F(X) MARE X REAR

BOIKE. I lg) =0 <= g=1,1 lg) =1 <= g€ u(X)Uu(X)"".
AR B AIET . FREATNHIE: a2 X 4.85 iRk A A M; = G;

FRAEHE, M H. fi B AR ERIC A *iiIGi- i (4.5) Al *iiIGi i BRIk

S G Gi— *ZSIG@‘-

EX 489 (HEW) & I A%ESE, (Gilier K —kF, EREREEFHR A= {1}, &
BB FA (rierGa, (W)ier) A (Giier BB ER. 4 T ZARE {1,....n} HELE1E
G1 koo 3k Gn

HIZ MRS E L 4.8.5 K0, B EaE 6.

BEEBELHNIE, TATFEBENZIET &, SUARH R R, DU S0 L 401
W otis AR,
EX 4.8.10 (HHAXMAFHSEABIME) & X 46 FHH (M) HE () M
R LER, () 0 X — M RBSY, (i) AEZIOH (M) nk, FEE-FX

L

X — M
e M- M ERER N\, e K UK (M) h X EHEBHRELFH £

M/
AP B K M, M A RER, AT E B A B
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ARG H B AR T 3.
Rl 4.8.11 % (M;)icr H— R4 47, F XHEMA T 2 ¥ #
@Mi . {(mi)ief € HMi CBREZAHRA @ A, mi = 0}~
i€l iel
WARK TRAESH o My — @ M (B ANFE j MLE), WKL HE
B—HRXBLFBES o My — M, THX#H.

M —— Dicr Mi

\ \F!(p
b
M

VERR BB EALAEI @« (ma)ier = Doieq v (ma), S5 52 BRAL. O
B3] X B E b L B AR X ) Zso BEA

z3y = {%ﬁﬂl > apw:Va, ap € Ly, Wﬁrﬁiﬁﬂk%} .
rzeX
FERANT I Y, aer HEN B BICERE (a0)eex; W 00 X — ZEF i o(z) =
l-z=12 1.
ARV L SO L Zso Wil Z, A3 5] H sl (29%,0). HE

Wl 4.8.12 L% G A RKEN A MBNYE. LR LETE X CG ARG N
X—=GHEHAS p: F(X) =G

HEBA [AAS p W F(X) T ot ot Ry ot 2t € G, i im(p) = (X). O

IERLTHE ker(p) <F(X) BICEATALNAENOC X A2 G PR IRER, FATHA
—HUEOCHAZ . BUTHIYE, ML G M TR Y, EX (V)0 WG HUEY Y
FBUNERLTRE, BN TR {gyg ' ry €Y, g € G} AR FAAMER Y C F(X) i
1 (Y ) por = ker(p), k5|10 1 AR

EX 4813 (BHRT) # G WRTEHR M54 X, TEY CFX) R/ FEH

FX)/ (Y )por = G5

nor

L X MEAHRENE G BREM, 4 XY BHREE G EEARETR.
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—AJiE, R = AERTT + XA, IR BRERE B
G:<x17...,xn’w1 =1,..., Wy = 1>

. H X = {z1,..., 2.} 1M ker[F(X) — G] = (w1,..., W),
i 4.8.14 %} n € Zx1, B 4.3.5 B _THARE Doy A U0F R

Dgn = <Cl7 b

a" =10 =1b"lab=a"").
Z B 4.3.5 AT, AT a X T Z/nZ WATT 1+ nZ, T b XRT T € Z/2Z.
AR AT AR AERIC 0 2= ab, 7 := b {H A —ERER
Doy ~ (o,7]0* =1,7° =1,(o7)" = 1).
{5l 4.8.15 R. Guranlnick Fl G. Malle JERH T — Ak 447 R BRIl DA FH A

B ICR AN, W [16, Corollary 8.3]; 244K, HJa (Y & & nl PASRA 2. UEMH S A i
Iy, MO BRI 0 ZERBLR A RN L.

TR HATHRIE RIRER G A, W ERABRER, M. Dehn [9] £ T LATR

1]

> FEE  ATHIEAERT w e F(X) 2RBET (V)uw!

> HEEE  AAHRTNT w0 € F(X) 18 G RG2S EE?
> EHGEEE AT RS 2 A 4 A R RE?

A SRE ERR AN TRE R, (HXS TR E R (BIUERE B,) WITFES k.
REMEETHERE, AP S TEE R 4.9.9 AYIEN] 2 n] i HAZ .
KT LA E S PR R TR AR R — 32, Ao IFit.

EIR 4.8.16 (Nielsen—-Schreier) g & iy F 24 2 1 7.

UERR A PRBGAAMEIE. 58 il F(X); IR 5 RS X ARR, DA L.
B (Bx, %) i Xy S*ORE— sURBIA B SRS T8, B | X = 4w

Bx =
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BAVBTHAAEREF F(X) = m(Bx, %), B o € X BE Bx PN+ %k, 115 = 4
St SR —PE AR, 2 | X| = 1 BEXTEAER S W R (ST *) = Z [50, P
§3.1]. —BIEEMM van Kampen @8 GH, HAFRMRARTIL [50, 5% B.

BB RS, — T = (V. E,s,t) 2l TUGE V M E AW, B4k kR
Wisin, H—XBRYS s, B — V i T alDAR R R LATSEBE [T §i% 1, Xk

EER, WAETERR T T B2 T W7, @8 T BTG A S . Bl
A, WATATCAE T ik T3Sl 4 2 DU« (AR AN, I [50, 5P E
§4.3]); BUAE R P b A b Hh AR T, it AR 2 2 iR I S s

~

— T, B T SEra T, fasE T/T RRIETHA By, i)
71 (T, %) = 71 (T/T, %) ~ 71 (By, *) & H HEf.

Boesks X, a2 BIEhe [50, HHE §4] HIFERAN F(X) = m(Bx, ») MLET

BEH, SFESLRZEIN Bx — Bx (6 H LA m (Bx,) = m(Bx,») MR =
e, Felr SLER] o (Bix,x) E1 s 7S U450 DL HER:

KIS B S A 1.

X0 B 23 [ A TE B S TP o ) B A O

4.9 e

SHES X, HIHREE Sx B4UHOWE X —5 X XEWu & it sio e, & M
SRHZEVE T X b, Hoh e B WA B A0 n o= | X| A RS, t
&x| =nl. I EEHEE X WIEESERT {1,...,0} il 6, =6, .

SES X, Y FEHRNUEHRA 6x X Sy < Sxuy, HithE 6, x G — G-
B Sx I Sy 1E Sxuy X FTLARTEA:, RN ENIFBEINTE R X
AR R E X

X491 & ar,...,an & X FHFHTE. SHH Sx # 8 mAER (UHRH%)



§4.9 XIFREE 139

(a1 -am) BTRABE 0: X - X

U(ai) = Qj+1, iEZ/mZ,
O'(l'):x, I%{G,l,...,am},
AWK TAR {L....m} FEHRAA Z/mZ # %, WEm fRARE. T m AZEHF

K 218 3F (ab) XARXHHR. EAVE Sx FRAEF (a1 am), (br---by) FK, W
% {al,...,am}ﬁ{bl,...,bk}:@.

EATHE T AR SR TR TR A e, R ARAGIE ord((ar -+ - am)) = m.
i 4.9.2 (WIFDM) 5/ o Sx 58 F AT % B 2
o= (araz--)(biby---) -
HHHET (1), (1) EESZ-AFHEXTHR— 0T ERREMT,
RTINS %.

WERA XTCER X AR o AR RIASEE (o) RRPLEM B (518 4.4.7), BRI
XM BN, AT o FERPLE BRI N

FATFRIEER 7 1 BRI JE iy ma, . (EIEKEEN—ITEER) Ny o BYTE
WAL HEPCRUT. S TR ME—PE, AWHEL n1 > ng > -, TEERBLH Z XY
FEH n = |X| 5P n=n1+n2+ . LHESHEITIRER o WHEET
ni,ng, ... HENAREEL

P, JLHVE AR FRBEG TE T T bR
513 4.93 & 7= (awaz---)(br ) HERWWEH LM, 7€ Sx, N

o707t = (alan)ola) -+ Yo (by) )+

TEAHER, TE 7T MERXHHBHARAH T, 6x PHEREL ——F N THHFA
ny>ng >, FEEHEX——X R T EHE 0= |X| 2.

ERR G0 oto ™t B o(a;) BE o(aiq), ¥ o(b;) MZE o(bjq1), KILEHE. BT o &
WU, B ME—HE T oto ! BRI, 4R o RINI(E oro! MONATEE T
A FEFEEI L TR, 5. O

TNHEATICRAFS 6,
S5I494 # S, ¥ =0 i+1) 4K XE1<i<n.
WA CRAEMER o WRED) o(1),...,0(n), MK o R« BB TidRE
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I PRI AR, K o (1), ... o(n) B L, ...y XEREFATHY. ARIBIE
A N IR B 3 O
532 4.9.5 7 7E—HAFA sgn: 6, — {1} 17 sgn((ar - am)) = (=1)™*
WERA ¥ 6, TEREE {f - 2" — Z} B ARM AR

@) (@15 20) = [(Zo(1)s - - Taim);
BEAE IR R A 2 IR IR N AN o(f £9) = of £o0g. HHIEREL

A(ml,...,xn): H (l‘j—l‘i).

1<i<j<n

T o e &, BIFLE sgn(o) € {£1} fiifF cA = sgn(o)A. FHH A SMEHE (R
Az =1 A[AD), sgn(o) 2ME—HE R, B sgn - 6, — {1} S &ZKiE
MRS T <i<n&F nA=—-A Xz BPHILHE, SOGTEXR e &, BF
sgn(r) =—-1. H

(a1 -am) = (a1am)(ar - am_1) = -+ = (@10 ) (a10m—1) - - - (@102)
AL sgn((ag -+ an)) = (=1)™ L ME—PES [ i 4.9.2. O

TEN 4.9.6 (THEBY) & OUSEE A, H ka6, — {£1}], V£ &, HENTE.

VEAE A, PR EARFO B E R, R AT B 4 n > 1R (6, : A,) = {1} = 2,
WMo > 4 A, JERSHE, B4 (123)(124) = (13)(24) 1 (124)(123) = (14)(23).
FATHRZE AT B AP o

o WS, MR THE (W §4.7) 2'6, T An. Y n=1"IHER AR
n > 2 W: &, HxtA g, BAGHRERILE T (1 2), B 6,/2'6, H
(12) PBAER, X2 Kot H—Jrms|# 4.7.3 4 HHREES

S0/ Gn N &, /U, = {1},
He A B BT DA B S S A, IRED 216, = 2,
o i &, MRENFHWIFERELET Ay

o M n >3 W, A, i 3EFR OB (i5k)) M. KEh THERE o € Ay, ATPAFRION
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B, sgn(o) = 1 BRRIRFA MBI 3z AU

L {Zvj} = {kvl}v
(i) (Kl) = { 385K, {i,j}n {k, 1} BHE—TTE,
(igk)(GkD), {i,j}n {k, 1} =@

RIS S 3R AR

o M n > 5 W, AEWAS 3GER (ijk), (75K AE A, PIELHL e R R E | B
4.9.3 BHIHIELE 0 € &, 15 o(ijk)o~" = (§'K). & o € A, MK, &
WM FIE Lm € {1,...,n} ~ {i,j,k} H 8 o' = o (Im) € Wn; 2K
o'(ijk) (o)™t = (5'K).

AT ICAERE S o WA REEN Fix(o) == {i: o(i) = i}.
EIE 4.9.7 (E. Galois) % n>5 Bt A, ZHE.
SRR H <, H # {1} MDA EPERRITAHR I —A 3-065F o € H IR, K5I
o€ H~ {1} lif§ [Fix(o)| MR fE2.

QR o BRI Aff h HA R, IR0 e 2 /0 Ewimian (ig)(k), Hd {4,751 N
{F,l} =2. BT n>5, ATfLr & {i,7,k,1} H@EX

7= (klr), o :=[rol=10r" o7 e H (-H<A,). (4.7)
W EAEWIE i, 5 € Fix(o') \ Fix(0), o' (k) =r # k, DA
Fix(o) \ {r} = Fix(o) ~ {k,l,r} = Fix(o) N Fix(7) C Fix(¢").

5.2 [Fix(o")| > [Fix(o)], /.

W oo MRS R > 2 I (ijk ). 83 o = (ijk) W2 PR 3-1
W WA o AR 40835, o IRT 4,4, k ZANEIEh = DPAHRTT r, 1 HIRDA
(4.7) £EX o' € H. W[PARRIIE j € Fix(o’), o' (k) =1 # k

Fix(o) = Fix(0) \ {k, 1,7} = Fix(c) N Fix(7) C Fix(o’).

PRI )& [Fix(o)| > [Fix(o)|. BIFIAKILE. O

M0 > 5 B Ay, RIS AR, FM TSRS TH S ST 2", TR
SEUERA LR A O AR oA g (2R 9.7.5) MIHFEEHRL.
o R
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AR B 216, = A, WAEFERITIS, 4 n > 5 B XA i > 1 BE 26, =
21U, = Wy KT AR EERIBT S WG HE 4.7 4. D
EEA A FIRIE 2, = {id, (12)(34), (13)(24), (14)(23)}, AT (Z/27)%. A
Won <5 B &, HiSEalfE.
TAVEEFZER S, MR MR —IF% A 3.3.8 $RBNMEHE B,. 2R
ZFJTJE’J*’JJ‘JDT ELHE, B, RBIAE n ZLGEE TR, B TESR
S IELLTEAE T (B, AEIKLR) WM. 1l AR R#ED (n = 2,3)

< R

HOFI 7=V 22 e i Do e2 5 o N o Tl 2

aNal >“

EEHE—EWAL By MATCE n X AT |- | I ERSERXKCFRPES 545 th I
WE, ATRARC? i L
W11 R I FHBEFZS Br X B — Bhpym.
BB ={1}. AFRE n>2. X 1<i<n, @XITEK o, € B, HfFHA P
i+ 1 RSN

i t+1

HARBLRMAMMELSE. KHEMAY i —j| > 11, 05, 0 BHHRNEAL 0i0; = 05033

71, “#-Baxter JrFE”

i i+l i+2 i i1 i+2

SRS

o ( g
HW 0i0i110; = 044100541 X 1 <@ <n— 1 EB. HEEIAEEWHBIE (a) TE
Oy ey Ot 2B By, (b) XKEREK |i—j| > 1 = 0,05 = 0j0; fl 0,0i410; = 044100541
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SEETNIR T Bn BUGEH. SRS UL R A B i R

<O’1,...,0n_1

XAFEREERT A By, W3R MAREE S, TRl B U M A At S B R
By = Z, % n >3 W} B, ZILT5AERHAE.

WMAERAPRIKR B, 5 6. XEKHET © € By, & LMV o € &, MIFEEM
Jis @ GE R W o (i) AR

(4.8)

0i0j = 0;0; li—jl>1 N
o= ).

0i0i410; = 044100541, 1<i1<n—1

o)

\ .

Dy Wik RS B — 6, BRI

By x By — Busm

| l

Gn X 6m — 6n+m
e, HAF 05 € By MLER
=0 i+1)e6,, 1<i<n.

F1P 4.9.4 WiF EAVER &, WM B, MR (4.8) YIA, FATAIASEAE &, HPEIE

|Z—]|>1 = TiTj = T;Ti,
=1, 1<i<n,

TiTit1Ti = Tig1TiTiv1 = (1 1+2), 1<i<n-—1

FEA o5 = 7 B TR By — 6, XSG — S EARA P X2 R R A2 45 i
S, HIJER?
MWL, TSRS 7 ARAPAE =R R, BOLG RS LR E X

~2
7 =1,

1<i<n
li—jl>1 = (/%)% =1, (4.9)

(Fifip1)> =1, 1<i<n-—1.
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EX G = (Fr, . TR T (4.9)), BAME &) = {1}. W2 BB B, — &), —»

y

G, WL 0 = Ti > 7o W By IEF] &), 12T 24555 Q
(

EE 499 wat &), -6, REM, #F5 2 (49) HELE S, HER.

WA RS 6) — 6, R IFAS, HERIAHNEN] (6] ] < n! HITT. A n = 1,2 B
e FJL, AR n > 2. R (4.9) B ARFEES 6),_1 — &), ATE A 2N
FLAE, ERRELL &, VATRIEMITE 6], EHFBEHIE. HSWE

&, =16, 1UFm 16, U U(f1 701G y),

F RN, A5 S, < n|SL_;| < n(n—1)! =nl

SAGIE ] % X0 AR 7 AR TSR, I8 7(7 - 701)6) 0 M
i=j—180i=j BRRAEWME (77 =1); 20 <j— 18 (4.9) W 7 8 0IL
B &)y, WOREIA. MOAFRE @ > 7. FMIF (4.9) WK 70 HF ChaRiaig
AL THE), EHE

T TiTiaTiTip 6y
HENA (4.9) B =X (AL (4.8) FRIEN) L2 H
e TiaTiaTiTica g 6,y

AR i A EEAREEITIEA &y, SRR 2R T O

J&rs (4.9) RWRXFRHEJE T — 2K PN Coxeter FF MG, ENTFAIEI W =

<S|(st)m(svt) =1, s,t €5) WEmR, H

o S AR,

om:S xS —ZsU{co} (B oo BIFTLHER),

o Vs,t € 8, m(s,t) = mf(t,s),

o s=t <= m(s,t)=1.
B 4.8.14 R THAAHE Doy WAAXFPEIR. Coxeter FEZAST Lie f, Lie MAECFIAH
KFRHIE g TH.
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4.10 smimminscSwk

HT §4.8 fUMEEANGI 2.8.7, BERE Grp ATHL1EwE Ab ] DARE SCHR ling A1
Wm. HETRCAER] 2.8.7 REWEM. ATRFRASRT Im 5.
XFF/NEWE I, SE R T B 1P — Grp MM T4 & — 1R {Gi = Bi) =i €
Ob(I)}, FHXRHENETk s i — j #EERFEZ B(s) : G — Gy, 1§15
o Bid: i — i) =idg,,
o HMHEk i = j =k HHANREE Gy — G — G,
B 2.8.7 BAF lim, G; = lim B {FFAEVEIRENBUN SR AL T ROAFAENE. T3 2.8.3 UF
b AL, (A5 3] HH 1  2ek

hm G; = {(xi)ief € HGi Vs i — g, B(s)(zj) = CCZ} .
i iel
R4 lim, Gy HSER T, G T MRN8 A WIS p; < lm G, —
G;.
%Tﬁﬁiﬁ I ;Hﬂ’f}ﬁ]}?% (I, S) é/ﬁl\tlj (%%Eﬁﬂ 2.1.5); HH (I’S) %ﬁﬂﬂ@, El”f
BPITCREATIER LR (3 1.2.3). SRRy Rabid Jmbay— MG, i 102 X 2.7.6.
2 S SN S, PO (63, 53],

EX 4101 —Nad# G BHAE G ERARIEHN, FHRE M GxG -Gk
B#EH i:G— G EAHHELRA.

ARG FRIERE (R, +). FENER, (£ g € G WA Rl MRS A iR
G — G, BUIIRE. BT, #Erdhfbse b L0 1 4R S, IR B REAZE A4
FERFHPAE SN G I — %, MH. 10— R B A AN G 5 ) /2 R et S ok,
GERE G T {Hi 3 lher, BERALAFRIRT G IS, % T
G 1 AR ITFARIEE? AR REEXEIICE S T BUE (1, <) 2B i 74,
i<j = H; C H; iiH Vi H; <G, IR RINERAAE: 58 1

THECGHNIF < Vo€ FE, Jicl, zH;,=H,x C E.
Sy WX B G G, BRUE AR PR ST 20, SN B A AL T
5132 4.10.2 % G HiEE, N

G : Hausdorff < {1} CG AR T& < m U ={1}. (4.10)
US1: 473
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WA, Tz € G HRA — 4L B <330 Ak i 4R

SERE RS RMEA @ € G N, = (o MPF AR} SERT e T AN i
B N, = 20 = o9 RSB © TR IGH), T

re{l} <= 1€ (V=[] aU"

ven, Uuen,
— z'e ﬂ Ul < z¢ ﬂ U.
Uueny ey

BEZ {1} = Npen, U- HIZVEE A = ME—4 < < g
ESESREL v G x G — G Bt (z,y) K xy™', A G 52 Hausdorff 25 [0 541X £
T4 Ac C G x G R, H Ag = v (1) i {1} C G A

8RR ¢ =1 WEE; B TREEEMIESYE, SHMEMIFLEE V o 1 Bf7
EIEUSIHH UV CV, RSN U UG T UL U X2l NgelU
4 Ug N U # 2. O

SI324.103 w4 # G W TH# H & 1 4, Il HBFXA, H G XA &
(G: H) AR

R HUT4% U i3 1 € U C H, Wk H = U,epy Uz RIF. B G/H 1E G
—IiEREIC S, MBS R (5188 4.1.12) 4 G WHEE G = [,cc2H. TR
H=G\] flefoH KH, T HM G OEr 2 AR O

[l Im, Gy SRR G BREIIME, HXHEA 0 <j FE G — G BiEsk
TAR [Lie, G TRRED (L [57, §3.3]), K8 lim, G B4R T BRI,
51 4.10.4 40 lim Gy £ 1 A — A4

U, = (pi'(U), Thocl: ARFE, Uis1: FF%E
i€lp
WARHE. FE G #R Hausdorff X, W lim, Gy P 4; wat—FREEFN G &
%, W Jim, G5 &% Hausdorf = Jf].
BT e (1, <) 38, MR T Lo B B 5, i3] 1o = {7} B

MERR AR A R B P E SO BB HE IS, Hausdorff 25 8] (1 BURT - 23 [a] 45 /2
Hausdorff 1§, 1] Tychonoff 5g#f [57, FEHE 7.7.2) WiE B2 AT E; M Hausdorff 1
FrrlHfE Jm, Gy 2 1 Gs WP (2 B — RS B 47 2UE 30), MUK O

TERB e, Bow W8 G B aREFNEIE, IHIRT G BHEh
i i>A Hausdorff 'E#E.
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EX 4.10.5 (pro-BMREF) FHEXT Hw lim Gi, £ (1,<) kA TWAEAN G b A
W iy 4 11 2%, #11F pro-HRRE¥.

EIE 4106 — MR G £ pro-AREY BN Y ¥ & Hausdorff %2, WH 1 4%
— 4 i IE AT AL R B AR B

JERE Rk G = @11 G; N pro-GR. FAIEBLEA G & Hausdorff i, T3 4.10.4
Hif U nTHCH {1}, A 1 A 4R8IeEE i — TR E RT3 U

PRI TNEE G W6 TR A 0E, B2 I B FREAL R ARS8k [ At
TRFME T BT, SBEERMMERLR (1, <) 38 FEXTNT @ € T WIERFREC
b N;. 53 4.10.3 Z G/N; HIR, N; BEFF HEA.

RAGZ VLT, EEHUS ¢ : G > G/N; ME THE ¢+ G — lim, G/N;.
BAIW S ¢ BIMIMEW K. 85, SHERIE ¢ #2:, i H Hausdorff 1 5 i {4
ker(p) = ;e Ni = {1}, # o FHIH. SWiE im(e) £ m, G/N; HHE. WA, B
@ = ()i € lim, G/Ny, IMEBAMRTEE Lo € I, RHHH] 271 im(p) 28 N, ker(pi)-
MR UE S )T X, A4 To I— DB ke I; Wy € G 15 qr(y) = ax, 24T
BA i€ Lo F2A qi(y) = o, BT 27 0(y) € ey, ker(pi)-

BT G Al lim, G/N; #4025 Hausdorft 25[0], £5 E o HBHCARIE (WL [57, §7.2]).
HH BT AL O

FEIC 4.10.7 DL RS MEBCE A RAMRLIER: G Ol pro- AR HALY G 25
EATE RS IEBIL (63, Al 1.9.3)].

X 4.10.8 BREN) % G 47, FOLRFE (1<) et w4/ i € Ob(l) BUE
EMTH H <G, #HBK i<j = H; C H;. Wik lim #EXF T G, = G/H;,
TH i <j (8 i) BHHAA G/H - G/H. SR lm G/H, #ff G X F Bk
(Ho)er HREL.

S A BN o G tim G/ H,. N FRMERRE <5 L™ A
K. (AR, SR SE RIFAE 1 ATHC BT TUA Cauchy SIM Q 1938 R 19Tk
SR AT SEAH AL

EX 4109 FHI# G B EF (20)n>0 A Cauchy B, W RXEE 1 8 I 403
U BENZO0ER nm>N = z,2,,' €U. & G E 1 H—ATTHARRIE, 4o
RE G B> Cauchy 73 H S, N G A&

GBI 1 TR, B8 G FERINE SO sE R X R
RIS o0 G — G, R TR eI

CO.1 1: G — o(G) C G RFI;

CO.2 . BH;
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CO.3 G 25241 Hausdorff HFMEE.

SEAALII R 7 7 SR Ik —Fh, BEE TR CO.1 — CO.3 ME—ZIm T (G, 1), Kt
B —ANME— A, HAERA T DAS: B K R/ A 10.1.4, B 23 [0 TE [57, §8.1].
TR, X = S MR G e Z W A G iy Cauchy #1432, i HLA 38
B9 € G RIBESE, W G oLz AARFRAY Cauchy B (20)n, (yn)n A EBET (4
n>>0); T G gsseam G i, fi T2,

I 41010 # 5 X 4108 FHFM {H; < Glier FHEE N, Hy = {1}, BT G I
{Hi:ieI} A 1 @42 Hausdorff 4844, HF R T & G/H, Bikirdh. #
—HE T THK N o G- lim G/H; #% & CO.1— CO.3, FT 2 HEE T 5%
&1L

WA ATRURPFALIR G ORI G = N, G Hy FE L TCAR ST PT RSN, ker(1) =
M Hi = {1} 50« JH. 51 4104 G WM U = {§ = )i €G:i<j =
gi = 1} W N Uy) = Hj, BIASE]  JELEM CO.1. & F CO.2, %t & = (7;); € G
FUESEZ j € 1, UG 3 ;v 25, W o) € 23U, ) o(G) T

%t CO.3. XtF G Cauchy 5 (2n)n, SMTELAZ j, M4 n,m > 0 B &,2;! €
Us, 80 20 1 G505 o> 0 BEREEL 10E 75 € G/H;. B &= (7:); € G B ()0
FOR . -

D 41011 B R AREELI AT B, MSERVEATBAM (Moore-Smith Jgiik) i
BT HUEF WA, A TLE §10.1 SIANETF, JFELELE 01 G — G 1.

1 4.10.12 (p-#8R) I I W2 FHE Zso. WA > 0 EX H; = p'Z. 241k
Jim, Z/p" L ARKE Ly, HIOTETIER W (a; € Z/p" L)is1, W2 a1 — ai FRILH
p-BEEBUWIIERE; FATRAE §5.5 ) Z, LrsReikaity.

1 4.10.13 (Tate #8) 1 A WAHBE, ¢ HZEC I T = Zoo A1LE. WG4 N € Z 8
A[N] = kerfa — o], B4 N | N — A[N] C A[N'; B A[<] = U, o A[6"]. %X
BTV i I°° — Ab B

V(i) == A,
V(i —=i+1):=[ar a’].

B Ve(A) = lim V(). HITHE (a; € Al>))izo HHE afyy = ai. FRHLHHIE Tate
. LARIRET E T T2 I°P — Ab, HEDR T(0) = {1}, 132 HRRE

TZ(A) = Ll_

K2

T(i) C Vi(A),

PRt A (1) Tate #. #5EEF] T(i) = A[¢).
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HBIZ. WEKE E = C/(Z® Zr) Frstiy s, Hb Im(r) > 0. Bt
(a,b) = a+br FHFAMY (R/Z)2 S E, i (R/Z)[(] = (7'Z/Z. 5 ILES

amod Z — ¢+lg mod ¢*1t17Z

m m

—i717)7 —=— 7)0HZ

* PMJ{ J{Tfﬁ

(~i2)7 ———— TJOT,
v w

la mod Z —— ¢T1q mod ¢'7Z

e, W Ty(E) ~ Zy & Zyg. & T =7 & Zr, PALIRIELINE T Ty(E) ARRMT T
K (0T)i>0 MI5ERAL.

2 0 Bk T 2250, AR To(E) 8ot “BHl” T X E g T, mjaHE g
E WRINRNE R Hy (B, Z). X ERNEAE B R 2ER. R E AT EES -
P2(C) Wiy =R AREHI 2R, JER— AR O G N FRIRHEIE ), LR C K
B f 4% Jo— PR Re A A B AP S B, AH A il AR R & A B X PP AL
HE SR & AL FEAH SCB0E 7] @R 01, LS 2 v =0 IR [ R 3E, Tate £ Ty (E) i
BCARA T T A.

411 mwdpyey

s Grp, Ab M E 2R T A D, AT SOLTE AT, UG e — R
PHAT “HE” RRBNTGE. 1 v] DA RS BE S R 26 252
PATHLC iuis, H-Bix C B A IRA Fpilih, C A — g4t 4 1, JRRD
=R
EX 4111 i C FWBMRAE —RIOH (G,m,ie), £F
o G £ C x4,
om:GxG—G (Fik),i:G—>G (B#H) Ke:1>G(47) = C FHAk,
TR A&

> ZER ECPTAXBEX

Gx(GxG) ————— (GxG)xG
idg X ml J{m Xidg
GxG G Gx@G

m m
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HEEWMTALAREN Gx (GxG)~(GxG)xG EMis4EHE (313 2.7.11).
> ATTHR FEHFARLEEGAK (ZRER), RINERTHX#

G
| S
1xG idg Gx1
mo(exid%‘ aq 4(idgxe)
> FTHER TEX#%
. ) G .

(idg,i) (i,idg)
G/ l{ \ G
Gx@G 1 GxG
le
o~ pe o

BNEEEEHAELFE (m,ie). BXE G, Go ZFIWRASZIEFE m, i, e AL
©:G1— Go, XY T T B R #H:

G1XG1LG1 G1L>G1

SN A

GQXGQWGQ GQTGQ G1T>G2

ST UL LB K FLH, B A, WEARAN Cx G Gx GG
(BEBH 2.712) £F Gx GG, Nk G H3Hw.

DI SLIR SR O S RE 5L, I C — Set sl Fl 5 ¥ 4.1.2; % R
TR i, e BB EN, RS EIE T R TR IR Y. BENG R SR 7T DA
] C I, B C G IR AT AT fE— A% % E € Ob(C) Bl L {F 4

a:GxFE—FE

B2 W 441 P50, i RS s AREIE ], SRS S T . 240K
XV AL S, 260182, RTHTRAE (F171 4.4.12) CARREIERE L THY.

i a.11.2 Jiws Top AUREXTRALZIRAME, MG RIBRGHORENT 22 Lie #F. X7
XEREE J& LT S 4 S . 357508 Top Hh i 8 4 A JE 0 5872 0] #4) 1 ) 4
TIEE, WA R e pro-f REE, SFEIC 4.10.7.

MESC 4111 AR R P T AR Gk SO AT 841, TR T4
BLIR EIYA. RS C MR ETERE. FAT15IA §2.5 & g C = Fet(CoP, Set) K&
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KHHRA he : C < CN.

EX 4113 sk " FWBRFAHTR G RUT — k% XtE4 S e 0b(0),
LR&Ee GS) LW —PMEEM, FERAERC FHIH [ 5 > T, LB
G(f):G(T) = G(S) HAEHRAX. %5, BETLF2Pw

G:C® = Grp

BT, HE R RS, FAERQH B A

HRA i 2.7.8, bR T C FPAFAEAR R/ IMEIR. X LR IR E S “B A7 1, 1
(X xY)() = X()XY() 1() = {pt} %% T

G € Ob(C") G € Ob(C")

%k G(1) x G(+) ﬂ G(),... PR (G < G)(") % G()s- -

!

G € Ob(C")

! . G(f)
S = T ~ BEAZS G(T) —— G(S), ...

G :CoP =5 Grp G € Ob(CM) : BT

H M R] DL RR IR C1 PR

HERR T LU R R G AL B, WL HERARA Zxt S € Ob(C) BE—Hilk, JRRIL 2%
T G(S) L. — X RGBS AT DA AE5E, e C IITE, T4 — 4R
TR TR ATRE, WE L 2.5.2.

514114 &k C AAARR, N
h:{CHBtE) — {C P HBET).
EEREET, HE G() TRUBEET (G(), ) BMEHT b B EAMEL
IR BCORERE 2.5.1 (W E L. O

HER T IS 2 — 2 §10.9 BN 210 Witt ke T W : CRing — Ab, X i
CRing A IR LmE.
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EHEE B

IR 4.11.5 [, C° R A R TR AERFR T G AUERL E € Ob(Ch),
POl e e ICAR RIS S 43 FIE R

a(S) : G(8) x B(S) — E(S)

XA £ S = T, W%

G(T) x E(T) — E(T)

| |

G(S) x E(S) —— E(S)

e WHIERIER) G, B RIS C PR RN o : G x E— E.
UERCREGUAT AR FRER, B4 X R AGTEWEIA. X LR TR

9.
10.

11.

12.

>R

- BES OBERE MR 1€ S R L0 HARY (1) 1-1=1, (i) 1 W%k, AiFHEME 3E5A

Wikt HEE X 3.1.1.

PAZ S AR R A R 4.2.4 (WL §2.4 WITTE), H Ul BT ETE(TFP & SCT ME—H 220 T 5 £ B3
M/ ~.

WEWIRE G T4 S RFREYEAY S B2 HIHEH (2,y) — 2y~ B
B G WAITCE « HE o = 1, I G cf.
WEWIRE G RN HIAW {Ady : g € G} BN Aut(G) BIERLTHE, i02 28 Inn(G), FRF

B Out(G) := Aut(G)/Inn(G) A G WShERMEE. HITIMMXMEERY K1 > N -G —

H — 1 AAMSHFEZES H — Out(N).

TERA 24 Sy BB A

KHATIREE G HOFERE TRE H, K, TE0 |HE| = UKL

(Neumann 5| ) #& Hi,...,H, N G W18, 3 BAFAE {ay € G}lléz%m fifg G =
Sisn

Ui,j Hiaiy. WEBADERAY Hy 1115 (G - Hy) AKR. Ak n > 2710 (G : Hi) 655,

BEAAAE Hib 5 U; Hiayy Fo385 iEW] Hi C U;so U, Hiaiib ' PABIAF] n — 1 K5 TE.

UERME A IR G HRRERR AL I ARTE ©n. (89R ) ik G ERA RS BB SR

B H 2B G WTR (G2 H) AW, M EN TR B <G 8% (G : H') AR H
H' CH. ik G T G/H AR, %IBRG G — Au(G/H) 19k

UEPRA AL OCR @,y BB a, b € Z>1 B3R, W ay BBECH ab.
B A A RRACRE, A TR, BRI A — Q/Z #RREEHE] A — Q/Z.
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13. B G RERMCEEM N x H HHACUAERRY K 1 > N = G - H — 1. XWENR
CEEBUME/ MR K) T AT SR —— X7

14. B I NEAR, (Giier A—WHLA T AfaIRHRE. &R Lo C T A RTE, mHXHEA
i€ I\ lo B&ETHE Hi C Gi (MRMVFRE: MILFRBIE  fE Hi), & LERIRN

;eIGi = {(l’i)ie[ € EGZ ABERTLEL CI, 14 ¢, = x; € Hi};
W52, WATEREATCRI LT g ML R: o #5960 Hi. IEW [T, ,Gi 2 [1e; Gi WTEE
WH H; = {1}, iS5 A mER B, Gi

15. X TESARE G EERE X EWZAER, iEH:

1) 1G] |G\X| =3 jcq {z € X : gz = z};
(i) —MEBIERR 2134 ALY Y, o e € X : gz = a}* = 2|G).

16. % G NEFE.

(1) AHMERE TR H C G, LR G/H 15 G-S{ulE 1 B MRS T Ne(H)/H.
(i) XHEBTH H, K C G, Wi Mgz H\G/K #R7E G\ (G/H x G/K)
HIRU, XL G % (aH,bK) v (gaH, gbK) ZVET G/H x G/K.
(iil) ZI& G x G T A= {(g9,9) : g € G}. fir Conj(G) 2 G hILHERFTHZ A B
Hgth A A\(G x G)/A %] Conj(G) HIXUR.

17. WEWTERTECH pa (p < g HERED) W G, Sylow ¢-THEERZIEAM, MH2Y ptg—1 B
G ~17/qZ x Z]pZ.

18. UEHFECH 30 HREEZA IERAY Sylow T, HUElEHRRE.

19. & F HEB, [F| = q=p™, Hh p BFE (MAREA BRI SZE ARG F = Z/pZ).

(i) W REHE F 10 nox n-nl 3R R ERE GL(n, F) BIMELG
(i) BIER L F=MAMEF#E U /& GL(n, F) ) Sylow p-1H;
(iil) UEM Nowon,ry(U) 20080 1= FE BT RE

20. XFEEL p UIEWIXIFREE Sp i) p-THEAECH (p —2)! A, FF Sylow 25 = BT W) 55 4
EHE) Wilson EHE: (p—1)! = —1 (mod p).

21. JERAE G/ Zc RAEIEE, W G 2 IERHMECH p° GXHL p WEE) MRS k.

22, % X NHES, WAL LR (Z0)eex X A = {1} BUREEUR H i L8 M(X).

23. §EW] F(X) M3t 287 T HERR.

24. WM HCGWE (G: H) G, IEFHAT kgt REMRZS Gab e Hay,, TR
MRS SRR G = =, piH, X g € GH gpi = pihi, H hi € H T 1< 5 <n BT 4,
ﬁ Ver(nger) = Hzl:l (hiner)~

25. OB G THES X 1 Gi,....Gr h G WAETFILTEE, G = (Gu,...,G,), HEPEDE
—ANTHEBEL > 2. IERH DA MR FR R 5 B SE R RAFEARR RS X, .. X, C X
fiifs

Vi<i#j<r VgeG {1}, gX; C X;,
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RIME B G v # Gy 1 G 1 A R 4. AR |Gr > 3, AUEH
AT w BIE X FAERAETN, W w=1. X w # 1 BU&E 4 L85 A AZ B TR

26. %18 pro-H A G == lim G/U fl H :=lim H/V, 3]

1%

Hom, (G, H) ~ %nli

g

Hom (G/U, H/V),

<l



B it

TR B A NEFISRIE PP — Tz RS54, R S5 G, OS] Az sE I,
IR EERTGE . SARFAIARAGI T2 B BA 2. HfEim) 2, FERie, AR —
OB, A ACRSCRE R S IR RIS TA M A 3h; ISR X A k4% T, Hilbert F+ 1897
AR CBOEIEY P IRG I TR, HIFESOREESC der Zahlring, Bl KR
AEZ IR HRAG] T2 0 o< n-JEREER, AN nox n- SRR M, (R). 252, 3145
HERCA R R —H T4

KRG AR A H IR TARTE R BB WF TSR A SR 22 5, SR B S A A Hp
Fr ke, AR ERNHE. A H UM PR IGE R EARE, F a2 AR T
2R, i Wedderburn /NVEBE 5.2.6, ME—3fFIE §5.7 DA AR Z A 9128 Be
§5.8; XKLL RIB AL G LEE T

WA TIVEER, TS 5 L TTiEh, M H— BB # {0}, S TR irie, it
LEREWE Ring WA ZE 2.1.4, BUEFrie MIMEL G RUOCNERZ /N 1.

R
ARG T AT, F TR AR L R, Wk A —
el G (BRI AT J. 4 §5.4 14 Mobius [0 WA H A, —RIBUK
P LI Mobins AT K, — RUIER AL A1 )
BT 22 -

R RSB OIS, TAHE §5.8 513000 Young FALFL
FARBEAR B R0, JUHER AN — SR B BOL.
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9.1 ==xm=s

PR E i, WS RIRIES TR ARG, TN B RSl (1855
YENRE) LRRIEEEH, JG— WA ERE AR S ().

EX 511 (£2) WE—AEHR (R +,), £

L (R, +) BX#A, ZLEH A MEMSSFITE (a,b) = a+b, k2 TiLA 0, Rz
A R Hy ik A

2. ®EEH RxR— REILA a-b=ab, HRTRMER: HA a,bceR,

oalb+c)=ab+ac, (b+c)a=ba+ca (HFE, HERXEHE),
o a(be) = (ab)e  (FFE A1),

3. FALR LeRERA A ace REH a-1=a=1-qa, 1 R ¥ (RiE) 47T

BrEfu £ T X ERBE S (R, +,) MRIEEL L. H#F% S C R (+,) Wil k3T,
JFEA RERRBENFRELT L, MK S A R T, &k RE S HHY KKy 3.

PAbSE SCBTR T (R, <) ML B, #0400 1 @M/, BERRE R 1r. T3
S C R W ST (S,+) I THEMT (S, ) T LM 2RI b — ab XHEEA
a € R FZIERE (R, +) AR, B APEM o-0=0; [[H 0-a = 0. i,
(—Da+a=(-1+1)a=0 2 (-1)a = —a; [ a(-1) = —a.

AEINE 1 =0 ’HHEA—DICEK 0, IETIR. ARWA TSR], H &R
TR E LI, HHF (R, +,-) FICH R, Hrpx i diy R adidh R X FSEH
KT LA Pl Ti S 2 — 2.

EX5.1.2 & R A, @XHEMKIH RP = (R, +,0), HPRFEEH © KA

a®b:=ba, a,beR.

# RP =R (Bl: ab=0ba B L), N R 4 THRIL.

EX 513 % RS A, Wit o: R— S HFHRETALHUKAFRL: XA
a,be R

o pla+b)=p(a) + p(b), XY T ¢ £AEENFL;

o p(ab) = p(a)p(b);

o p(lp) =1s, NEWAMLTH ¢ REELXLHNFAAS.
WEHEE 1g, 1s MR AL, RAET LHZ W ESHA.
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BT S AR [ (RIAT3 R ES), HIRAS, A FASARE, 5 §2.1 S ig i —
B, AR

AR @ R BACE BRI, ¢ BB im(e) 2 S BTER. XA SKA
FH ker(p) == ¢ 1(0) WHEE, FATH LR BRI IR BA.

§15.1.4 AR HIRMBEAG TREMIR: & n € Zoy T R W, & LEKEIF M, (R)
BEHTEZ A nx n AR

(aijhicij<n = | c|, Vi, a; €R
apl  *°* Apn

Ik, ke R~ WA MEIE S, R ENX EABSK R it I L oo

()

f5.1.5 B (A, +) Josciedit, W A 19 EFIZSE End(A) B A AN HRZSH
BIGNAIE oy = ¢ o, I ¢4 € End(A), MIAERTPA “ 78 5™ 52 S

¢+ :ar— ¢la) +P(a).
FHRULLAE (End(A), +, ) BEF, X702 ida.
BB EIHARY. B RO, XHEAEEE §4.2 KL HEES R EREN KR
~, A AR TR T R/ ~ MERIFREGH, (R R — R/ ~, r— [r] R
PRRIES? PRI o MR [, AR KA — DIk T 1 C R e,
BT ror' € RAY

(r~r) < (r—1"~0) < (r—1r' €l

IAETH A TRIE, ~ i e Ak
(r~rYA(s~8) = (rs~7r's).

MR ABEGH rs — /s’ =r(s — &) + (r —r')s’. RN AL N: Vr € R, F



158 FRE WL

rICI, IrcCI;iXH

rl:={ra:a€l} CR,
Ir:={ar:a€l} CR,
PI#E SN R AIETRE. S5 bl R & L0 HIA LRSS T IR=1 = RI. T2
FATHEHR AR E X
X516 & R AH, I CR AfwikTE.
(i) #xdENre R EH rI CL WA T A R §EERE;

(i) ZHEANre R EH Ir C 1, WF T 4 R HAEE;
(i) % T 344, HEA, A ERAEE.

WRI#R WA, FERYBEIRALER. REHW L, HFRET 2, HEAEML.

KT ME TR AT ST ARCTE N T XHIEEA HARZ, B2 (-1)r = —r. BARHEATPA
T URh ] FB

o & I, Io N R WA (BiAHAE, RGAHAE), W I + I, 5 I N L 78k
=2, SRR R WA (BUAPRAE, SGHPAR) {L -t € T}, B XHAM

nEZZl, t1,...,th €T,
ZItZ: 7”,51—|—"'+7"tn1 5

teT Vi<j<n,r, €l

Xt T =@ AEasfich {0}, WY, op I R AFIAR (S FAR, BUAFEAH). (W3,
M T £ & B, RUBTEAAE Ner Lo UL

o X R WMERE T S, & Xl S AP Zc A (304 B4R, SGHPAR) A S 1
/N A AR (B AR, SGHERAR), B o g 1, Horh T Ui 20 BAR (S04 BEAR,
XGHFA).

o B I NBUHIAE, S R TER, WS + 1 7RK T3

o W S AT, [ AE R PNl (SO HAE, XCAPAE, T35), M SN e S F

o ESOBGNMAE I, J W IJ il 74 {zy : v € I, y € J} AIRABAR, HEE]
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1J BITCERRER NIXLE oy ORI BUZSRA AN RSP,

IJcinJcl+J,
O on)g=> g, JO L)=> JIL,
teT teT teT teT
I(JK) = (IJ)K.

PN B G — a5 G, TESCHRZ MR I - L PIAR T BORR0CAT i
He I°=RFNTF =1-T°71 R5E X, uhk k € Z>1.

— MR RAITCE 71, € R AIBGAIAICH (1, ... rn). TECHIAIIETE
&g‘rﬁg/ﬁz (Tla oo 7rn)~

EX51.7 %1 HRGNALFEE, BT MER R/ FrsEwT
(r4+1)-(s+1):=(rs+1I), rs€R.
W R/I # ik — N3, %A R I W WS R — R/I RABERS.

FAEE X 5.1.6 HIIHET e T R/T #iSEMER, KA I0R 1r/r = 1r + 1; T
HMWESGIRF R — R/T B9 R, REEE R/ RFHRYHAY I = R, BATEH
fHE T RREIEANEE. B R/1 MRfEa iR fE mod 1.

f51.8 &necZ W nZ 2 Z WA Y n#0 WNEH Z/nZ PrEE AR
WHR RIS FOdRE, [EEHA I CZ 0N I =nZ fiEX: I = {0} BHAAR
T, WARENE TN Zso FEIM/NIT n, BEFRERIER T HITRAHE n BeRR; 5K
n >0, W n 2MEFER. XEYW Z 2GR 4 R (X 5.3.7) )%
Bil¥-.

FIER 2 —LE SR SLE A PR BN T, AEPARIE A i, B fEgR~.

WRE51.9 H ICRARUWER, MNEEFAS ¢: R R HE oI)=0#,
EE—MFAS ¢: R/I - R 4T EHR#H.

R—* 3 R
+ /3!¢
R/I

BE51.10 % ¢ R~ R AFAS, M ker(p) = 9 1(0) £ R %K, HiFS
FI% @: (R/I) - im(p) Z3FAH.
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EE WL ¢« Ry — Ro, HUREA A AR

{RoXGH AR} — {RaHRUL AR}

(5.1)
Iy — o7 (I2).

ISR A
Lcl, = ¢ (L) C e '(1}).

WH @ S TR EBUN Ry — Ro, 15338 I — 0 Ry R B — M, BIF
RSB IRAS (12t 5.1.10) I E.

BB 5.1.11 % o Ry — Ry ZWMIAELS. M (5.1) F 5 d w4t
(R I, C Ry} s (WA I, C Ry : [, D ker(p)}
Iy o (1)

w(Ih) V1.

fi AR AL R — Ry — Ry, B8 WHFAM R /o (1) S Ry/Io.

EEHIETH S C R LUGABAE I C R GMFAE S — R— R/T BN R/
T (S+D)/1, EMBZRAE I0S. IR IEN SR H— 25, 2iog k.

WRE5.1.12 ¥ SE RWMTHWM I £ RWNLERE NERAS S > (S+1)/1 %
NGRS
0:5/INS — (S+1)/I

i = A
e PRAR B BRAEU 6 B M R E R T 70 8 — A L.

5.2 nzeswRmF

B ROAES, IR BRI R AEE. XHMER © € R, & CHHOLEF

Zr(xz):={r € R:rx=uar};
MR BFRILEH

Zr:={r€R:Vs€ R,rs=sr} = ﬂ Zg(x).
TER
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XL R )T, MH Zr 2343F.

BESR R A FTEMI L L A E0E, BT 8 LCH TR AN S Y. & r € RIEH, & r
W, A0 T AR T B A RO RX . AR o # O S ' =0
WFR r HEZBEF; ZMASE 'r =0 WHKEEBEERF. A R PASRAZH TGRS
PRAEEF. JCER r € R~ {0} FEATH T4 HALY r 1920 W R IH A, X2hT
ra=rb < r(a—"b) =0; HEHNTHIFEI.

F IR IR R, XL CR AT BUE A 0 (—D)r = —r,nr =1 + - 41

n Wi
(—n)r = —nr 5% (8 n > 0). FUERENS i
7 — R
(5.2)
a—a-1lp

RHIRFEAS; XWEMN Z 8] R ME—FE, BO&T Zr. i 5.1.10 F1f5 5.1.8 HIH:
GRS THA Z/pZ, Hofr p € Zso 2ME—1Y. WO p# 1, BN R HF 1=0
S8R REIR. i p b char(R).

EX 521 & R AT, & HEEA L& # char(R).
WER R PEAAEREN T, W Z/pZ JRR, Ja o2 BALY p = 0 S8 ATHY
NATEBGE G SN I BCHIR R APRFIE N R p, W

(u+0)P" =u" + 0P, wveR, m>0; (5.3)

X2 R T IGE AT B 4.5.8 B EEV .

X522 FAFTHTET R AEIR.

EX 523 EF RPHENEETETH, WK R ARIR. B IFH A
HATINAE, RIAGERTER; LSO BRI AR A4

f15.2.4 & p HEE W Z/pZ J&3%, —BEch Fp. WK, %5z € Z Ml p HE, W

PRALAHRVE R 2y + pz = 1 HREWR v, 2, B y + pZ 25 © + pZ WFE T

B3 D R RIVERRYE, MUFEAEE S 1 s/ N T, B8 D IIEFIE; 24 char(D) = 0 |,

7 — D, HZRE IR T A Q; #F char(D) = p > 0, HE g bk F,.
R EART, JUA S5 Bl BRAE 5 S A 5 AR B A B K . ik

AR RAEEG]. EPE 5.2.6 MIEANG FF— 2 2 WA S 50e g mH.

Rl 5.25 AMA D ELEEHEERT, Il D L AHBRIK.

WA % x € D, o # 0. AR D B H B IZERB Ly : v ar G
N D AW, L, ABEXUN, 8AAAE ' € R (% za’ =1, Bl o A0 [FH, HEATR
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WL AT« ZEv] . [ @ € DX, O

EIH 5.2.6 (Wedderburn /INEIR) 4 [ 14 2R3k A .

IEBA (E. Witt) & D M4 RERER. SHEE r e DX, WA v 18 D _ER3LHa/E R %0
YHER « € D,

rr =rr < r i =ar 1l

58P & 88— Zp(z) ~ {0} XPESEEH, FEi Zp(x) 2 TR, 58,
Zp ~ {0} WXTHGSE A, M Zp @3, PATE F = Zp, icHEECN ¢ € Z>s.

HEEE DAE F A IR F-rgzsi), fiEidl o= dimp D HR. T
ER] =1, LI D = F 2.

XHFIERE D> = D~ {0} RUILHEAE R 58 4.4.7, W] 4%

q”—l:lq;ll—i—Z(DX : Zp(x)*) (5.4)
=[Fx] @

Hrp o Buw D> N F* FEiER TR —dRF T, FER Zp(z) g F-lm=E45 ],
HHGEN n(z) € Zsq, W n(x) <n 1M

qn_l

X . Xy —
(D" Zp()) = St

W n(x) | n. SHEPISEOEI SR BREHB 5.7.16, TTHT ¢" — 1 A ¢"() — 1 {1k
RARTR ¢ =1, {it Jfmty = (DX : Zp(x)*) € Z FEPTRZ n(x) [ n. 53
—HIRBWEN D WA Zp(x) ERZERESE, A4 n/n(z) = dimg, ) D; X
FE §6.4 I, BAH IR

TR 2 R 2 A B KRR R IRITAR RO 1 (FFRE —) MR
ZIK ©,(X), r € Z>1, {lift

Xm—1=]]e(X), meZs,

rim

deg @, = ¢(r) := |(Z/rZ)* ] (Euler pi%k)
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{HRLAT. B E L2
(X) = (X" 1) [ x™ -t [ -1

p:%‘%’ﬂt pséq:l%iiﬂl
pim pglm
— H u(M/d)
deg @, Z du ( ) Z " ~u(h
d|m h|lm

= ¢(m) L RIAEROE, B (5.9);
Hrp p 2 Mobius pREL

iy — NIRRT, T L 2 ShE T
0, d IR T # 1.

T EB R TR X (@) —1 2 X0 —1 1 X° — 1 iR AT (] 5.7.16), X
W L @4, (X) B R —BAMET K, BLbrdz AR RFREREMN X™ — 1 B
HHRE XT—1(d|m,d#£m) WE—HTIEREZ ROTELE §5.4 +1HE Mobius Sl
B —MAESE, FEAER] 5.4.7 |k B _F L RAR RS2 5 IRt 1BE). 4
B Z 3 ) RS PET ST A2 §9.4 WSS

AR C B @, (X) Al [1o(X — Q) Her ¢ Hul C* Hiy m IR
. A n(x) [ n 1 n(z) <n, WOTEEREE—2 W2 AR R

. Xn -1

O, (X) | X" -1, X) | H y(X = o T
d|n
din(x)

LJUETU\ TT C EAEMRAUERA. UE X ~ g € Z PAJEATIL (5.4) WY ¢ —1 K&
BT doty B ula) BBR, BT @0(g) | ¢ — 1. 53—, 85 n > 1, WA
cx EPEI’J n WHALEMR ¢ A

¢

TR |20 =1lcle ¢l > a1, FHFT)E. O

PERCHe BRI A B LR, WIS e B0 72 W. Hamilton 1843 4 % BLY I ST A
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RE. PUSHIA FRYEALORRFE5 185X JE R — 2L R GEER T 3.

) 5.2.7 (M) Z VA 14,5,k MRS ESE H .= Rl1oRi® Rj o Rk. H FH
H R ERIEMES H BT

o P (x,y) = zy & H LA IEBLST
o 1 BIIEHNIC, AT R ZRT R- 1A Zy;

o 1j =k = —ji.
HUE AT DM S k% = —1, jk =i = —kj, ki = j = —ik. QTR EEE. s R4
FFIRT T 25T, AU H 2 —A “R-REL7, 5 L 711 FEATRANMRRE. AR ATRE
FHI C = RO R fix A H. FHESHE H 2R3 & 3EisH
z=a+bi+cj+dk— zZ=a—bi—cj—dk

NWIHE MR 20 = 0z, 22 = 22z = a® + b2 + 2 + d? € R, HILA[15

1 = (25)—15 — (IaQ T2 d2l)_127 z € H~ {0}.
20

XL E Y RGBT IS5 o + 07 + ¢ = —1 TESREUR R PEAR, SR pRik 2
—1 78 R ARFIr il B — 2RISR R S0, EATEIGOE, IR BAIB RN 25T
FEH R B RAIRTSE, L [49, §9.1].

5.3 iR

SEHFA IR 15— ) S BB SIS, 7 T 0 T Se B I A
A R, 93—y A P S SR RO, (RO B R A2 5 bt
SAEHBL. A SRRV A, LR B AL, R A RBE IO 53 B
it

AT AR AR, A LA

EX 531 3 RGHEEE T KA

o RIEW WwRaycl BFBrcl Hycl

o WRKIBAE, R I #R EAFHESHaE T HEA.
A8 R B R E AL KR EPT R &S A Spec R 5 MaxSpec R, # % R # F ik fn
WA TR A
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ST IR RERT 22, A FIRGH AR AR MRS, (EH A A B T A5 1.
SI3532 HHEEFRFEALS ¢: Rl = Ro, R 5.1) MEBEAZHEE, 52, o

H B 5t
o : Spec Ry — Spec R,
I — o' (Io).
NIEB 5 = e 8, Bat
R —— Spec R,

[¢: Ry — Ry] — [p* : Spec Ry — Spec Ry]

X BT Spec : CRing™ — Set, H # CRing # 7r 28 #7174 Hy 96 %% .

JIEEH W Io i Re WEMME. & R HA Ty € 9071(12), Iy 90(15)90(?/) € I, M
z,y B —EHEE ¢ (). T2 ¢ () N R MEHEM. HiEW Spec 4 H KT
CRing™ — Set, {U/iXHE—X 0] G FRIZS o, ¥ IEH (po¥)? = ¢f o b MELF
(po) P =9y lop ! BA. m
7¥i8 5.3.3 4} MaxSpec — il 5 %A HI VLR, Z2EH) 5.3.14.
MWRE5.3.4 &1 H RWHEEM N

1. fE6 A 5.1.11 # W 4t

{JCR:##, JDI} — {JCR/I:#H}
J— J:=J/I

T AEEE (BMAER) YENY J R,
2. R/I A¥F Y% ARY I HEBEH,
3. R/I A Y HR Y T AW AEA.

IEBR  JCIERSE AW AR 2 5.1.11 R AL, 515 5.3.2 K
J € Spec R/I = J € Spec R. &{&i% J € Spec R, J D I, WYE R/T v zy € J 24 H.
Y wy e J, KB 2,y 02 2,y PAEERAR, Xk J € Spec R/1.

T =1, MATWIREE 20 h: R ZEA () 24 HACY {0} 2RI (1)
RIAR). 6 {0} RFHMBILIERU 2y = 0 B HMY v =08 y = 0, XIEZEERE
X T, {0} R EE G T R ACE— A EIE {0}, XM TUXMERIES
JC = € R, ¥ Rr = (x) HEEE R & T2 AAE v if5 2y =1 =yz. O
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Wi 535 MAEELAEEE.

L — MR T, PR RS FR A R

®RE5.3.6 & R AEEF (Ribx#). R WEEAN B I, AN ANL 2R
mfFE mDI.

T = {0} B R W WK RGAFIAR. JEE BT R WA .

IEBR AR EAE R ERGA AR, hav 5.1.11 SLRIMk ) T = {0} WS, JRED R
BRI MAAAENE. e S R P — M P (P, <): X I < I, <
I C I, T2 P PRIOOOCIE 2 R AR IEAE. N IRRFz ] Zorn 58 (2 1.3.6)
AMMCROT. HREER P TR (Aafy T4E) #F B W C C P oy, hia
FPPEB A J = Uree I 780 R BBAE; %5 J = R, WfFAE 1 € C flif5 1 € I, JRRA]
I=R, 5P WECTE 25 JePRHT CHYEF. L. O

X537 R I1HRWGEE AFEacRER = (a)=Ra, M I HEEE. #
I R WA BA Y A EEA, WK R 4 EEAIR.

BIAEEEES Z R EHARE (6 5.1.8).
IR S HER Y SRR AL, B T A EBR S IR L e .

X 538 % R AXMI;H. TH SCREFTGTEM L L ¥, WK S K R HF
HFE.

VeI RIE T4 S HBERL RIS™'] WI'F. MRl a Rx S LELRA
(r,8) ~(r',s") < [Fte S, trs' =tr's].

DAL ~ RN KA, MMRIRICH RIS, AP im0 [r, s] RAZEAER “F” r/s,
HXMER t € S BH [r,s] = [rt, st]. PANE LHIFRIE TN T2 R A8 )

[r,s] + [r',s'] = [rs’ +1's,s5],

[r,s]-[r,s'] = [rr, ss].

TR IAE R[S XTI S IR, BICH 0 = [0,5] MAITH 1 = [s,s], Hop
s € S AMEH. HtEE]

[r,s] =0 < [Tt e S, tr =0]. (5.5)

Pl R[S™'] 2ZHY HACUFAAE s € S fif5 sR = 0, WABEBE R & 40, XA
BT 0 € S — BB AR EIE.
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I, e [ 1] BINIEEES R — R[STY. EEE s € S IR RIS
L G TE AR (L, 8] RRMLRCY RS R — R[ST!] —)F 5. MJUBGER LR,
JTITE R — R[S™'] 24 S IR IR s, EHOA T Iz T
— % H.

B 539 FHM R RS BETREER: HERBIWELD ¢: R— A £k
J p(S) c A, MFEEE—HIHRE oS R[S — A T HX#.

WA ERACHRSEN T

s = [ 1] - (L] 2o o(r)p(s) ! € A.

AR, Gk st e LT EBRRS R[ST] — A. O

SIIE53.10 ¥ SCRAFMETE,0¢S, M [rs] RS THEYHANYHFALE M €R
145 rry € S.

WEBR e € S W [y s][ris, rm] = 1. RZRAFLE [, 8') (45 [r,s][r, s'] = 1, WA
e t € S #i15 trr’ = tss', I r(¢r') € S. O

JEER R BES 5 B TR SR A p B2k i (5.5) mI
ker [R — R[S™']] ={reR:3s€ S, sr=0}.

N IFEPULATRERAY S 115 R[S & R WP 3. BIRiHE AR5 AT 458

GIIE53.11 L SCRAFUTE 0¢S. NAEHNLASH R— R[S ZEHY HN
Y SAEERT. 5—FW, R~ {0} ¥ AETE TR R HRETE, A
HALIE A

R < Frac(R),

T Frac(R) % R 824 3K.

Y R ZHEINES, Frac(R) ToAERXT S == R~ {0} )54k, teit i 53 5.3.10 %0
Frac(R) /28 L Er £ 0 W [r,s]7! = [s,r]; FRIH R 5 IE.

15312 K0F Z (04 BT Q: % [r, o] € Frac(R) W& r/s B0,
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TR R AL B A . A ERE T S, 0¢ S MMERBE I C R, EX
IS :={[r,s] :r €I, s€ S} C R[S

e RIS™'] MBREESE L, ik T[S #sk kg T 48 R — R[S™'] TG AT ALY
AR Z5 T, 4 (5.1) nIAG AR A AR

J—T:={reR:[r1]eJ} (5.6)

Hepr g 2 R[S myppl, A2 J 6 R — RIS MR, %%

I—I[S7 1)
{1 REAE} " {J: RIS Aysfd).

(5.6)

s b C 2 GMUE id B T« J 208 151 © J, 57T, SHLE
[r,s] € J A [r,1]) =[rs]s, 1] J, i rel, T2 JCI[S™. r W I— I[S7Y
T (5.6) 9B, SRTTERFRE FHE RIS, W L% ) SRR id, MOATFIE
B AT L3 05

W53.13 4 S H RMFRMETE,0¢S.
L YEEER L £ IS =RST RILHENY INS # 2.
2. gt I I[S71] % & it AT
{I €SpecR:INS =g} RN Spec R[S™'],
HtZER#Z (5.6).
ERF S RFAEXFR: [ Clh < LIS C L[S
IEBA T 1 e RIS XRETEAN [r,s] HAELE t € Sl tr = ts € S SFEMAE, 15
Eﬁrﬂfi‘%ﬁ'm
WAE I € SpecR, INS = @. NFE R[S
[r1,51][r2,52] €I[STY] <= rirp el = (rnelidrel),
WIS~ AEREAL BX R — R[S WREBET

{reR:3a€l, seS, [r,1]=]a,s]}€SpecR - 5| 5.3.2;

BRI ER {re R:3s € S, rs € I}, ;T S HSRMA T A%, BT
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I BCEJERIMbNe, XIEM T 1 — T[S~ fER 2 XU . 56 T8 R M
e Bk, O

F AU ST d

Spec R[S~ '] = Spec R~ {I € SpecR: I NS # o}.

FULAE Spec R SERESUTH) “2007, FUTRE R RIS~ ] HOBORILAE Spec R
LS S A 7, BORBPRE TR0 . FURFFAL, B SR A
R M LT

#5.3.14 HUE p € Spec R, | S := R~ p Jett T4 BuidSgH Ry = R[S™]
MR ——X VT R PEET p WEIM, M p[S™'] = pR, & R, ME—RAIE
T8, RAEHINE p € Spec R KRR, X2 S HEMEHYH 155

5.4 ia=: vobius R

Mébius [zl AR H G SEOEHFIREATH. ZAe—Tie, A=8H
g — RPN ERATTF LR, RN IMER)— AR, =25 anfy
ML ER 2 ) Mobius AR, 52 B 7 e h i — BT Be. A7
Bk [37, §83.7-3.8], DAMURL T A2 Mobius i il A B

EX 541 EEZRFE (PL) P HFEE <y FE 1,y ={zeP:2<z<y}
AR, Wik (P, <) 4 BEERREFE.

S JRHABRE (P, <), & X3 (I(P,<),+,*) 41F.
o BAENMEREBIIAEE [ {(z,y) € P? .z <y} — Q M, kR
(f +9)(x,y) = f(z,y) + g9(z, y);
o FHEEN (fx9)(x,y) =2, scaey [(2,2)9(2,);
o RIELTC 6 € I(P,<) N
{1, T=y
(5(31‘,:1/) =

0, z<y

R B INAF 510, FRA Kronecker [ 4.
JATA AR T(P, <) MFReiE /2 RER. FRABRA IR TCIRME, Bl ek 4 G T
R 2 R AT B SR SR I T A e — . A B 4R, e S8 SOh 23/ R SO AT 738,
k i, (AR k A KBERE B RBUIOHEERAE §7.1 4, X HE R RE.
FHEL P X RIBENN) (P, >) WA RisAa M)y 4. il SCn] Al

I(P,>) = I(P,<)°P. (5.7)
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51542 i (P, <) R#MAR, AEE fe (P, <), WTHEEM:

o f HFHELHET,
o XN el BH flz,z) #0,
o [ HREAMET.

Feald, £ I(P,<) $ET# <= T# = HTiH.

WA A g f =0 RIFELZ

g(z,2)f(zr,z) =1, xz€P
9@ fwy)=— Y g@2)f(zy), zyeP z<y.

r<z<y

PR L ST 20 Ve f (2, @) # 0; RZ, 24 Va f(z,x) # 0 B EalE—HiE LT g(2,y)
Wit g« f = 0. MR f LAESEMT fz,2) # 0. FIE (P, =) HAH (5.7)
RS BUIN I FiA O

X SR R 4R (P, <), E X

(=¢pel(P,<), Vo<y, ((r,y)=1,
p=ppel(P,<), p:=¢"

BEAE ¢ BRI PR G EE 5.4.2 fRUE. FATHEFREEL p o4 (P <) i) Mobius RE# p. 1
Bt pxC =06 =Cxp RITT AR

S owla,2) =6xy) = Y p(zy) (5.8)

z€[z,y] z€[z,y]

[l | 2 5.4.2 UER A A, ibaeit—2 3t o BUETE Z. XX I8y H 2 2 %
7).
il 5.4.3 (Moébius RE2AT (Gian-Carlo Rota, 1964)) % (A, +) # X #:2. &R 7
& (P,<) #HR

VeeP, {yeP:y<az} HR,

W A(P,<) ARBARRTFE: FEAERRR f,9: P> A K

Vo, g(@)=> fly) < Vo, f(z)=_ g(y)u(y,z).

y<z y<z
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WA RMFRAAEN (P, <) KA, HE it a . mes—s0kar, W

> gy, x) = Y f(2)uly,x)

y<z z<y<wz

=3 ( > u(w@) f(2).

z<z \z<y<z

I, a0 — sz )

IOEDS ( > u(%y)) 9(2)-

y<z z<z \z<y<z

A Z HiyaEK (5.8) SLARHTS . O

i 5.4.4 (BBWMRN) WK l-—ANH ¢ FBEHN G GbE Lo, EEHEMN
X/BB AT TR MRS, FATh—IF45 1 EE Ay oL,

* KEJE: Wikimedia Commons,
W B

4 P TN I L, A2 LA

e, AL SR RS T — A

L FRFIRTE T AR T L (g

YL, B A5 2300 P AR ) .

A TR T 2 A IR % £
‘ BRI @73 “H24” 1.

ic T WAt 48 @5 X0 Me(q). 8 T8 SeAEE GREE Y, WE
7 ¢V Fh, Hodr V() ST ST B FATRR T 2 T /T,
AR T2 T G TATBIX RIS 21 0, sONERE R 240, idoh IV < T fn
e IE T gk T < McH Ry 4. TRF

¢ = Mri(g);

’<T

IR, RAEAT— R E @, SR AT AR SR [R] (0 X B 2 A8 gt i BRI fiet


https://commons.wikimedia.org/wiki/File:Administrative_Division_Lanzhou.svg
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5.4.3 Bl
Mr(g)= > ¢""u’,1).
/<r
Mg AAETC, MR Z X Mr(q) i E T —MREAA R, Froh T 9@ 2 50
, i Birkhoff BFFEIY € b IR 5| AR, TEGLTTHBE2E, Mr(q) W T REkHE ¢-7
Potts 441 L 73 bR AE TR R IETE; WL [40].

TR 2 Mobius [, {555 JLE TR

538545 & (P,<),....(P.<) ARHARGFE. BTRE P =[] P %
M o(z)y < (y)ey <= Via, <y, W (P,<) KRKZRIHARNFE, £ Mobius
pp (x,y) = HMPi(fEuyi), r= ()i, y= Wi)i € P

i=1

R WS AN (P, <) 2REARMFE. BT TR0 EE R pp BIE (5.8),
XU PAEZE R P B skFn A=

DD SRS S .

z2=(z;)i€P x1<z1<y1 Tn<2n<Yn
<2<y

i TR AERIR . B R R E R RT S (P, <)ier. BEX LT
IR FhR @ (BRI, B 25 RA FRRAN), RATBE T TE & € P &L
FZRRIR P =[] N

{(xz)z € Hpi RUFERTA @, A x = ﬂﬁz}
el

b 1P 8K 1, P BRURIT: (z0)i < (vi)i == Yia; <y B4 (P<) RET

B, ifi . Mobius BRI

np (xvy) = HMPi (xhyz)

MILFITA @ BA 0 =y = & M pp, (€5, 2;) = 1, FFAFEZHR. ARUE_E A4
A <y BRUE (5.8), SRTZA A XM v, v # @ WAERRZA TR 6, B8 Z4k
AR R TE. IAE T PARIAZ ML) Mobius iz i A 7.
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f5.4.6 FERTE (L0, <), EMRMAG {y:y <o} WA = BHHRE. B

1, n—m=20
n—m=-—1
0, HEMNE.

7

REFIFLIL (5.8) Wz, ILEIFFRE Mobius BEC LEMLARO T, a4 Al 5.4.3
B B2 5 2By S R

fil 5.4.7 (A. F. Mdbius, 1832) BT Zs1 BEHIT: ©X n<m < n|m; [
R, {y 0y < o} XM @ FAR, ROV ERBOCE A RE AN T IR E—
Gy zeatinlege SO EIEAE

!

Z50,<) — (Z>1,=
1L, (%202 = (221,2)

(np)p — H p",

PEREL

Zebi SR Z B AR Y 2 IR, L @, = 0. BRI T, e ARR, WURh2 REm. RIS
P 5.4.5 BYSZBRACAS, (Z>1, <) /) Mobius pREL p FRAFE

ﬂ<Hpnp7Hpmp> = H M(Zzoé)(np’mp)
p p

DREL

) {Hpéﬁiﬁz(_l)n”_m”, Vp np—my>—1

0, I np—my < -1
ic p(n) = p(l,n), W p(d,n) = p(n/d), M1 E3CET HEACT S 10HE
() = {(_1)(n WHRHETAEO o TP HFHET # 1,
0, HERE.
XFAAHE (A, +) BATTEREL f,9: Z21 — A, finil 5.4.3 fufE:

vn, g(n) = > f(d) <= ¥n, f(n) =D gl (%)
d|n

d|n

PERP IR Mobius AR, LB U0 (a) IMHEREE: A BUh Z, C &gk
B, LK (b) SRMERETE: A Brh Q* sidEZH LTI Q(X)™ SFRyERE. HESHESR
HI_EL
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BAERFZ & —DRIFEN. MFALE n € Z>1, AHH Euler AL ¢(n) =
(Z/nZ)* | TEAERWRIA < n Wi n ERIEBEALC AN EUE L

> e(d) =mn,

d|n

(5.9)
n

d};du (5) = et
R MARRR: 0 S L, SRR T o(d) TR
ALY d [RTEEAEG B Mobius S0 865 2t R RV HGE T
PEIR.

5.5 wmwmmmsesw
AT E) T S AL dras{mnE. ATRHE IR A, lgn P li_n; L fift U,
W5 A ST MNIE S B TE e 51k,

BN 551 % {Riel} h—ik3*. HEMR [[o, R ks BREE X 431 4
Fl, BAVE [Tiey Ri L& XTREERT A

(ri)ier - (8i)ier = (i - 8i)ier-
B2, [y R R RERTRELZFHNEAR, L TE (Irier- FIE [l Ri # R
GRS

XA G € I, B (ri)icr =y /& e, R 81 Ry BIARIES. SREBULIAR
5 I ASTERR UG vt 2 vz M (WP BRS B 4.3.2), IERH S L LR TEAH IR, BiAb g 2.

EE 552 (MEFRTEE) & R A, L,... I, h—HKEE BEAENi#£) EH
Li+1; = R, WA RS

@:R—>ﬁR/IZ-,

i=1
r+— (rmod I;);_,
W& dHE R/ 1) 5 I R/ L
MR, o WESRERER (RN 1) 5 1L (R/1)

MEBR AR ker(p) = 7y L, MUHIER] ¢ 20, BUE 1 < <n, XA j # i 71
rj € I Ml s; € I; 45 vy +s; = 1. DURBIIESR [[; 20E04% j = 1,2,... fE/FHioR:
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JEIF 1= 11(r +s5) Hores s =185 € [[j Ij SHRIETZA r € 1;, EFG
l=r+seli+ ][]
J#i

B yi == s 7F R/I; (j #1) THBE 0, 7 R/L 182 1. i TAMER 21,... 20 €
R
o(x1yr + -+ Tpyn) = (2 mod I;)i,

B o BN O
RTZEHEFPW R =Z, I; = a;Z, K a; > 1; E a4 ai,... an EI’JJ%/J\
N W NS L= aZ. EEMKAAMLT ar,.. a0, HFTEE, j{op i)

Z)aZ = 17y Z) aiZ. 3352 P Fo) 4 BRAE R S5 4008 P i TS

SARFEF R WE Ring P AR m. R §2.7 FFS, HER T
B : I°° — Ring, Hh I B/NjumE (W ‘Z’JA‘E 2.1.4). N TS E, ANGoE
I S2hpg— /My AE 2 )y 5 (1, <), 0 B X B {R = 8(i)}ier RIS TR
{0ij =BG — 1) : Ri — Rj}isj, JEE BB EAHZ AL

i>j >k = pjrpij = i Ri = Rg.
SRR lm o = lim, R, HFESHTE §4.10 250

PRl 5.5.3 =X [Ticr Ri i F 3

fm R; := {(Tz‘)z’el € HRi 2 Vi > g, pig(ri) = Tj} :

el icl

W m, Ry EFEYRSHK (o lm R Ry)  HROTEER: AR S
FERAHK (¢S — Rj)jer, HEE
S —% 4 R
% J/Qpij
R;
L2 Bk WEEE—FHAS ¢: S —lim_ R ETEAEN el ¥
X e
SLRJ

l.&niel R
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SRR A o BRI, 50 i, i T, Re 09 TH. BFRACHAM S T
XHEA 5 € S EH (s) = (a:(s))ier, IFHLE lim, R b4 ELOCK (S, q:) 36 2 s
IR A . ORI T . 0

AT FRIE/INEWE 1, IFR Jim 5 C [Licon(r B(0) MM E5e 420 AL 0]
Hstlsess e, Bk (1 <) AIEd s (EX 1.2.3).

ENX 5.5.4 (FHITTEW) & R A, (a)ier H— 1k RN EAEME, #5i> 5 %
Hoa; Caj, AT R HBBES @i R/a; — R/a;. A8 Ry A1 FR @igR/ﬂi AE R Xt
(ai)ier HSEE L.

MRS R — Rfa; S ARKIRFAS 0 R — lim, R/a;, HAGZ N); i3 VL R/ ker(1)
& R, BREHLE] ker(e) = {0} MITETE, AT AGGZ X
2 A F lim, R/a; — R/a; 1%, B

%

Qlj:{(Ti)ie[E@R/ai: ’LS] — ’f‘i:O}.

ST RN e BRI — R i b2 I G, THERA I, TR
;A5 B, NIRRT S e P A Ry = R/o; BHOAN, mu
lim,_ R/a; TARRXNGERE R % {aibier f5 X 4108 56404k AT (im, Ry, +)

W 5E % Hausdorft 34 M, BAEIR {2s}ier 43th 0 ALRGRBIREL. JF—F, lim, R; i
FhER: FIRIELE N R TR B B AL

Gk >i) = ;- Ay C Ay

LA R/a; BN IRER, WAGIHE 4.10.4 A1 lim, R/a; 250

#8555 4 R = lim, R/a;. @HAMNLSE, XRWERE T4 (a)ier HOER
) —2HAR IR, i R A Hausdorff #4pEF (I (4.10)), FH5HR §4.10 /31 R 58451k
R. B, I SE Bl — N EGIRATS o0 R — R, A N AR O i
FME— [ 44):

CO.1 1: R — «(R) HIFJE,

CO.2 . W%,

CO0.3 R 25451 Hausdorff #FMFR.

S BUE — N OGAEEAR a, BEAEIFE T = (L0, <) Fl a; = o5 Wi R EYIA
IR a-BEFRED. ANERAFAE o (115 R 47 a-dE3RFh, ATWFR R A #EHHR TS, X2—
R WHFRINER. RS a FEPOTFAME—: S ARIEXHER k € Z>q, B o® Fl a
1 W AR 2 — R

#5.5.6 HEN R=27 FRHIR a; .= p™'Z, Hrr p RECEMREC MM ERAML
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Ly FrA p-iEREEER, EJ Z M pZ-dEhth (5 )a PR p-dinih) H5e &1k

i 5.5.7 HEA [ = Zoy, NGRS LJEE T N < N <= N | N', It
AR Z/N'Z — Z/NZ. HINR5EHEL Z = Wm Z/NZ FfE Prifer 35, $255 1
Z ~ [, Zp, Horb p BURZEL LB t: N AW REFHME N =[], 0, 3HE
BN <N EHEHmER

[1,(Z/pNZ) —~ Z/N'Z

! |

[1,(Z/p"™Z) —— Z/NZ

FLepg i [ F o b R A B, DR RIS, Ao RGeS [T, Zp = 2.

W Zp RSEAMIIL. BT HM 2T, N RE— 255 Z, B, [RIER
ALPIIE R — LR TG ¥, AR Hm (A4 4

p"+1Zp = {(xi)izo sz e pttt ~Z/pi+1Z}

N ]

M Zy /p" T 2y =5 Z)p" VL. X MBI pZy REKHAE. WA RS p 1 Z, RS
B A0 (z0); # 0, BUn {5 21 # 0, WALH x, ¢ p"Z/p" T Z, i pa, # 0.
MERE © = (2 € Z/p™ L) 5 € Ly, HIPAEIEATRATE X

vp(x) :=sup{n:z € p"Z,} = inf{n : z, # 0}.
@é& Up : Zp — ZZO U {OO} %yg p'iﬁmﬁﬁ
iRl 5.5.8 TR F 4 p, WKL
1. Zp, %K, ME vp(z) =00 < z=0.

2. HEE z,y €Z,

vp(y) = vp(@) + vp(y),
vp( +y) = min{vy (), v,(y)},  (BZATFX).

3. TE z€Z, THYHMNY v,(x) =0.

4. Z, REBRBIF, HETRBE A p "Ly = {2 € Zp : vp(z) 2 n} BIHA.
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SEB QT W= Z,. ZRRISIEE R X vy(x) = sup{n : @ € pW} RLLE ML
SHIGHERR: (a) W55 L W /pm W (b) p £ W OIRRREET; (o) W/pW 218,

I, vp(z) = 00 M T € 50" ' W, BRI (a) ZLIAILHS © = 0. FFHFUEH]
W IR ¥ oy € W R AEE, fal—HARE « = p@a/, y = p» Wy WAT
o'y ¢ pW, il (b) HIREACHIE o'y # 0. SR W /pW 23 «'y' & pW, R Hs
'y #0.

FHAEM v, MPAMER. FREE o = p»@a’ fly = p»Wy/. R vp(z) >
vp(y), W & +y € p»WW vy (x +y) > min{o,(2),v,(y)}. XM @'y ¢ pW G4
vp(2y) = vp() + vp(y)-

A x e WX, ZEHE pW R RIH vy(x) = 0. ML, iK% 2 € W~ pW, H (¢)
FIFETIE a € W {#1% ax =1 (mod pW). FILAYERE 2 =1 (mod pW). H z=1—t,
vp(t) > 1. #£ Hausdorfl #FpE W 45 465

c(l+t+-+tN) =0 -t) A+t 4+ +tN) =1V,

W N — oo BHAARMIET 1. WEEIEM ynv == 1+ ¢+ + ¢~ JRILSL, WA RS
bl AVTFEEREIX T N > N, FI yne oY PUSRBAE B pN W k.

HJGIE 6 T HAR W . Bk T 2 W hagdEZE A, E X n = min{v,(z) :
vel}, TRICYW. BEHEEIT v =p"y € T HE vp(x) =n, TR y LA, A
p"W =W c I. BETEKIE. O

W Zp MAHETHE {1,p,0%, ..} R Zy[5] = Qp F5% p-#E8u. A Bxd
AL ZIE R Qp = Frac(Z,), HARZ IO PAME— R4 pot IS, Hirb ¢t € Z) 1
a € Z. [AIRIE vy fE Qp A HAREEW: v,(p7t) = a; HEEER UGN 5.5.8 BAEX
£ Qp EABIARMGE. 535, Qp WA LAML A Q MR vy |, WTER&1L, — 2B
i, X RURE §10.3 fEAIEOTHE.

N lim BT B RE/NERE T KR T o 2 T — Ring. AR ARES R 1
SE SRR lim o (2 2.7.6). AR T AR g P 4R, AN oA 5 th ik 2% A9 1
A, BATRA AL PR . HLAEMZXE T a0 — 5, #A N
HFFZ a(f) : i) = a(h).

Mt 1 gt #eBl 2.7.5 o, FATMEAE iconr a(i) LA (2.11) 5 L T4 %
F o~ M Set diff lima SEBCAARRI TS Uiconr @(@)/ ~; XT84~ j € Ob(I)
EREIESiE
v a(j) — |_| a() % lim a.

i€Ob(I)
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S RAEUERTS i o ERATME—POBRESH GEARXIEEAS f -7 — J

a(j) ——L—— ()
T — (5.10)
liga

B2 Ring H1iac i K.

AT A TSR ARSI R A5 5 3 lim o BYEREEHANTT: P AT
ANEMA [ra], [r)], DR ERE  SCERRIRFI 4,7 BIHEA k€ Ob(I) Wik A K
T, € k) Wi [ri] = [r] B[] = [r}]. € (5.10) L f =id : k — k WA [r][r}]
(5 SCHRESE [riry]. FIRETFYE W DAIERA I IR vE K2, 4 HHERGEH (LXI0Hh 1 € (i)
FISENZE, o AR i (5.10) [HAZHR: E HLA IR [ B Zh H i e i, FRATLE 27T
PATEJERE T HoEfS 208 “UR” AR T Aif e M, X2 a X 2.7.6 MELE. XIiE
TWE.

Rl 5.5.9 gt /NE% [ fr o I — Ring W L, 7% lim o HFRRAK ¢ aj) =
liga 368 Ring F 1y liga.

B ARG, Lo (ERIEAR i) 76 Set ORI, HITAHTRIF R KT
i (1 al) = B) o, B

AL, FAAEME— R AU ¢ lim o — R flif5

afi) —2— lim o
\ l@ i € Ob(I)
L; R

e b olri)) = (), TETEMRE @ KPR, WIE S5m0l g
REAERG A E, BTSRRI o < a(j) — R HOPRED ST, 41795 T4 0

DAL (Bl 1 ARsS, BlfEAN A 1 RASEMERIEIE. A lim Jo R g
Iaxtge. A (5.2) BBEIGHITHE, SEAFRAT fal B A 4528

Bl 5.5.10 L Z R L% Ring ¢kt &
P TREE ) PREE LR B — MY/ im? AR IR S L5, HE
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BEER: DNFBIT - RZ f,9: R — S MIAZS TRULGIE. ZIEL AT
R=C[X] 1 S=C, WFAZ f: P~ P0) #fl g: P— P(1), Hff P € C[X]. HHF
R b S =T W@ hf =hg, B P(X) =—-X WA k(1) = h(P0) - P(1)) =0, X5
h(1) =1 FJ5.

5.6 MLEHIFISWAF

EEMNAHABZTAR QX] ={ao+ a1 X+ +a, X" :n >0, a; € Q} HW
REIER, EAEN QTR {X7 i > 0 SRk, HRIEFRIEAINE L (Z20, +)
AR A, AR A ZEREEAR R AR AR REER R, BELAHITR
SE VOB
X561 & M %247 AFBIR RM] g X0 T: ATxZHRE RM FH 4
(rm)mem B3, EZRARETEET; BEH (rm)men HAHEE R LHARK

4 A
f= 2 ram.
meM

ZEW rm A m A [ FHRB 2R RIM] #h ko ik A

(5 () o

(o) (5)-5(5)

GUE T ENEXAARANEER, HEHRE.

RAERAE RIM] W RFR AR, HETER 0= 3, 0-m, ZTER 1= 1g-1a: KIRAY
L, T 4303 RAN M 19475, 3555 E RIM] (TRIEZFRH (rm)-(r'm’) = v/ (mm’)
AN BT —HE ) (re’ € R, mom! € M). Felgh iU rm 1955
Hiw].

VERE] BRI RS

2k8 5

M —= (R[M],") R —— R[M]
w w w w
m+———1-m r——7r-1.

P B, T HHBAE RIM XA BAR S e, B (r - 1)(1-m) = (1-m)(r- 1) (4T
R, M 45 FHEARMAAR). K00 RIM] SR T —MNZ B iR
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WRE562 LLHAHTRAZUERAE: FHEEFX S, LXHEAAS f: M — (S,)
RAFAg:R— S, & ffg et SHREEAXRSE, WFEAE—HIEAS
©:RIM)— S, 4% [ fn g 2#5%T M — RM] 1 R— R[M] & &L .
EBR MU o(rm) = g(r) f(m). 45 4. O
g e IR v §7.1 MBI, fRAEmat 7.1.3, AP A R Rl Fik RS
R < R[M] BT R[M] —4 RACEAEEH; B2 M, RIM] R AR HEF R FA
EERHL
X 5.6.3 % M AEH, 3 RIM) %4 M 7% R FHBIR. ¥ R X% HAHZA R
BB
BEFR R RN A EATE S . X BRI R ART L AT, [l 2 BRE rh A
RIS 2 —: ZTRFE.
ENX 5.6.4 (BWRXIF) £4 X B (MX),) 4 X F#E 428 (23 4.8.10,
AR WABAREMET), W RX] = RM(X)] %A R LU X AT THEH L HAK,
VR EKME X - RX]. Y X ={X,Y,...} &5 RX]=R[X,Y,..]
2 R A, WRK RIX] ZPA X NAS O 2 AL, RISt

B 5.6.5 D TZMRAE RX] 1 X — RX: HEEF S, B4 f: X - S ZIHF
Rg:R— S, & fHgtihE S PXREMIM, [ G TREN T, WFEAEE—
BHEA ¢: RX]) > S/ ff1g 28%T X = RX] # R— RX] &28E

MERA R ZCERERR S M(X) Mz PR e O

PR M(X) — RIX] BN ERTI. SHMER f € R[X], B 1 € M(X) 7E f HHY
FARCH f BB R e

o RIX] AeHl ALY R AcH

o F R IERCHHER, W RIX] JR4k:

o [ERFFFAS R — R AW X — X HS ARG RIX] - R,
o MMERES X, Y HHRRM RX][Y] = RY][X] = RIX UY).

PAS e — AR B, FRATBE W] B4 E A [ A, AT P ] XRHME RS S,
HERFL ¢ RIX]Y] — S MRS THEBMCHMBYS Y — S KRS RX] — S;
Xt PR — Uz M, FIHTCARR A E RS Y — S, X — S (IRHIGE YUY — 5)
FIFZS R — S, M5 =FrBXRE . XIER RIX U Y] BZ L.

EX 5.6.6 (RIBHIH) = F 23, £ 0K FIX] o F(X) %A F L)L X
AETEMNFEREE. % X ={X,Y,...} &5 F(X) = F(X,Y,...).
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— AR 2 I, X B BRI AR R, FOR A R R B AT L
HFFREL (I e™ = 37,50 X7 /nl) A TERAIHE.

AL RIX] BWIE. A2 M(X) e AT DAME—HIZRAE X7 - X 1Y
X, Hp Xo,.., X, € X il a1, ... an > 0 CRIFIBE). Wi RIX] PRYICEZHEAN
Xt X 1) BT LS (DA R A RED; X0 T2 2 A MR A, 42

JUERIER X ATFRITHHE X = {X1,..., X, } W, I RX] = R[Xy, ..., Xo]
n LA TTRAEMWILT [ = f(X1,..., X)) RZ. 3 R[Xy,..., X,] PHYIT
RHEE
f= Y capa XP X0

TARFHHEE S, AT S [T (6 & BRI 5

a:=(a1,...,a), G1,...,0, € ZL>o,
la| :=ay + -+ an,
Ca ‘= Cqq,..., Ap s

X% = X X0

ML, & XZ X f WERBOY deg f = max{|al : [ca| #0}. WR [ WRET ca #
0 < la| =m, WFE f & m KFREW.

XML EIER a = (a1,...,an), b= (b1,...,b,), B a+b:= (a1 +b1,...,a, + by),
M4 R[X1, ..., Xn] PHFEAL T HHTE X

(ZC;,X“'> : (Z;cg,,x‘l"> => ( DA )X“ (5.11)

a a’+a’’=a

AFRAN

B =1, TATE B BIE BEARTCL R RIX]. B X"+ a, 1 X" 4+ +ag €
RIX] 2T (n > 1) BAE— BT MBS PRS2 5 OB e
R[X] I.

Rl 5.6.7 B4t

d:R[X] — R[X ]
=3 ap Xt f(X) =) kapX*!
k>0 k>1

T
o (rf+sg) =rf +sg, £ r,s€ R f,9 € RIX];
o Leibniz #: (fg)' = f¢' + f'g.
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UERR H L. O

LTI RIX, ..., Xo] WTRAREENETOR IS 0; == 5%, a2 BN,

EX 5.6.8 (FEAFRAS Laurent ) = X n THRXBREI R[X,,..., Xo] 4
R[X1,..., X, *H# A%

a = (X1,..., X)), @ DayD---,
W T &AL % §5.1 B E X,
(X1,..., X)) ={f € R[Xy,...,X,] : ¥#%F = 0}.
A—HHE, BE R RXHHR R[X] HRETE
S:={X%:|al >0}.

M R[X1,..., Xp] X S oy REMTH R(X1,..., X)), #HIE R Liy n uH Laurent
REIR.

18 5.6.9 AHEEIAHIEN] a; FIITHEE N (X a] > i} PICELA R RB Lk
ANy, WAREEEIAR TR —BoE SO

anX“, ca € R

W TC g5 Fl; X AR BSRATAT W Sk, e <IB7 ok GERECE ) sk (2
E (5.11)) B Z TG LR, ZATE. PUH BB BE S R IE w2
R[X1,..., X.].

SEMES BN R 2 A )+

R, := { Z caX®:cq € R} 5 R[X1,..., X/, i>0.
la|<i

TEMLRF R, B R(Xq, ..., Xy /a1 — R[Xy, ..., X, ]/a; S5 [EF WML 7,
Reiv1 — Re; (BRI 3F |a| =@ 19I0); BHEE] 7«0 = 0. UL H

i form L]

i>1

(fi)iz1 — D (fi = 7<ima(fi)) s
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Y X (fi)iz1, fim Y caXx®.

la|<i

A A U U T 2 Y PR R A [ AL TR AH L.

IR E R R(X1, ..o, X)) #EATAETCGTH Do, ca X ® WEIERZH
BRI a1, ..., an PTHCAUREERE. X IE 252 A% s 4500 v 1 220 R BCTE A BRI Al S B o
H) Laurent BJF=K.

T2, AR =3, caX® FHIRL co = co,....0) J f HIFEI
Bl 5.6.10 WAFLHK f e R[Xy,.... X, ] T ARG HFHA co £ R P

e IR, #5 R WIRH n =1 (B TCRIE), W R(X) ke RIX] f4ratis; i
BN Q, [T

MEBR HEIA ap = (X1, ..., Xy) WRRFGS R[X, ..., X0] — R, BEXRF f BLE co.
W f AT co € R N HHEM S AL B £ REBO AT, L ot f AR f, AT
R24F f €1+ a WIEE. JEZIBIERMIT Al 5.5.8 (IEH]: B a:=1—f, a € a;.
1 Hausdorff #i#pF R[ X1, ..., X,] FAHERK

(l-a)'=1+a+a®+ - (BHED),

W f AT O

BEBY R . £ fe RIX,Y,..] TEMAES (2,y,..) ERX Rx -
FHUAE, i8h flo,y,..) Boevi,, (), MERERBXPRA X =2,V =9y %
&M, RPN X CHETTENZ I, 8 R — R 2 HmIHMFEL, a8 5.6.5
2R SHMEEWY o X - R, TFEMEFAS eve + RIX] —» R WA
VX € X, evo(X) = o(X). AL T o KasiE] (R)Y i, XEmi f e RX) ¥
KA. XA RS

ev: R[X] — {BJ%ET(R')X — R'}

(5.12)
fr—lo=evs(f)],

A M PREE A H pR R 12 WO TN, FedE X T (HpR % 1. ] S DL B <5
M7 R = R, WA ev F—AZTRK f e RIX] BEMMZHXEE RY — R
Z 1305 2 T R B — BOR VLR A RS, 250102, B p AR R = Z/pZ i
X = {X} sk, MEIA f(X) = XP — X #£ R EHREE 24 80e i
Fermat /NE#, WAHE 9.3.2), A f {ER (Z/pZ)[X] WItRAES, T2 (5.12) R
7 —J7 T, PAT AR R O IO IR, H B2 005 2 0 e A0 —
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[ 2.
TRl 5.6.11 % R A L5 %FH, (5.12) ¥t ev (L R =R) REFA.

TR AR ov(f) = 0 = f=0. [N f R R X PHREAET, MG
HITEHIE RIX] = RIX1,..., X,)s WWFAE n > 1 sIHM0IE. % n = 1 B, b
Frac(R) 2T MRAUR B UOR, Wi fHE. 4 n > 2 B, 35 £ # 0 S

f:Zfi(Xla"'aanl)ij fieR[le"'aanl]v fm?éo
=0
ﬂ:%ﬁ& (711""7707171) S Rnil @ fm(rlv"'vrnfl) 7& 0 Z f(rla"'vrnflaX) €
RIX] dEZ 2K, MIIEEREL. IEE. O

I8 5.6.12 FTEME] —WHELE, BEAFS 60 R — R MW T ROPiy—lRITHE
E = {ss}oex (MFEIMYS 0+ X — R'), B[ evy : RX] — R WBRICH RIE] B2 R
TR, B8 {s2}e £ R ARSI THR. 2 X = {1,...,n} BRFZRICH Rls, ..., sn],
HI TR T A TR L

f(slv ) Sn) = ev(sl,...,sn)(f) = Z ¢(Ca)8(111 e Sf(rly,na

Hit f=) caX®€R[Xy,.... X,

JEBALI S RIS FIBLALZEML, SHBA RN, Gt B A s B T

9.7 m—ums

ARITHRITEEIS R HOCRRA i, RETREER R RERIE, PASANARRE T C R RN
ARATZTCH TR, HOLH AR EGZ R = Z, SN2, R &KL h ALY
JRAIER, ANB 5.7.8 1) Gauss BEELFR. XL B A S HHES) T ACHIME I K. HE—
IRV E AU LT T B I 2 A, B AR R A 2 B b — S RORS S A T LA
P

IR R PEXRFEXR v |y <= (JaeR, y=ax) < (y) C (z). HEH
z,y MEEGY BACYENZE D R ook, EBERIENEF R BARNEME, i
FAMTFIIERT 224 P o= (R~ A{0})/R*. WAFB SR, AL & € P Apid € R\ {0}
1R, XGRS 5 WA T P fi)r:

y<i <= z|y.
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W 2,y € RAEP WA LHR d GEX 1.2.2), d € R BHJEG, WK d &2 2,y K
T i R RE L d BME—I. % o,y MERKAR TR 1, WK 2,y BE.

FRATOAE VR B4R, R PR T, SRR 2AE P o= (R~ {0})/R*
g LHN & =9 < (z) = (y), FibA P BICETERT R f -

EX571 BF RYMEZT r RARTAN, wE r ¢ R MAERF d|r &
() =(r) BdeR*. AHABNBAET r &P FHE R P HENTE &
5 M .
f‘:Hﬁu n € ZLxo

=1
EpePATY, WMEH {Pr,...,pn} GFELELTITT) ZE—8, WK R AHME—
SRRIN; AR pr, . pn (REFEB& pr,..pn€R) B 7 (HHEFE/R re R) WATHET.
NEN=0 <= =1

IR Z S ME— T f3h, X — SRR A E B FEME— R a | b T
b# 0, HAKF a FI b/a B L FRFIFRAERTE] b BN AT 2900 VERHER, o BORTT
AW (TR #A b IARTAR TR T4, mikssRE] R, /L8 b e R\ {0} HEH
RZAP T

WEREERR R PIAERCp W p ¢ RX TH plab <= (p|a)V (p|b), WFH p
e EIT. FACEE P

o JLE p ZFICHHMY (p) EFRBAE.

o FIUMAFL): HA M p = ab WAL p | a, NI a,p FIHEERR, b€ R*. H
TR JREEPRAN BT

o ME—MRIRHAEMAICER 2,y # 0 BARKANT. db—2, WA ILIT p
BHNRIC A (p1a)A(pth), B4 a,b BIART LRSI p, A p 1 ab.

o 5 Po N R WA # R W EBEIOSES, WA T C, WIEE p e R~ {0} Al
Y95 ALY (p) 72 Po BT,

o TEME— R, Po HIITEGFTHEE (a1) C (a) C - ABJ “RREAL”, HARHLL,
FAE m > 1l (am) = (@mi1) = - XRATHEHE R, 810 o AEAH
IREAT T BT M4 Po HIFHHESH.

o KAV, #7 Po W R THESRMN B, IB2AEEAESTT r € R ERBE AT 24
ﬁﬂ/ﬂ /El ‘&%I?ﬁ7 )ﬂ\uﬁﬁj\ﬁg r= 7'17”’, T = TQT” %%7 @1%‘ Tlvrlla s ¢ RX? ﬁﬁ
(r1) € (ro) G -+ PART TG, FJE.

o QIR R AT NG, BIANME— 7 MEER, B4 A 0] 24 73 il 2 E X
5.7.1 HpyME—. PR [ T HORIAE BAGIER: B P oA AN A T 2
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B Pm = Q1 G, W EEATIEALE § 0655 p1 | ¢ BIARTTZERD (p1) = (g5)-
FRERPLT LA p1 = ¢;, MR DAHE S E—PE.

TR A G2 ME— 4N HIR I 55— 2] .

el 5.7.2 %3 R 2 — Q0 MAHARELGR

o ER¥HA AR MWEEEMKERFE (Po, Q) it I 41F;

o RYWATATERET.

JEBR VUG ME— A RER I T A, 2, FIRTHE R Py 1 T S RAIEA
T LY RAFAE, AT 2070 K 22 TCMFAEME— 1. O

SR BB — 4
WEE5.7.3 S EE— M R MFWETE, 0¢85, N RS 42— 43
WERR B R[S™'] < Frac(R) it R[S™'] NI, B R PRIRW 25T p RIERE.
(i) p BRFA S hoes; KTIHE 5.3.10, XM T p 78 R[S Pl (i) p RER
S HE—TTE: IR p £ R[S™Y) HORTETZy, ERATIR. T R T R
p="-0 W p KWETCH ss'p = B p | Bp | Ak p | r, MK 1 =21
W, I 78 RIS A,

HEAREIC L€ RIS A8 R PAER L5 7 = [T pi - TTimy gy 3% pis g
S8 (), () BIEARTLT. 4 [T, 4 S T IR0 0. 5o (q;) 2%
REARR S; i 5.3.13 Y (g;) [S71] = ;R[S @ FHAH. #REAITE, Xt
B RIS™Y] oo il 24 b 1. O

AR T ME— A AR 3 3 FIAR SR |

I 574 xtTF#EEH R PEEAH
ap Cag C -+,

‘%‘ﬁfﬂ: m > 1 /T}%?% Am = Qmy1 = -0
BEZ, R RPN TR IR TEE L 6.10.1 FAA EIAR SRR
WA BT o= U, a R, AT o = (o) MIERX. B m KM o € ay

HIEI O
575 IHEEAARE—LBT, EPWEEFER Y HENTTY TARK, BT
R AREA.

UERA ST SRR 20 RS [ B 5.7.4, NAGIER] R AW ZYTC p FRRZFE T
ST ME— M. BT RO EHUARER, AW A0 E A (p) 2 R BORERAE: HE
1 5.3.5 i (p) EREMA, T2 p 2FIC O
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HIE =D RE A FHEIF ARG, ARG, UEW] Z & FRAERA L5
IR RIS, FNTRF LA EHE) ™ 1R

SI¥5.76 X R AR, EHAERFE L (EX 1.25) F1@% N: R~ {0} —» L, £/
MHHEZEreR, deE RN{0} #FFE qERE ri=a—qd %2
r=0, IHE r#A0T N(r) < N(d).

W R Z B, B2 E— oK. #RIE&tE R #1E Euclid 3.

WA DA RSP RIBIER B, r ST R G, 7R R = Z WY, &
SEHIHMEEAEF A o C R, % a € a~ {0} EEIfH/NTHER) N(a) € L, W a = (a).0

W5.7.7 Bk Em—roZ B k(X] 2 A NI N N RER L deg
K[X] N\ {0} = Zxo BIAT, 5XAH 24 Tz B2 i R ERIA.

f15.7.8 Gauss BHIE LN
ZIV-1] = {z+yv—1:z,y e Z} ({EH C IyF3H).
ZWT X2 Buclid B, FE FEFAEIR. 7653 5.7.6 -t GEEmLY
N(z+yvV-1) = |z +yvV—1? = 2% + y* € Zx,.

KT BAEFTFR AR, A EN 2, d B q € Z[V-1] AR Vi BB 2 S, of
WEE |2 g < L+ L =1 = N@-qd) < Nd).

HEE Z[V-1] MIHEE 2 — 2 B, N(2) = 22 2RELLHAFES, hR
MRS Z[V—1)% = N~YZX) = {£1,+/—1}.

ETHOEME R, AR RF BTN T D € Zyo, MMM 2R BUH
Q(VD) :=Q+QVD C C ML & FH AR —RHEIF op, IFHFFIZ A MR
PESCR IR, AFABEPERI Q(VD) il RECHE RO 756

op = (5.13)

7®7ZVD, D#1 (mod 4)
ZoZ-HY2 D=1 (mod 4).

Bebeie §7.2 W3, Sl EEE S TIAL op AT ER. 2 D > 0 WA VFZH K R
fi#t. XF D < 0, Heegner—Stark EFRSEEHE T op A FHFRY) D:

D=-1,-2,-3,—7,—11,-19, —43, —67, —163.

e R Gauss JEERRUY —WIRRG]. 20 {28 ARE R BOE K R, IX—REAMN
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B/ B A S BIEA (reEit ) FIfGE th 2 OUR2xg) Ao E Ik s, 7l
HEZ—2 D. Goldfeld 2% [F]#IAS- Y BRI, 14 ) GBI B2 7 1 ) 43R ) 25
& [13].

HAEWRH Z[V-1] fME—a@E i Eae h— A ek AR e 3, X Z[V-1]
SERHE— 2 B R AR ] A

I 5.7.9 (Fermat) Z#H p 5K o®+y° WK (v,yeZ) YHRY p=2Kp=1
(mod 4); # (z,y) HEZZ—NEHMFFTHEXTHE—.

EBR SR AR TT4 20— AN SIS AT AR TTZ0C p € Z[V/—1) #H% N(p) :=
pp€Z, WMEHRENZR p € Z, TEHE— & p BHRY 28 v, BaM
P+ T =T Heth p | 1, TR RALTTH AL E DR I X T4 250 p, BF
FEAE ZIV—1] FHIRTT L5

BBIPA € FoR € (JERIT) mod Z[V—1)* {2, EMIEZEH o 76 Z[V-1] 7]
DATERE— 4 it

a=[]"", pez[V-1]: HBRTLT,
p

B S T 24 T4
o p#p, W a = a FIME—SHEMERDER n(p) = n(p);
o p=p, Hp ue Z[V-I]* = {£1,£V/~1}, HETEEIEHT 2[V-1)%, fE—
g peZip=1+y-1L
K RIGTTAI N 18 o® = T[; N(0)"®. B a = p HEE #1 N(p) € Zoy HIART]
MR 5 2 LA AR AT 9C, E i, SHEE q € Z[V—1), %X p = qq 2006 q &
AL, B 2 = N(1 4+ V—1) 250 1+ v/—1 K],
T2 p WAMRAT SRR
> 4B p=pp WL p £ p, A p = pb = N(p), X2 P RWLHE IEHEL,
AT DAHERR AT30C {£v/=1, £1} A1
> S p=p% WL p=p; Bl p RER R p e Z, WTAR p =14 V1
M p=N(p)=2.
> B p=p AL, ELH Z[V-1)* I p 5T p € Z.
& p=x+—ly € Z[V=1], 4 N(p) = 2 + % &L, FHRME p = 22 +° AR
ALY p = N(p), W p RATLY, EARATE] p 42 A T A
— OB CRHE] £1,£v/—1 Fl p < p) EEEEHR (v,y) W0E—bE CREHEI4F SR
HE). BRI 1458 AR P 2680 p

N = p=2, HH < p=1 (mod4), B < p=3 (mod4).

DEEE p = 2 DAL WAESWIE 2° +y* = 0,1,2 (mod 4), Hitk p = 3
(mod 4) T p RBMERE FE p =1 (mod 4). WEFHOLEIFHAT (Z/pZ)" 12
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— U P AEERRE; TSR0 AT A BRI e R AR BT (45250 50, (TR (Z/pZ)* HOAE I
Egmodp,%kﬁl HIFR g S mod p HYEH, 4 g" = —1 (mod p), WOH t = g™
WX 2 +1 =0 (mod p). WIHE Z[V-1] H p| ¢+ V-1 - v-1). B
pt(t+£/=1), T/& p ¥ Z[v—1] 02y, M p # 2 BH p 433 O

—ik, {Buclid 31} ¢ {FHIEIR} © {ME—/33F}, 2 EREFFME Euclid 2f
WG [46]; PITT_EIRFhRRAIMER O Z A IR A SRR A REGR EEIRA
MR PAR 3 IR ME— 2 B L ity 22 1 CER.

Rl 5.7.10 (—RENXEIEE) ~ g% — 27T R LWL TR
f(X)=an X" +ap 1 X" '+ +ag, a,#0.

# a € Frac(R) & f(a) =00 o R p/q, £ p.ge R X, q|a, T p| ao.

BRI, 75 o € Frac(R) 2 R[X] 12T, W o € R; B X 4L ERFR
HEE AR

UERR AEME— S MRS BAAE BRI p,q B85 a = p/g. N 0= 37 gaip'q"" WA
q | anp™, p|aoq™; WiE REREREEL L. O

XFTME—M AR R AR ATZYTT p, BEHCHIEN p € (RN {0})/R* = P. EX
BREL v+ RN {0} = Zo PABATER a # 0 7 (R~ {0})/R* il

& = H prr(@

Drvp(a)#0

BIR vy(ab) = vp(a) + vp(b), MR v, I NEEFEZS Frac(R)* — Z. 2)E
vp(0) == oo, W v,(ab) = vy(a) + v,(b) #£ Frac(R) HHMAL. AXERH (Vp vp(a) =

0) < a€R*.

Y5711 i R Ah—#3H, K :=Frac(R) i pe R ARTHT. HEEFEES
RR F(X) =2 gaiXt € K[X] & X

vp(f) == min{vp(a;) : ¢ =0,...,n}.

ghTi R X K> /R* # L%

prop (f)#0

5132 5.7.12 (C. F. Gauss) &M T4 T p, M ¢ Wil RFRE c(fg) = c(f)elg)-
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A fge KIX|IN{0}. & f=c(f)f, 9=1clg)g” MEAEF] c(f) = clg) = 1 [l
B, W KA f,9 € RIX]. BATKFIEAXEA p BH vp(fg) =0.

SAEEIEE h € RIX] BRAE vy(h) > 0, M H v,(h) > 0 M HALY h TE
RIX]/pR[X] = (R/ (p))[X] HHBAZ. BT (p) NEHE, (R/(p)[X] &HHF;
RA h=f.g, fg BIi% vy(fg) = 0. H

I8 5.7.13 Gauss 51— HMEHIIT: % f,.9 € K[X] 2H—ZW=K, 0
fg € RIX] = f,g € RIX]: RFNE—ZIAEWE v, <O, 11 RIX] BICEM L
vp 2 0. HIIHMERL p B vp(f) + vp(9) = vp(fg) = 0, B vp(f) = vp(g) = 0.

EHE57.14 % R 2 A, HEE n >0, F RIXy,..., X,] 2% — 9,
o R 4 T KA

(a) f=a, £F a & RWRTHT,

(b) e(f)=1TE f & K[X1,..., X, BRT4.

MR H T HREM R(X1,. .., Xow1] ~ R[X1, ..., Xu][Xnga], 33 n =1 B3 R[X]
A TE RIT] .

H K = Frac(R). @l 5.7.7 51 K[X] &ME—/M#3F. (a) WHEEF| RIX]* = R*. 5
W R AR Z55e4E RIX] HAIAT 2. (b) 4% 48 K[X] 2 o(f) = 1 B2
[ A& f = gh, H g, h € RIX], WIAR MR g € RIX]NK[X]*, T c(f) =1
4l g € R*. 52, IR ITEAE RIX] WA Zyoe. (EEIEEN f € RIX] 7 K[X]
HRE S RN

f=ap1-pn

Hrpa e KX p1,...,pn s K[X] BPARRTATC. F4540 pi i KX TR TRE, W]
PMBGSE c(pi) = 1, AR pi € RIX]HSEAE] R*. 518 5.7.12 240 o(f) = c(a), MTE R
FILEME— M a = qu - g WRTBEINE f=a1 qmpr P 2ZEN R* 2
ME—f. OB RIX] BME— i O

B 5.7.15 % R 2 SMESF, S 5.7.14 AIGHT5.7.3 408 RIX., ..., X,] HUR#HL
UL SMEFF; IS TC Laurent ST0RIF RIXTE,..., X51] %%,

B15.7.16 ZE(E—ME— IR R KAEZEIC X € R, flinZ W3 Q[X],Z[X] 5> X.
SHERE a,b € Zs1, ICHEBRABEN (a,b), SFAEE X0 -1 X -1 f1 X —1
MR A B RHEH M4 LRy R WM (X - 1) + (X0 1) %F
(x (@b —1).
() W a | b XP—1= (X*—1)(1+ X%+ -+ X D) " X0 -1 = X(@) 1|
Xb 1.
(i) HEEFDASHAPHUERICR fr9,t BF
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5% a<b,atb EZ P RBE b=ag+7r (0<r <a), I
X1 =X"(X%—1)4 (X" —1).

H X — 1] X% — 1 STABBARRY S (X0 — 1) 4+ (XP— 1) = (X — 1)+ (X7 — 1);
MAE Z F3CH (a) + (b) = (a) + (r), IFE (a,b) = (a, 7). IRGEIREEABRIE, B
PEXT max{a, b} I, LITRMLLBITEIL ().

IR 5.7.17 (Eisenstein M) & R 2% — 93K, K := Frac(R) T p £H PR
Wit & f=Y uX €R[X]#E

o FHEEME<nFRO0<i<k = p]la,

o ptag,

o p? f ao,
W f AR >k WATHETF. H7lH, Yk=ni f& KX] 174, #—%
& c(f) =10 f %& RX] #AT4.
MEBR R4 5.7.14 7F R(X] HAERR f=ap1- pm, HP a € R p1,...,pm 2
W c(pi) = 1 IRTT AL, RATHSKEEM pta. 0 p WEEIN ¢, BT
p* t ao, &S EHE N ARG AT MR

pler, pzfcl,
i>1 = ptc.

EI& [ AR (R/ (p)[X] PR, 15550
(a mod p) - H (p; mod p) = ap X+ BRI, ay #0.
=1
HT R/ (p) ¥R, a-[],o, pi 7 modp ZJ5HEINAEE, HM p1 mod p JEUN
be X* + BRI, by #0,

T5& degp > k, BHFTAKIE. O
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5.8 s#msmAAN

BUE I R. WAL n € Zsq, XFRHE &, FEZTAI R[Xq, ..., Xp] EAH
AR )

(af)(X17' . aXn) = f(Xa'(l)7' . '7Xo'(n))7 S Gna f € R[Xla s 7Xn]

& X
A, = R[X1,...,X,]®" ={f €R[X1,...,X,| : Vo €6, of = f}.

Zy WL A T AL o
o(f+g)=0(f)+olg), o(fg)=0c(flolg), o(1)=1

Hi Ay 2 R[Xy, ..., Xo] BT, FCO8 R W) n JTXIFRZ A, HITERHN n It
RSN, Wk F LA B REER A AR F(Xy, ..., X)),

F f € RIXq,..., X,] M §5.6 MZHIARFT SN D, ca X, IEARIHRIESE T
bR a=(ar,...,an) Fl b= (b1,...,b,) Z—FEHE, W cq = cp.

FIBRIEERE Ay, N, Hp 1 < <, RV, HFERE. &

HARPE a BUl (A1, .. A, 0,000, 0) FIFTAARFEHES (n A0 N TIBEIME—ME, 4
El%‘ﬁk% >\17 ) >\T E‘J“Uﬁ\r7 iﬁ'j‘:]

)\:()\12)\222)\7«)7 )\ZEZ,].S)\ZS’H,

my = Mx,,..., P

e A IRE. ZHHERMITE f e Ay FRRERMATRA f =30, rama, Ay
ARy RME-BRER. AR RS, X ARR UL R A Ay 4L (ma)a; XFT
— R R, MM A i RS (X 6.3.1), BB LEATE.

PAEBTEL A = (A1 > -+ = A) FEARAEZIR, X ULAARSNT 925 H Young [E:
FATK LT, 7255 ¢ ARATMZEMATE A AT, BN

(3>2>1>1): | (5>4>1): |
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G AoBRHMRERS S A=A > - > N) B——X M. WRSIRHKEE
(BP Young (1)) Mt A2 0 n, FHME ma € A, BEH 0.

AbFE Young ) — Bk I EL AT SEFEBR ). Ui Young EIHE &R “IiHn”
BAE REXT. T A = (M > ---) 19 Young BN N\ AESEN, FriGEIEH A2 Young
Wl BCEAESS @ BT N AR, R IRRHC N A = (M > ---), BR Al A gk
. BN =\ B

\ | 3 [ ]

X 5.8.1 K44 Young & X
> XEF L p <A WRAED EEHA

prt et e S A A Ay (5.14)
> FHE Cu<\WEFEL>LFER
0§z<k:>ul:)\l, ,Uk</\k~

kAN (H p) BATHRE, A A =0 (F e = 0).

iRl 5.8.2 2K Young HXXEF < MERRTE, HFRF < MERLTFE, T
HA BN N R {p:p <N AR #MNA <X = p =X

VR mik R AR A REE 0 < N\ WA k> 1S e < Ak, BERDFHUT
p= A SE S k.

O

G A, POCRBEME—HRAETE ma 19 R-ZRIEALE, (AR AR RIR LA
AR, S Bl A SE 2. OB FRATS AR 2 RS 42

ENX 5.8.3 (MEFMHBW®) T 1<k<n &X

€L — Z lesz

1<i1<---<ig<n

GNZE Ny FHTLE, HAFE kA n THESFRES .
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% eo =1, TREMHZIH 2
Ze Yyt = H Y+ X;), B3
i=1

Z e Y= H (1+ X,Y)

=1

Hp Y BHOMIAMAZIC. IR A= (M > > A) EX
E)N =€)\ BN,
XAEY 0 KFHT N KERA RS FH ex € Ay

I3 584 XHTHEEA=(M2>--2N)Fan>r, BEIK aru € Lo, EF p <A
&k
e = Z QXM ay\x = 1
n<A

T Ay HRIL, EF o <X BEXEF (5.14).
WEPR  455E X, TR ex = ex,ex, - HITA BT
(Xz‘l ...X%) (le "'inz> ce= X0 xbe
AR, HRARI AL 41 < -0 <iixg, g <o <, FE PHIH ex = 30, anumy, HH

axp € Lxo. Hit— bFI_fEﬁ?% A WA Lfiﬂt/\ﬁrﬁ: X FE2e s BRI UL b I,
FATH AR dv, .. FJr, . B85 (FEASTCRIBRIC) BFIEA A /Y Young [, 41I:

in [ ]

12 | J2
 iad

FEHNET ARG, S < r BT AR ,E/\HIJ AT, T A A A AR TR
AT > 1 BH b+ b < A\ + - #%%Uﬂﬁ,é‘u(bl_ > by) =t p W
e, MOCRCF I E LB ax, #0 = p <A

8= AW, PAEIRUERY] Young FIGA — MR (25 @ 178 N = b 4> 4. #)
my ZRE axy = 1. BFTHIE. O
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T M 0 TETRIE Rlty, ..., ta] Bl Ay A ®, EWEA ¢ K e, i
®|p = idg.

EH 585 HHSTREBEE) 5 AFL ©: Rlt..... 1] ——> A, £FFAY, B
WEMNLEGH A, 1 n TE AR Rler,. .. en] FH.

¥ F A8, WH F(Xi1,...,X,)%" = F(e,...,en).

UERR  51Hf 5.8.4 A 5.8.2 I ex Fl my ZHH—MELZMAMHER (3 ) A <
HEP). AR f € An FRERMAIRM £ =22, cxen, Hf N BURFTAKIEZ <n
H7 R, T ex € R JEME—ER): XIRT ma BIFI RV

ZEE] ex = [Tisrex, €)= 1 MBARIMERT (A KE <n) < (A <n), XH
BT UUER fARREME IR €1, . .., e BB, EHEUEI T HIHAB.

PAER F ORI, BIRAAGXR Fler, ... en) C F(Xy,. .., X)) RZAE—JEE
JC f € F(X1,..., Xpn)S WAEERR g/h; B h = [L,ees, oh, W h, fh € A, HILS
4 f = fh/h € F(ei,...,en). IFEE. O

fis86 #HNX) 28 [[ X0 - X)) BT ZX,.., X, HATEHN 6 €

1<i<j<n
Zlei,...,eq). & F R, x1,...,2, € F. FEPLY HLBTHE 2K P =
S (=) Y =TT (Y — o), WEHREGE ¢ = e;(Xh = 21,..., X, = z,) HiRE.

5]
P HER H(xi—zj)2:0 <~ dle1 =c1,...,ep =cy) =0.

i<J
P TR E AR B — I,

F—RE IR Z BT, XHEA k€ Zso XL

n
Pk = ZX]? S An.
r=1

%P 5.8.7 (Newton ) ZFH p1,....pn,... HET

j+1 —
S (1 e, =
i+j—k
0<i<n
Jj=1

ke, 1<k<n
0, k> n.
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[

UERR DAY ST AR IRREL, 5 RIY] BB

n

_ X,
= Zpkyk t= 271 XY

k>1
Zekyk ﬁ (1+ X,.Y).
r=1
THER P(-Y) = §log E(Y) = E'(Y)/E(Y). BIURIFIS LB R BN . O

T 1 < k <n, Newton AzUKF py #IT#E N (1) key + Rler, ..., e—1] HILE.
2 RO QHH, HHN p1=er, HIE AR IHHLLH
o Rl[p1,- - ,pn] = Rle1, ..., en] = Ap,
o R[p1,....pn) WAL R _EH) n JCLZ IR
PALFRIF S50 5 0 v R S B2, XS AR BOT TR TSR], Ao
— B B L ] 205 [30].

>R

1. IEWEER R 0K o HIE 2° = 2, I R &f. Wit 2° = o i,
2. IEBRFRE ST H0.

8. XMERI k M d € Zxy, LM K™ IR ord(2) = d MILEANEAEL »(d), /ﬁiFP
2 Euler 4L AR B 5.2.6 TEW TG 4 I £ IS 5 ord(z) = d I
@d(z) = 0.

4R E, TE KX R R T L R B BTG n f0 T H, G E T
AR
n—ZHxEH ord(z —d}\<2gp

dln d|n

Hor ¢ 52 Euler sk, MAMBIEAK 3, o(d) = n.

5. 4 D H—AMEHE p > 0 BIREF. IEW] D WA R TRE H Wl IGFRRE 45 HARAE 0 i 2.
& D RSN Fp = Z/pZ, WEW] {3,y anh - Vh € H, ap € Fp} #H0 D AR
TR, Wl BRG] 5.2.7 PTG H g4,

6. XTI L TCIATHIR R i SURTL: 1% S deas Bxb ekt i; s eI RIS™Y B4t
1= [t,1] (fEk t € S), /LRSI r = [rt, 8], i s € S 7E R[S™'] iy [t,st}-

7. WG 5.5.7 BIEIE, HEW [1, Z, 5 Z RGNS
8. A XIE R — Frac(R) 2z PR
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9. 458 JRTRA WA (P, <), IEBXT k= 1,2,..., JTK ¢ € I(P, <) B2
¢Mz,y) = > 1,

=z < Sep=y

C-V@y= 3 1

r=ro< - <Tp=Y
Hep 1 Rk I(P, <) & It, IRRD §5.4 & S RREL 6.
10. FAEMARRMTE (P, <) ST O fLEA 1, BRMMmFECH P. it

ci = {xo,...,xieﬁzﬁzazo<~~~<xi:i} .

TEWT 1(0,1) = 300 (—1)cr, SXH pi= pp. BEBIRT n(0,1) HIMERE? (B0 (37, §3.8))
p(0,1) = (1+(¢—-1)~"

11. & b, %t n > 28 Z(Pn) H P s o1 < - < a1 BAEL IEH] Z(Pon)
S a(iy), il Z(P,s) WE LREIEHFIMER s € C. IEW] Z(P,1) = p(0,1) +1 =
iza(=1)'es i () = (D"

12. HEI k B MBEEEC ZIRE R = kX, X2 XY, A B ERGE .
EW] R =k, T H X € R FelkAM iR il 470,

13. GEMIZL TR P € QX W/E P(Z) C Z MHACYS P AT Y _gax(Y), 3h ao,... a0 € Z
M () = X(X = 1) (X = b+ 1)/kls SEFHE TP REZ K. I i =
FRIMER, X n = deg P kI

14. WFHIF R EMFR m KETX f € R[Xy,..., X, iEHHIE AR S50 £ Euler
N

n

of _

HAETE R = R W4 R LT ke M R =R BMMGEEN R xR 5
(t,v) — tv € R" 3k5F.

15. ZE{FERE 5.7.9 PEIER LI A E SR n = 2° + y® XTIRLEHRH0 n AR, HAR ML
16. 4 w:= =73 BiF Z[w] = Z @ Zw & C 1730, MELEEE . 3 Z[v—1) BT
DA, BERTA GRS N(2) = 22.
(i) {EM Z|w] /& Euclid 382 Zw]™;
(i) BHSER 5.7.9 MIBIERSZE Zw] PRIATTLTE, KiiE] Zw]™; Y p=3HK
A, p=1 (mod 3) IH324, p =2 (mod 3) .
(iif) PARCBFFEARENTE n = 2° + zy + y° WIMREL, WA n ZEENTTEATF.
3 Z|w] BHR N Eisenstein .
17. % kOIS, IEW () 2% - XY 2 K[X, Y, Z] AR Z95e, A — A (i) X, Y, Z #E/
HK[X,Y, Z)/(Z2 - XY) PGSR 25 (i) B Z° IR AR k[X, Y, Z]/(2% -
XY) dEME—/r1RER.
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[

18. 4 p JEB, IEH] ©,(X) = Y00 XF = (XP — 1)/(X — 1) £ Z[X] Ml Q[X] iR
BESE A TR Y o= X — 1, FIEH 5,707 W (Y + 1) — 1) /Y #£ Z[Y]
yNIE)

19. % R IR, W n 4750 det 1R LA IFETC (Xij)1<ij<n FAETCIZ TR AT 25110,
¥ det = fg, HBASTE Xu HBFE £ o, SEIBIE g PRI X1y 1972870, HARIBIE
g TN X (A TE (B Xuy WAIHE g Pl s, B £ 80 X - Xon, HEUEK
AR g HHEC

20. [ b, (B EAFR n O ERIATIRAE R (Xij)icy HAETCZ 2T, IEHA 2.

21. % n = 2,3 WIHIEEEE FH 5.8.6 fH L 6.

22. Fif k FZTR ¢ WET (X +Y) = o(X) + ¢(Y) € K[X, Y], WFK ¢ Jyhnik iz

(i) UEREZ T IE S AR (00 ¥)(X) = o(p(X)) HIRIR.
(if) UERAY char(k) = 0 W, MIEZBTEA ¢(X) = aoX, 24 p == char(k) N ZHREA]
Wi ¢ =" a: X?, Hiha; €k, n > 0. IS 5 B 4.5.8.
(iti) XL p > 0 FEEGIAZTC 7 A SGF k{r}, Hho® G HEZ A Y0, a; 7 [HE
LMY a € k B Ta = o1, Wi (ar)(b77) = ab? T SEETA 0,5 > 0 BOor. I
W S @i XP e Tt BRI Z TR IR k{r} .
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B A IR I X A A PR, 35 R _ERYZeEE MO AT DA HE T 1] 5 1),
M A SREIE R, AR R iRk Rx M — M. NXDWAE, miasEg
Ik b A, A A TC AR R 2R

RO i — R T, AR5z s, filin (a) FBRAEER LA FRAE L
LT A E PR 1A BRAE A A 70 38, AR 2R B AR i E e (b) 36 R L
AL DG W I 2 Y Ve LR R Bl 1, S0 [l AR ISRl () Rty sk R AR
XIRR L AR I TARAER BIIE. AT IE G 81, U AT RELE anik—
K, AT ) S HR RV AN PR ARG 1~ BRI AT 7 ARG 118 W 15 SR e [ B A
B Fon e, FoRse iy, sKEHE S0 TR, 2 f)Baehy .

AR EE AR U RS ROV, —J7 T 2820 1A RO BB M 5T, B 5 Fh i
WG 2 [ B8 1, S LRI B RS, 55— Jr TR A IL & B s BB e 5
B 28 PUAERE RS T, MR, IZ PRI, LTRSS SRS S AERNE PR S EI AL, R
LG TR W H AR, thd b B2,

PR

REAUEBIEH) KL —, b 7S T, AR PO T i — B
8 MR W BRI, BEE AN LA, 2061 6.5.3.
TR LGN L 2 b8 T A9 & RIR KR AR E BRI, B8 A LA
2 OTE WS LA S RE S, (HI2 X XA TR ARG Y 24 A DTSR L4438
W2 KRB © BTENG + BhRP 2RI, 1 X eR TR AR B AR MR
AR © WER T

ARFERT I, Be5/ N SHBAEE AR e AT E S 4 PR A1 R PR A QK
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HIA A E 3l Bk T R S i —RAEZLZ Abel Jil%; 35 R L
ZEBEERTZE Abel JHIE ) HLAL (] T

6.1 =zxEs

MBI R, BURAA —RATE TR IIERE. [HZHAT— S B ki
FEACHRE A, Kotz RACh +, Z70iEH 0, JTR a € A FIASITIE N —a.

6.1 3% R H3F, FFf 4 RABEIE T Joh

o mmiEE (M, +);

o Wit Rx M — M, &4 (r,m)—r-m=rm (£3), #%ENTHEK:

r(my +ma) = rmy + rmo, r€ R, my,me € M,
(r1 4+ ro)m = rim+ rom, ri,m0 € R, me M,
(rire)m = ri(ram),

1p-m=m.

R EXPHERE AN AT (m,r) — mr, ZHEEH m(riry) = (mr)re 5%, 7R3
BAMAE R-EE. — K fHR M 2284 RHE.

HER BB M SR Y, BATWARIZHE R x M — M o R gk hiAE
WHR G FIAELE RASE M Ao b i

0-m=0, meM,
(=1g) -m = —m,
(n-1g) - m=nm=m-+---+m, n€EZ>o, (6.1)
! S >
ndi

(=n-1g)-m = —(nm).

HILTEA n-m (n € Z) BFERABA B BT (M, +) HREEusE, 7Rl
Hon-1g € R BFSENER. AL

I8 6.1.2 ARER] 5.1.5, (ERMNERE (M, +) () H A End(M) B4 H AR,
HARTE R SR G B, MRS B A Y (M, +) 22 RAEESTHHAS T4
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R — End(M)

r— [m — rm],
KT A RSN T4 E TR A

R°" —s End(M)

r— [m — mr].

R AYAES
7 RAE = 7 ROP-it.

I R R 24, WPATRIFR RS
1 6.1.3 (LRIF R XA S LTEM L RAE, XA TIEM A R
f6.1.4 HHOF Z ERBTCIERIMERE, M T Z 8 M B ME——Fh LA,
B (6.1). Fr ASZHARE ) BE AT RSB IY— 32
EX 615 & M Ak R#, F% M C M i &

o fmukH A M Rk (M, +) 8T #,

o HiEREHAY: HENMreR meM BH rme M,

MR M A M EFRE B TR RE M.
EHEEA R M BEART {0} fo M g5 T#, WH M # {0}, Wk M
H B,

PATBSE M /e R & {M; i € I} O M I—TBF1E, THA

My, + -+ my, - 7‘6221, 1,50 €1
> M=

i€l Vi<k<r, mikEMik

(LM {0}) 522 (W I # 9)
()M
el
T 4 S M 54, FATRTRAE Ll S AR 745 (S) S M s S i
T/, ARED
(S) := ﬂ M.

MR
M'DS
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W08 @SSR {x} B, (S) = (z) HEHBT UMWHE Ry = {re : r € R}; X T— &l
¥, 250k (S) = Y ,cq R C M. g8 Rx BB IBHCHTEIME; 24 R = 7Z HY,
A TCIER S IR ERRE.

XA RG] DUKFEIE# ok 8 TS o R 4545, ANHA.

1 6.1.6 ¥ R XA Gy TeyE HA R AR A B, R RO RAR 1 & X
5.1.6 T4

R 1ER7E REI L = R (A BIAH,
R BN R-BIRFHE = R B4 HILAE.

BOEA S @RS L, DUGRFE BTN R-BOW SR R IR PERT.
X 6.1.7 % My, My K7 R-#, Bht o My — My Fif R

o RWHEHRAL: HA v,y € My BH oz +y) = o(x) + 0(y),

oo RIFAERML: XA reR, ve M §F o(re) =ro(z),

WA ¢ H My 2| Mo HERZS ELBHAERERLS WHA ¢« My — M,
Y My — Ms W4 Yo My — Ms fiAFA, BlFE 2 R-HE &% R-Mod, DX
R, B EMSEEREA. & R-E% A E X £, 324 Mod-R.

T EHREL ¢ & XHBZEEERA ker(p) = {r € My : p(x) =0}, HIgH
im(p) := {p(x) : & € My}, WHDFIR My fn My 74

— LAY, FZS @« My — Mo 2R ALY ¢ ZRUS, et
HABgT o1 My — My BRI (U0 L o R AR o R

I8 6.1.8 ol Z-BIIRBUAR ], ®TAERZE (8Uh) RBL M, M, [
Homp moa(M, M) =: Homp (M, M") #UMIERE: SHMER ¢, ¢ € Homp(M, M'), & X

¢+ = [m > ¢(m) + ¥(m)] € Homp(M, M').
ff Homp (M, M") (ZI02FEE Ym — 0. 1 HLFSM & iass

Hompg(M', M") x Homg(M, M") — Hompg (M, M")
(¢,9) — ¢

e Z-RURIEWUS, JRRD:

P(V1 +1h2) = oY1 + o, (1 + P2)Y = P19 + Parh.
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HULIRA R M [FZSEE Endg (M) B B ARRIIREH, ik G . LA
THEIEA BB ALEE M T2 AR D = Endr(M)-BEH AT

DxM-—M
(¢, m) — d(m).
RHEME R D WIEENS R IR “338”, 41 ¢(mr) = ¢(m)r. FATRIEHRIL
UEX PSSR I, WEYE 6.6.1, 6.11.1.

MAEEID 6.1.2, JilE R-Mod 5 Mod-R°P &34y, 24 7459, PATEER R, I HAL
% R

HANH BB, 52, Gl R M b4 “LREFEEEH” R4 KR
~ MY THE D THE N, HRRER A2

r~y < z—y€EN.

WA SHE 4.2 e, DUN RS G E R 7R N C M MEERTRL M — M/N.
HICEE RN IEAREART (M/N,+) B TES, Hotzg 2 m o + N ki,
—otiafe (z 4+ N)+ (y+ N) =z +y+ N; REEF IR LE R WAk

EX6.1.9 & NCMATH AmkE# M/N LEXE RHELE
r(z+ N)=rz+ N, reR, zeM.

MBS M — M/N 2HEFRA, # M/N £ M 3 N 7.

RO R S RTRE, TIPSR LA — LUk, (A S a0 k. IER SRR 3E
AL, il L T AN SRR, PR B Ay i £

HE6.1.10 FaE M — M/N #ENTEMG: HESHRAL o M - M, %
N Cker(p), MEAE—HFS ¢: M/N - M FEEHHx

M —— M/N

R #.
IR ME—IUER Gz + N) = o(x), ZiEsh BER. O

B 6.1.11 % o My — My RERL, I o 2 HFEH ¢: M/ ker(p) > im(p), T
B m 4 ker(p) A p(m).
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UEBH W H S 6.1.10. O
Rl 6.1.12 % ¢ My — My 2 HERA. AR5

{FHN, ¢ My} L {FHN, € My : Ny D ker(p)}

Ny 1 (N2)

¢(N1) I Ny.
KSR No C Ny == o7 (No) C o~ (VD). TiELARAS My = My — My/Ny
FEHREM M /o (N2) S My/No.

WL o NFTFZS M — M /N, B 5 W R A5 AR IER M/N' S (M/N)/(N'/N),
Hf N cN.

UERR AT A O

@l 6.1.13 % M,N 2 M ¥, 6 KAA M — M+ N — (M+N)/N #5 i
B AR HAE A

M/(MNN)Z= (M+N)/N,
m+(MNN)—m+N, meM.

UERR RRREAS m0 M = M/N BREE M B KRR (M) = M+ N, Bh
M Nker(r) = M NN. WHf@E 6.1.11 53| [FH M/(MNN) S (M + N)/N, Bk
m+(MNN)HNm+N. O

X 6114 THRFEL f: M- M, @ XEREA coker(f) == M'/im(f).
BHERE R-Mod [yt — M BURHE §6.8 T AR

6.2 mmEsEE

KHEIF R, Frsifis A R-BL. ARIIHIE R 5220,
TN 6.21 & M H RH.

o LR xzeM HBUFEN RWEZLWT

anny (z) :={r € R:rx =0}.
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# anny (v) = {0} WA o ZFHRH, &N ARRIT, Fra e Emy L6 HER
A TR

o B M WEMTEA R R EAT

ann(M):={re R:Vx € M, ra =0} = ﬂ ann s (z).
zeM

# RWNHEE T A4T ann(M), W M A RHK A R/I-HE: mEARE, d4ig
Fektk (r+Dm=rm FKEX, HF (r,m) € Rx M.

o M XHEEME aC R a3 TN TH

Mla]:=={m € M :Va € a, am = 0}.

AR §6.7 HF. S IUE M 18 R/ann(M)-Biy LT H 32 {0}
AT 5 S H AR AT E B

T 6.22 JEu R-Mod 24 HA &M, FHEAERR.

BXZRRHAIG, BRRISE, WE L 241 XTmE&ERRTE/MES WE
SC2.8.1, YT, RBGUBEEA I/ MR, XTIER N S FEE L 2.1.3. KT
Z-RERI A AR B, FEB 2.8.7 A A, DA IER IS AR T EMSERW
— LRI
WA 3L 6.1.8 Tl T R-Mod J& Ab-jiilk: X 2 il Hoh Hom-SE47 F 2R 14 ki
G54, RARSIT & BOR R ER); Fralith, XHMEE M, M FFAAEZES 0 M — M/,
ERFEE LR 0. 1 THRIF A 78 0E AR 1 25 2 R

L. Julg R-Mod X2 FHE {0}, R ficy 0. H LML A fE2 r-0=0.
B, MAZERSH IR RESS, HILERISEIiE R-Mod IENA.

2. FAHEEAE R-Mod Hy s AR B 1 JA/NME, T {M; « i € I} g—Jik
RAE € CHR (BFFER) [ie, Mi N

[ M = {(ma)ics : Vi € I, mi € M;},
i€l
(m3)ier + (m})icr := (mi +m5)icr,

r(mi)icr == (rmg)ier, 7€ R.
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BIR [Lier My 1 RAE, HEICH Vi € I, m; = 0 G BAH RIS

pi [[Mi— My, el
el

(mi)ig — m;.
E R (BN EHR)

@Mi = {(mi)iel € HMZ XEBZHRAm,; # 0}

el iel
EJJI_LIA @iel Mi 5\7 Hiel Mi E‘J?*ﬁ E%ﬁ—ﬁé@@gﬁﬁ

Ly - Mj — HMz
el

mj, 1= j7
mj — (Mi)ier, My =
0, i 7.

FEA M; = M, N EBRSEMESE MR M. 24 T ={1,... ,n} BFRATH
KM My x - x My, fl My @ --- @ M, W5 WEIER R-ELBKE N, S
— iﬁf’%ﬁ 3.4.8 KR E. AR B —Mr I WIEE, BERIE §2.7 1AL
* SHFENaroy d i
FERL M FI—HERZS ¢« M — M;, AOVABAAEME—1 ¢« M — [[;c; M 15T
l’é‘lﬁt’l\ J el B
M—2 I

ZEI
k J/pj
M

J

WEEET T ¢(m) BIEE 5 AARAR, BHME—RBOE B RZE 6(m) = (di(m))ier. JEEIFT
iz .
R, ZERE M M—TRIFAS o)« My — M, ()&%

EBieIMi v > M

M.

J

XA J € I MR © AME-RBEE: ©((mi)ier) = Xiep ilma) CHIRAD, X2
BN Dier Mi =3, im(ei). IS AR .
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3. F—# 2 R-Mod i S FRIR ST (W §2.7). ZEXHE f,9:
X =Y. LT ker(f,9) — X Bz (2.12) AZE0F:
o [FAZs v ker(f,9) = X WR fu= gy

o B ¢ L— X WL 6= go, WHEHEME—HI5ME 6 = (L — ker(f,g) > X].
ST Hom SEMIMEREEEH, AR TSR (f — g = 0, (f — )6 = 0, KIS
ker(f,g) — X A ker(f — 9.0) = X &%, Fefl1v 2LA4F) g = 0 (HTE.
WESCTE, WEABILT Y — coker(f.g) MIZHE (213), TAIE TR Y -
coker(f — g,0). FFEALZ1E] g = 0 FIE.

4. BHEARS LT ker(£,0) = X, Hob £ X & Y B RERAG. ZHF
2h:
6:L =X, fo=0] = ¢ G4 L — ker(f,0) — X.

HEEE fo =0 < im(¢) C ker(f), HIL# ker(f) — X 4 H PRIy &L T
ker(f,0) — X.

5. REFLT Y — coker(f,0) BITEEAA, Hiz ML ey h:
[W:Y =L, vf =0 = ¢ GME—H53RY — coker(f,0) — L.

HT ¢f =0 < im(f) C ker(¢), W @@ 6.1.10 THIRE Y — coker(f) :=
Y /im(f) R R ST
AR PR TR 2.8.4, {iE R-Mod HLAG BT /MK FiL. O

IR 6.2.3 SMITHANIY, BT lin FUA 45 SARA R, T R
FRRRELRIR. 5 1 Rkt NN (L 2.7.6) HHIBIRT o - T — R-Mod, A2
A s My, O i, M, o= lim /g €5 DL

Horp ~ S (2.11) 52 RS 6 R AT, R ME T T R-Mod — Set iy
lim. SEREETE (A 5.5.9) ZEl, BLGAE TR RAGESHI G My — lim, M; 1N
[ 25, BEHUPE 2 W At ME— . e O PR R IR UEA TR IR, 24 T AP AR B
ARBRS i <j = M; — M; #RZHPG0, R AGHIEE U, M.

HEPINZ, ARTRE M ] B A BRAE BGFRERY i, S RFRZ B8 /Y, Si4

M=U wyeur N R,
A BR A A

Wi 6.2.4 ik R-Mod ikt (5% & X 3.4.12). #ild, R-EHNARERE A
Aot .
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UERA ERE 6.2.2 ME T RURIARBY AU L 3.4.8 FlE B 3.4.9 T 2 XX
BUFAENE, 5 Ab-JtilE R-Mod Sogimikiung. A IREBS BRI AF A2 il 3.4.14, %
W T8 AR O

S 6.25 %I R ALM R=[[;c; ki, £+ I ZARE. HENicl EX R EHR
WHEE by = [[jer Rj, WK
JFi

1, 1=
ei = (0ij)jer €ER, 0=
0, i+j.

MERE R M X M;={meM:bm=0} NHEMMH

Die) Mi —=— M
W w
(mi)ier — Zie[ m;

(e;m)ie; +——— m

UERA B HITERT bie; =0, Y e =1 fll i # j = e; € b; SRIIE. O
TERLIRRLRE M; WA Ry ~ R/b; ERZERL

FIC 6.26 L, HiE A Rt My, R BGERS R — R ¥ A7 R4S,
AMEEM M = @, Mi. 255 % UEwF A SR i 2] B R R E TS 2
PASRE —A R B 452 Rk BB Wil =i, &A1155] R-Mod #I
[1;c(Ri-Mod) [A] e <5 1

6.3 mmE

DB R. B2 RIS R-Mod iy “ il Mgt 8 X b () 4. X4
Az € X AR Re (1 F: HotRRBIBA ro (9955, b v € Ry AR T
A RIER re 4+ ' = (r4 )z, r(r'z) = (rr')z. 52, Re KISk BAIE A R
R, FUg A A s 475 .

EX6.3.1 )X ARG BEBE N RYY = @, cx Re. (FAEREH 8R4 34

X — R®X

r+—1-z.

HEPWTRTUS A RF m =3 ¢ ax® REA (ag)rex, HF a, € R R¥E—HE
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W, ESHRAEE; X5 2B 6.2.2 W FNBHEE 5

PO BB S R S EE L, BE A I NTEIRA. S X — R ELE T
Set — R-Mod, ‘&t A iZ 1 %1 ).

Rl 6.3.2 MEE R M MESWBS ¢: X - M, FEE—WHERAS ¢: R -
M T HEX#.

X —— ROX

Sl

B WX » € X WA o(re) = ro(z) = ré(x) € M, TREEHET ¢. O
PR T X — REX RISHIR THZEPERRR T 05 2, AL L ARIAI Y

Homp(R®X, M) 5 Homge (X, M),

HPAEe X BussE A M Bul R WA, fHET RO FESHYS T
X X A TCRIFIRIG, AFARMARSME, HmE “Hil” 1.

ALy, BATRFEPERBCT LA WA ) 28 L.
EXN633 % X 4 REMEBTE RESL632 4484 X > MAFHAA
o: ROX —» M. %1%

o X REMEXGIEHMN, Wk o REL, RZNUHE X REMEBRXH;

o X AREKR M, Wk o A, AR X A& M WEMRE. EAAREREH
AR ABRERR.

SMTRERERAR BAENESHEBEE XEZX 6.3.1 B[ EHK.
HEEH o BENT ker(o) = {0}, AT

mezo — Ve eX, r, =0.
zeX

—
M A RAN

M o WEMTRNITREATRIE R-EEHG D, cx rer. XHRLMAEAAN & L.
B X 2 ROX L, B B Y BE RO s AR

ZIBHZ . B A LR, 525 AT PASHIEE X 5.6.1 MIFER Z B3R RIA] X R 1)
FETRAER 1 (Cpen60) = Spen a0 (Fith 7 € R) HIMZE RS, i L A C R[A] J25.
AR BIHE. VRG], ZTE RIX] = @,50 RX" 2 A= {X":n >0}
HEMEH B R-BL
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Wi 6.3.4 ERMENT, EEHE M BT RR Y HEHF.

JEBR M BT X MRS o 0 R®X — M, ] im(0) ~ R®X /ker(o). WIHL
X M fERSE (B X = M), I im(o) = M. O

M X AR, REY ) E AR AR R AR, L 5.1.4. ok
B X = {1, 0}, Ffl1SeM Mod-R A4 BB, 3T R e
6.2.4; 55 1 DA FIRIEE A FAERE MG (i 3L 3.4.12). s

o IS n,m;

o MH My, ..., M, fl Mj,...,M] .
BEAL @, M HeA ER ARG €, 52 I PRSI @D, M — M; A1 M; —
Dy M; il WIAT pl, o A TRAMTBRABUZ IR,

Hom (éMJ,éM;) m ﬁHom (enDMJ,M{)
j=1 =1 i j=1

1

(Pid)ir (PibLs)ig
RS T T Hom(r;, Az)).

it & - D)y M; — @i, M] 584 h R
¢2J:p;¢LJM]—>M;, 1§z§m,1§j<n

i, FAHMIE

¢ — M(¢) = (dij)1<i<cm =

125<n

¢m1 e ¢mn
BZFEFERIRIE C = AB W cip = >0 aijbe HiE. X T M(¢), RAFTE TTHIUETE
AEAFR) Hom (BANERE) o, T kAzEIe RER.

BIF6.35 % T ¢: @, M —~ @, M A v @, M — @, MY, 41 kL 4
I %
M(g) = M(H)M(9)

3o 48 1 T Y A8 A e Hom (M, M) x Hom(My, M) — Hom(My, M') % ;.

SEBR R R Endr (D, MY) W4 S s = 1, plel = iday Wi £ =
pity = 0 (BUBUE X 3.4.8 M TEIA) T o 1955 (i, k) MEFERE M(06)a: KR
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A S G S, TS

M)k = phue = Zp (5p}) puk
=1

’
n

Z W) (D) =D M) M() k-
Jj=1 1

j=
IR FERIA. W F L. O
RN e AR R AR R e A 4 Y A

Rl 6.3.6 1 R@" WERSHAERBEMT nxn EHEFX M (RP), s FAHH
¢ M(¢) i #t—F, wik#H Homp(R®", R®™) B RMFAMT 20K m x n 4%
ik B Man(R"p) IR A5 Hy 8 A B B 4E 1 5 0

WH R A R, AR # A Homp(R®", RE™) =~ My xn(R).

WERR W R NZC R-BL ARME pR. LR ¢ € End(rR) B2 o(r) = ro(1), HILATIIE
End(zR) — R°P
¢ — (1)
REA: R - € R BEATEE R v - or (B ERIFENUTRHEE). 1E5ER

THEMGIH 6.3.5 FRRA M; = M} = gR, HIRFTK. X THEA End(RR) ~ R, H
A O

Tk ARG WK §1.4 TR TS AL

BI36.3.7 % I ALFE, (M)ier H—HRFEE, N @i, Mi HEBEKE S HiF
&S| > |1

SEB LR s € S W (si)ier, T B = {i € [ 5; # 0}, HHEEAE X E, 47H, i
S AR @icy Mi BT U, Bs = 1, B2 S F95. ML 1.4.9 FANREHOR %R

U E.

ses

max{|S|,Rg} = |S| - Ny >

= 11,

i fe Ze b oAk 2 [S]. O

BRIV A MBI AT R AEER. AR E M ~ R Wk X,
SRR AR X C M ok, 2 R g3, )i 2sa) i e s I R 502
RERY, B2 b B IRYETEIE, @ LB 6.4.7 KF45 I — Ry ukm], 5/3E 6.3.7
KUK MGt SR AHER SRR Y B R A U
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Wl 6.3.8 & R A RHH, N R®X ~ ROV LY HRY |X|=[Y].

IEER B |X| = |Y| Zi RO ~ R®Y. UER S —NJr i, FRATNH v 5.3.6 B
R —MRREAE m. XHER R4S M, & L mM HIEW am (m € M, a € m) [7CHE
AR TR TR M /mM & R/m-fE, JREIS R/m B EEASE] 24 M = R®X 5h5
W mM = m®X A ji s a4

M/mM = (R/m)®X

(am)rGX + mM — (arc + m)zEX-

B | X| = dimp/m (M /mM), FEXHB R M ) RESHA K, ARSI O

EX 6.3.9 (EHIEME) & £ AT #HmIH R Ly s, EBE K rkg(E) =
X[, IR B~ ROX. RERAR A, X2 R EH.

I8 6.3.10 XF 7k ER R, W T RHTo5 4, RO ~ RO, NG| 6.3.7 4l
|J| > ||, BOFRES 1] = |J]. HIEF R _F A RE RS BAY

Vn,m € Zsg, R®" ~ R®" < n=m.

PRI ZE AR BEE T (SRS IBN); 2575 [EA BT A AR EA L. FRIF, &
HERAIA FRER A AR, 2 HrHe 2% (26, §1].

6.4 nmETaE

P PV IR RS AR BE. MRBOR AR, RS AR S0 — il A ik
Al R IR S, ARk A SR R SR C, AR 1) s A A AU o
SEMAT DA SAEAT R L. ST REE— P B Fr ek S e, D25 JEBRFR_E A ) s
[, X WER—Fh E AR SURAARIHE)™, X T ERME R DI (L2 4 2.

EX 6.4.1 % D AWK KA D-Bh D-rE&=p. HFH, BHEEOHRALFE
A, = .

E P IERE RS STE R R B, 4 D O Bl IS A A X B O e 3
HRNTHZHIE: 5 ¢V = V' Oy D-fai 2\ AESs OREE D-B 24T, W)
IR A TRIA R ML AT DA ISR RIS A T

p(vd) = (pv)d, veV,deD.

PATIEEBRIR D. T2, B4R nT AZE A g St 3] D-j) s ) _F
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EX-TER6.42 %V 4 D-HEXN, X CV, WTFEAZEN:
(i) X BV WRAKKELXTE;
(i) @484 X -V FRHRAH DY SV,
(i) X 2 V s R
(iv) V FHERTRETRARM M e x vde #ARA, HF (do)oex £HE—H.
RN EE—HRE X AV HE.

WA () = () $E v e V, i1 X BCRHER X U {o} bZebemf 3¢, A A7E
F Yexupy ode = 0, Hop do AEAE o X BT RIERTH dy # 0, [H I
v=—3 cxvded,t BT DY = VIR BESK DEY = VRG], TSR .

(i) = (iii): APHE V = DX WK X AW Vs e X' < X~ {y} (H+b
y€X), Wy BARET X' ESm T DX, B X R VE .

(i) = (iv): 1 X AV ATAHER TR B R R Y-, x vde. B

S wdy =Y ad, IyeX, d,#d,

zeX reX

(V) = () TH X BREWTE. v eV LY Y,y ads, IR
U= pex o = 0, ;2P X U {v} LMK O

643 EEV PHAMEXTE X BAETENME B BalH, V A4

AR e X, 2 & ={Y CV EMEX, YOX}LHEMRFTY <Y < Y C
Y'. SK52H Zorn 5|3 (R 1.3.6) IEMRT AR (€, <) AMATT, MIMTSEI PRz A
AER (€, <) HLESE &' A LR, 5 Y CV 2 & mirgiRz i, BAW=
Y MK BiksEX

> yd, =0 (HFLA)

yeYy
WAL, T & N, FTIGER K Yo € & flifg y ¢ Yo = d, = 0; A Yo Ik
PETCRAERT, BRI Yy € Y, dy = 0. Bt Y B fTsK 5 O

S|IE 6.4.4 (Steinitz MyTtER) & X, Y AV HWAARE, yc Y~ X, I F &
re XNY /& (Y N {y}) U{z} A&

IR BEE X e Y AR B o e X WTME-HIRSY YOI D-SRIEALE, FAl]
Wis v AU BAERAS o R, B Y {y} $52 V i— 40T, SEME X
T BAE w IR Z = (Y~ A{y}) U{a}. WESF (a) B Y HOuEARER 2
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LML, FRE y WRETF R « BRRITT; (b) Z DEPETE 6 BMER Y {y}
VIO, « WRERR Y~ {y} MEHEALE, B2 E—20 5 y EEER Y ~ {y} 1
LG, FIE. TRV PR g Z MATAE. REWER o ¢Y: &
GAR My ¢ X = y#2 = Z=Y\{y}, SERMARLETL X TEX MR
A O

PO PE R IR A R R e 1 8. T SRR E R R JEIRG, FE e 35|
A—EHAGHITH.
EX 6.4.5 (H. Whitney) & E 4 %4, Bs 4 E th— ik HRT&; T 5 &% 2N
REA (E,Bs) AiBE:
B.1 £4 Bs F%;
B2 # X, YeBsMyeY X, WWFEAEre XY 45 (Y~ {y})U{z} €Bs.
2k, HE D-mgasia) VA —4Aa FREL, A5 3 6.3.7 ZREE A B A RR, Xt
5 6.4.4, BUE ==V fl Bs := {V i} HHEMME. e XhidEk EH
R, AN SRR TE K 72 B LR B AE T AR S5 A1 A4 1T T A0 e S 1 220 iy, JE
BRIY R 7] 2 0 % 3 [306].
@il 6.4.6 % (F,Bs) A3, N Bs #4870 #0440 7 oy 2% b 25 A0 4 24l 4
Hy .
WERA B RAR, B XLY € Bs fEfR Y| > [X] H Y N X| RARE/N 3l 45T
TRIEY N X # o RIEHITHER (B.2) Iy € YN X flz € X \NY fifif§
Y =Y ~{yH)U{z} €Bs. M [Y]|=|Y|>|X|F Y~ X| < |V~ X| SHFFE O
EN-TEIR 6.4.7 (HEBIRTM) & XY 4 V w4 0 (X = Y] FETEX
V OHEEY K | X, B dimV &K dimp V, ¥ X AV EEE.
EBE G gL R, 5B 6.3.7 2l V (e A R, o4 TokR; i HAE Fo RS
A |X| <|Y| <|X|, b G 2R 1.4.2 LRI (X = [V

i VA A R, B SR ZS i dndt 6.4.6 RIfS | X| = (Y. [

FATLE §6.3 DAMUER] T - 2 e dh B H i BEA R ERYEE.
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6.5 wmmmkeEw

RBURBOE TR IO L AR RS HEEAT: 4 XY
Hy C- kA 2% I AE R — C-Rt sl A IOBRHEL B < X xY — A. W3 B(x, ) i
B(-,y) MPA x,y HREIEUE, W B HOWRIERL BT X FIY MR EBULAE 2
SERAHER X XY - X © Y. WS, 1R PER B: X x Y - A
XxY —-XQY
i f 45 R Loy OMR LSS ORMEHE M AN, SR, i
A

(z,y) € X xY 7£ X Y FIBA = @y, WL

(z+2)Qy=20y+2'®y, z2Hy+y)=2zy+rY,
tr)y@y=tlzey) =z (ty), teC.

FPAREIL, ey =S X QY WA © @y K, R EAIERAN X Y P H
B, BN 2" 7.

X — MR, W FRIRFH TR R, (HEFHE— RIS TIE, 15620
A2
EX 651 (MR) & R, S A, FiiF (R,S)-WEEHE - Mk AL REEA S-H4H
Witk aE M, %R T R

e

r(ms) = (rm)s, meM, reR, s€b.

BSCE RIS R rms; BT DA E BN R AR as i, O R 7295 S f
FeZ (A HIAHRAE. R (R, S)- BT PASE SCRARAG IS, A4, RRESE MR, AT 45210
BEE (R, S)-Mod, Je/i#AR. AT 7.3.5 FFU6 B AR USRS (b 2] B0 10 115 7.

#16.5.2 f7AE ik AR R-Mod ~ (R,Z)-Mod. XJg B NIEREZ REL M A
ME—) Z-A R EEH ma = am, Hftm € M, a € Z, BALAPER AW L. 7B,
Mod-R ~ (Z, R)-Mod.

653 24 R AT}, R/ R M #EA KA (R, R)-BUEL & rmv’ == rr'm
Rirm].

HE 6.5.4 SHGHAEAR AT pM (3 Ms, rMs) Fom M WH 7 R-BL (84
S, (R, S)-XUHE) 45t

XU T 5 T OFFE sk AR, 5k AU py 2 Az M B 2 Y PR, 535 e
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TLLR T AR B A, R SE MU LA A BP AT, A R
— I T FFAETEIL 6.5.10 1.

FEN 6.5.5 (FETR: BBIEH) % R A3F. £ EHE Mg, pN FZHE (A, +). B4t

B:MxN— A

H 3 LT A W AR A R

(i) B(z +2',y) = B(z,y) + B(z',y),
(i) B(z,y+vy') = B(z,y) + B(z,y"),
(iii) B(zr,y) = B(x,ry),

oz’ eM,yy e Nfarc R ARETLE. IAFHEMR B: M x N — A fiRE
184 Bil(M, N; A), 3t Ao ik M R 2 # %

GE M, N, TN M x N ZE-F R —A-ulg Bil(M, N3 +): NXt5 B
B B' WA E NI R S 2

B d
lﬁilﬂ*\

B\A/

M x N

BRSO SRR M > N — M @ N JedR2 Bil(M, N5 «) B 5 WiE S 2.4.1.

TEX 6.5.6 i BT iz M oy F AR M><N—>M%>N7/l‘4“~?§ Mp #1 gN #1327
HEBFER B: M x N — A, FEE-HHERAS M%N%Aﬁ%{?[@iﬁ%

BESR M x N — M@ N Bz PR %I, R ME— B 8, R E]— A ME— [k, A1~
A Ak, AR M®N N M AN RKERL AIE © TR R I A LR
(2,y) #£ M ®N *E’ﬂ%&ﬂjﬂ TRy WHE: BihHe eMeoN ARG EHH IC 2 KIE XL,
N HHRFT KRR R R TR, B (2,y) oz @y BEEER.

5|32 6.5.7 XtAE Mg, gN, ¥ B M x N - M % N % .
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WERR 2ARYIRTHE R &, HIEESG M x N _ER AN Z-8 F, Hpra
(x+2",y) — (z,y) — («',y)
(z,y+y) — (z,y) — (z,9)
(LET’, y) - (:TJ, ry)

WTEH AR Z- TR A2 M@ N i= F/LJFE (2.y) € M x N 16 F/T k14
2@ y. ASFAEIBGE M x N — M & N HFk

WG BB E X, W A BT B M x N — A M2 T4 5 [ &
B F — A XMREH

B(x,y) = B(z,y), (x,y) €M XN

ME—HfsE. HI B 2P HACY B HE I ERE, NG M x N — F/I
SR WS B F/I — Ak B iFESHNAS. PR B: M x N - A 5FH%
B:M%N%AE‘JXULE”‘LJ‘\%EE

Bz ®@y) = B(z,y)
FEZ0 i ST Y 6.5.6 BRI AT O

SI3R6.58 KER MeN & M N H#RETE: 6k o: M- M, NN A
BFS, NEEE—HAS g0y MON - M @ N fFTEX#

MxXN — MN

R
LPX"/}J J{alv®w

M x N —— M’%N’
B AR M x N5 M x N o M@ N SRR, s S 656 (8
HEME—2 o@y: M@ N - M @ N’ i L. o
DAL BRI S A 24 T35k
(p@Y)(z®y) =p(@) ®P(y).
ST T IS o @ . dh 20 T 5 TR 5 R 5 £ i

(p@y)o(¢ @Y) = (poy)® o),
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R A A @ o ¢ il o) A75E L.

BHO.59 L7 QRS MR oMp, Ns, KER M &N HHE—H (Q,9)-K
BEMER
g(r@y)s=qreys, ¢€Q, scS.

BTG @ WFF ARG AR R-BAGH.

WA 450E g € Q fll s € S, MRROUSE X, ¢ 75 M _ERZERYS s 76 N _LRH R
i M AN AN R EFER, 2518 6.5.8 45 H i T R0 m iR A

M@N —M®N
R R
T QY+ qr QYSs.

FIEIA q,s TR PRITUEEE Y. O

T 6.5.10 (FURBYTFHR) Xb UL Mg, rNs, [FFER]E PN (Q, S)-WUBELEHE
WPEAR B - M x N — A, K RATER A 2 (Q, 5)-BUE, I3t B I &SN &A1

B(qx,ys) = qB(z,y)s, q€Q, seS.

AHERAE M x N — M @ N TR XARAY-F AR, HF A5 5E 3 6.5.6 FEURZ 1R
Q=S =Z{#HFE5EHE.
F12H 6.5.8 W (14 & 1Pt BT 4 R9HE) T, FAVGH 8T

©: ((Q, R)-Mod) x ((R.S)-Mod) — (Q.5)-Mod
(M,N) — MeN (FFZIR)

(0, 0) — o ¢ (EHIZEK).

M R AR, #5401 6.5.3 457 R-Mod 5 (R, R)-Mod, A58 1

% : R-Mod x R-Mod — R-Mod;
e i R =S Jylal, Y23 ) 2 ) i) K B AR 5 AR PR 2.

FE RV IR AR 1 LR R V5T, X AERY I P 2R
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wl 6.5.11 (KEFMBISEM) &L, A Rk (N))jes o (My)icr, #E B RFAX
(HiEI Ml) % (HjeJNj> — H(i,j)EIXJ M; (% Nj
T U
(Dics Mi) 2 (GajEJ NJ‘) — D jyerxs Mi ® N;j
EHET (N))jes 0 (Mi)ier BEBTW. 4 M, N; EARBELEH B, st 7T U
B8 6.5.10 ARAHy K E A
32 RN EPpVIE & IR SR S TN

HMiXHNj—) H MZ®N]
i€l JjEJ (i,4)eIxJ R

((®i)iy (y5)5) = (2 @ yj)ij

BAE @iy M x @y Ny EIBBINGIEAE B ey Mi o N th, BRI IARE
MEEN x; @ y;. XA T WS TP R A, Hady RE A EZSS ©.
AT UERH @ SR[RIA, ARG UERT RS RE A A AN AR (S E EH 2.5.1)
Hom ((@ieIMi) © (D) Nj)7A> —~ Bl (@i M, ®, Nj;A)
EJFE%[J
o |fizl) [1;; Bil(M;, Nj; A)

Hom <(®i,j Mz (% Nj),A> % Hi,j Hom <M2 % Nj,A)
Hrp Hom = Homap. —YIFEYEIL 6.5.10 IIHEA BARRIHE. O
il 6.5.12 GKERBGSLHIR) & Q. R, S, T H3F. FihitFM
M@ M oM~ (MeM)o M
R S R s
TR Y®2)— (TRY) @2
W CHTEREAM BRIV Mg, RMYS, sM7 W42 T8, T A B W 3 5404 A

((Q, R)-Mod) x ((R, S)-Mod) x ((S,T)-Mod)
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3| (Q,T)-Mod # & F.
WA A TSR, B Q =T = Z. HERNMEEHE: (A, +), fE7Ems Ab g

Hom ((M@M') %)M”,A) = Bil ((M@M’),M”;A) .
R R

AW F A WL R AT =J0 AR B sLRHE, 78 RIWE R TR R s D o
Mx M x M" — A:

(i) D(x+a',y,2) = D(x,y,2) + D(@',y, 2);

(ii) [A_L, (HECHXAE T v, 2 #4F;

(iii) D(ar,y,sz) = D(z,rys,z), Hf re R, s € S.

WK, 4 A D, WA E A8 IC 2 € M Wt D(-, -, 2) J|B T Bil(M, M'; A),

WFAERZS B(-, 2) - M%M’ — A 15 D(v,y,2) = Bz ®y, 2). BEES 2. N DY
PERT S Me M' Hyh S-AREEH T

Blx@y,z+2)=Bx@y,z) +Blxey,?),
Bz®y,sz) = B(x®ys,z) = B((zr®y)s,z), seS.

Pk B € Bil ((M%M’),M”;A), MM IR ¢ (M%M’)%M” — A &

p((z®y) ®2) = D(z,y, 2).
ZIH. DA BAg— B HR R AR, INTARE0US B < D. (R,
Hom <M @ (M @ M"), A) = Bil (M, (M'&M"); A)
R S S
={D:Mx M x M" - A, Z5EFH#},

i HAF WL RS o XFRCRIR D, HA ¢(z © (y ® 2)) = D(z,y,2). T A #J{E

B, MERE 2.5.1 %45 M%(M%?M”) = (M%M’)%M” g (20y)®z — 20 (YR 2).
MR M, M M 6K 112 B B O

dhill 6.5.13 GKEFRIKATT) & R, S #F. FAXRWRELEME R A0 S 25 0AHA
(R, R)-W 4 (S, S)- A&, N 77 3 36 F 4

MS "= M+~ RM
s R

mes ——— ms

rm &< re@m
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e Mg AT T, ER=ZFEAA (R, S)-Mod 2| & & # & F.
MR DL UIEN] M @ 5 5 M, 55— Bl554 %0 b Homn,s) 2 (R.S)-Mod
Hom. XML& (R, S)- MW A #f

. TR
Homg s)(M, A) & {M X8 — A} & Hom g g) (M@S A)

¢ .

o(m®s)=B(m,s)

FH—MXGH ¢(m) = B(m, 1) fiih, X2HHN B(m,s) = B(ms, 1) # B H1 ¢ &,
T P AU o 136 A OURSE () 25 P 1

r¢(m)s = rB(m,1)s = B(rm,s) = B(rms,1) = ¢(rms).

MJ:/\X/YETXE%VE* Mz, % E o(m®s) = ¢(ms). T2 0¥EREH A
Homg s)(M, A) 2 Hom(g s)(M ® S, A) TLAERX m ® s — ms fERLE] ]
AEPE 2.5.1 52 SRR, O

PAT B B A RAE R ZHi A R, B fil 6.5.3 ATRAKE RAGE—HL
H (R, R)-XUEL.

Rl 6.5.14 GRETRMIZIRLYER) & R A R 3F, 744 M
o(M,N): M®N =+ N M
R R

TRQYUH— YT

WHHAA N M, N %% 1#h&F (R-Mod) x (R-Mod) — R-Mod. & # & ¢(N,M) o
C(M,N) = idM®N-

SEBA  HYEIL 6.5.10 T EAOWEE B(rm, sn) = rB(m,n)s B THSEA Bil(M, N; A)
(Horf A RATEE R-BD), #7261 AR

(M, N; A) : Bil(M, N; A) 5 Bil(N, M; A)
B+~ [B°®: (n,m) — B(m,n)].
MR Z IO Az T, S5 A AR oM, N) : MeN = NeM, W2 (M, N)(z®
y) =yQz. HEBRHZER (N, M; A)oc(M,N; A) =id B ¢(N,M)oc(M,N) =id.O

WiC 6.5.15 XL B #H R, HH R-Mod, ®, rR & % [F b3k S5 [ A A kAR & 9
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B (JLE X 3.1.1, 3.3.4).

EBA M 6.5.3, Ak 6.5.12, 6.5.13 Fil 6.5.14. L PuWE RIS M A BIZ 5 M

REMKZE (e (yez)— (20y) @z Moy —yec %) HERIE. O
R RERTE I, AS R DA B4R

WL 6.516 % M, N H#IF R LiyH B, 2 ARE XY, I MaN wRH

MR, U XxY &b (zoy:ze X, ye V) A Balu, tkp(M © N) =
I‘kR(M)I'kR(N)

6.6 FZm

XTEEMI R, S, WATPAR TERENTRIREER R-Mod 1 S-Mod? b8 11
SCAPTERAR? XA A BHE_ERY2GHR, TEF0RIE, SRR i B e
BrAE. AR5 Rz ADBUBERYTE S, 3t Hom HMISKER R 1T LATIAT.

HIeH & Hom pR T ¥Eid 6.1.8 KIABGEE Y Hom HIRHIEMNIERE. 5 %18
H RS,

87 6.6.1 WUEN R. X TZERL g M, pM', A4 Z54E Hom(p M, gM') 1 M L
W fE I LA e

Hom(gM,rM') > f:m v+ mf € M.
T Mg, My WIS, [R5 Hom(Mg, Mp) £ M _ERPE PAZERRIR:
Hom(Mp, Mp) > f:m+— fme M.

AR, 25 RS I LB AN — B B2 BRI AL B R L RAE TR &S
B AEAERIES G WEE re Rl me M,

(rm)f =r(mf) (ZA%)
flmr) = (fm)r (4152).

EX 662 #% QRS A HFIM oMp, oMb, TN H % Q- t) Hom #
Hom(oM, oM') Bd 8 4 # (R, S)-SUH 5 Hidn T: A& f € Hom(oM, oM'),

eM’

—
rfs:m— ((mr)f)s, reR,seb.
eM
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KWH, T rMs, Mg, CAMEA A S-H# 8 Hom ## Hom(Mg, My) B % B %
(Q, R)-M £ A: M{EE f € Hom(Mg, M),

eM’

qgfr:mr——q(f(rm)), q€Q, r€R.
=

NEE GRS, X L28E 43 H AR, TOSUBLE BT Sk 2 25 2 1, f98 Hom(—, —) 43
A ((Q, R)-Mod)?P x (Q, S)-Mod | (R, S)-Mod i T-.

il 6.6.3 GHBEF) I M’ = pRp, {55 T Hom(—, gR) : (R-Mod)°® — Mod-R
M Hom(—, Rg) : (Mod-R)°P — R-Mod. &l T LMACE PR 23[R i A4

¥i8 6.6.4 4 Q = R = S it s R-Mod B Hom £ AU INTERE,
EALILE R-Mod X4 (ZFH] 6.5.3); FLLE, RAEBFS f: M - N LRy
wmREITLAER rf cm o= rf(m), X 2L RSP B R . Bt e] DAE B IE R
S A BE R-AEMER: T f € Homg(M,N), g € Homg(L, M) fl r € R, {Ef
(rflg=r(fg) = f(rg).

M R-Mod F3HER) £ 2E3EmELE R (S 6.5.15), T ARFTIRIEE X [ B4 ik 78 5235,
ZF §3.4. XFPH KA Hom-S5H7EE=AH 435 0L, R AP Hom.

K EFRARA M —FE T B A Hom-58 T FERETE, HIRESIE, X TR ke
BUZ M RS .

EI6.65 % QRS HI. ML FEMY
Hom(Q’S)_Mod <M %) N, A) = Hom(Rﬁs)_Mod (N, HOHI(QM, QA))

pr—ly—= [z ey,

Hom (g, 5)-Mod (M ® N, A) — Hom(q, g)-mod (M, Hom(N5, Ag))
pr—=lz =y plry)]],
AT 3w A N MR, rNs F1 gAs A E TTH & T

((Q, R)-Mod)*® x ((R, S)-Mod)*® x ((Q, S)-Mod) — Ab.

SR AGiES— AT ARV 6.5.10, Hom .5 wos (M on, A) SRTA M x N
5 A WA THTR B (0 A (Q. S)-SUSZEH) BRIV INERE iCa Rl o o B. %
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JETHIR B: M x N — A A THERS N2>y — B(,y) =pe®@y), iZH @, F
HEARI E SUREN
o ® € Hom(N,Hom(M, A)) (& M2InEEE7EnE Ab 1) Hom);
o qm TE @(n) FHE (B) B(gm,n)) T m 1E ®(n) TG (B B(m,n)) Z=3fPh
q, fiH52Z ®(n) € Hom(gM, gA);
o Xf ®(n) RILE 6.6.1, WEH md(ns) = B(m,ns) = B(m,n)s = (m®(n))s;
o [k, mr®(n) = B(mr,n) = B(m,rn) = m®(rn).
MR E X 6.6.2, RWEAMU T UL @(n)s = (ns), ©(rn) = r®(n), KL & Vi
B B:MxN—= AMETHE (RS)-WEMWFEZE @ : N - Hom(oM, gA). R
0= B — © WM H .
BAWrE IR SE 2R, F U ¢ = Bz, ) = p(z ® o) BIF. O

HiL 6.6.6 i M % (QR)-FHE, MEHT

M % —: (R, S)-Mod — (@, S)-Mod

AEHIEET Hom(M, (—)). £ MM, & N & (R, S)-WHL, M &F

- % N : (Q, R)-Mod — (Q, S)-Mod

A EH & F Hom(Ng, (—)s). WHEHHHFAE K H £ 6.6.5.
UERR [ PERERE T2 58 X 2.6.1. O

BIEHAT IR E: 2 f: R — S ARG, WS BA (R,S)- AU (S, R)-%
Wighty: e RAE S LA, HFREESHIHN

LEXAEMER S PRIRE. HILE T — ®S M S® EHBE. H—JH, ME X 6.6.2
RS 5§ Hom(Sn, (—)r) : Mod-R — Mod-S il Hom(rS, n(—)) : R-Mod —
S-Mod; 5% X 6.6.2 REFZILEHA S @R, SR MBI 6.5.2 FIHl (=)r = z(—)r,
r(—) = r(—)z 5%, BUICWRE.

Ty, HTAREA S M A H rm o= f(r)m RS R-BE, AN, [FAS
J S R AL ] B A R

Fros: Mod-§ — MOd—R7
RoSF ¢ S-Mod — R-Mod.
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I3 6.6.7 frE T I FM

Hom(sS, s(—)) ~ rssF =~ rS QS§> -,

Hom(Ss, (—)s) =~ Fros =~ — % Sg.

VERA ARREE TR BEIR]. B M, BRI S E SRR T AR R

HDH(SSJWS)419A4
©+— o(1).

KRN LAE 6.6.1. BT (or)(1) = (r-1) = (1 f(r)) = p(1) f(r), BEEFRE T
Hom(Ss, Ms) = Fros(M); 'EXF M {58 PR 2 5 KA.

— 1, fidl 6.5.13 gyt S-AAY H SR FIAE M % Sg = M B m®s K ms. [
12 M © S [ AEREEEF ] Fros(M @ Ss)=M QS@]:R%S(SS) =M ® Skr. O

it 6.68 i f:R— S HHFELS WTEHENMNER

-®S S®—
R R

SN SN

Mod-R G Mod-S #  R-Mod — S-Mod

\I/ \f/
Hom(Sr,(—)r) Hom(rS,r(—))

FHRTEEAWT R R R

PR
N
R
— —
HHERE
N~
PR

W R R R B R 6.6.5.

UERR Ze IR BT TR BRI IR, R A AR R M, sN. 51BE 6.6.7 T A E B
6.6.5 253

Hom (rM, p—sF(sN)) ~ Hom (g M, Hom(s S, sN))

~ Hom <S®M, 5N>
R
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Horpdg— AR SEIR R, e 1 (5@ =, pss7) PR R, [P
Hom (ngf(sN),RM) ~ Hom <RS %} N, RM>
~ Hom (s N, Hom(rS, g M)),
Tg— A2 MR A . W FTARIEE. O

XMEEMIRAL R — S, L 6.6.8 ke Tdbsft

Pr_s:=— % S, Ir-s:=Hom(Sg,(—)r);

RosP =58 % —, Rrosl:=Hom(grS, r(—)).

FRE PR BN, TR U907, BT ARESE ke 1. SR AR T b b
A B AAA. DAEREXS (s Py s F) S, UER A [ 3% E SCEHTT A

Hom (rM, p—sF(sN)) —— Hom (gM,Hom(sS, sN)) —— Hom (S ® M,SN)
R

f [m— [s—= s(mf)]] ————— [s@m+— s(mf)];
(6.2)
ABUEEIRA]. X S bR ok A A

gf
BB669 FETFA Qo R —3 5. MEHEHETFHESR

FosroFross = Fgos,
Q—RF © RsF = @sF;

WEF P, I #RRAY

PrsoPgur >~ Poss, Irssolgar=~Igos,

RssPoqgurP ~qgusP, possloqgorl ~gousl.

UERA AR T F R BN HoARIs S 6.6.8 FIPERE R T A e (i
2.6.11) BT ZeBATA BT 24 SR 2 2R O

PAF#IE R AZHIFMIETE, HEE 6.5.15 B (R-Mod, ®, ...) Hk & Lg%
T L 2P bR RS W X 3.1.7.
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W2 6.6.10 WX HEHFZ|AHELS R— S, &F Prog: R-Mod — S-Mod E & & #k #
LR TF LA,

S RIS < TR0 TS Prss(-)9Prss(-) 5 Pros (- ).
[ZE| Pros(M) =M = S; ¥ RAE M, N, BUA &R G E(M, N):

(M%S><§<N%S> it (MgS)g(S%N) §M%(S%N> 3 <M%N>%S
(rRs)@@Yt) —— (TR5)@EARY) —— T@stRY) — (TR yY) @ st

RSG5 R Or WHAR (G 6.5.14), I RE5 & LM 5 L TR
S @S5S (A 6.5.18) (9N I ATHIHEAE A RAIEE X 317 Pl Sl 2%,
M40 Pros(R) = S & 4 TCLRIGEHHEL. 0

6.7 TEMEIFLMERERIE

ARITREARZ AT L ZHHEER. FE R ERAEG [HEFRERFT S (a) == Ra, H
Hae R HEE (a)(b) = (ab). BAERF KT HICT LR HY— M 3 6.2.1 Jili T HEER
R.ATRE RAE M WA BT T Mor C M, FRONESFRR: XN ax =0,
by = 0 ZEif ab(z +y) = 0. XT T (a), MIMAIHERS > Ma] C M fHHCH M[al.

X 6.7 i M A4 R HIHER 2 A HH#

Mtf = M/Mtor-

HEIMTERFIZ ¢ : M — N #HE o(Mior) C Nior, MIMTES o : Mg — Nyr. i
SIRTCHRTT M — Mg SEPRZG H— 1R 1.

SI36.72 LE R M WAHEH My HELHEE. RS M — My 893 E 4 %
B 2k Bl A
Homp(M, N) = Homg(M,N), % N 4% R-H#.

it R-Mody; S i Tt R-BUA U 45 130G, ABAK T M — My JE[R iR 25 1
TAEET R-Mody — R-Mod [ZEfERE. I RITCHE R 7z 1.
IEBA & z € My AT, HHURS © € M; (UAHEW = € Mo, RIWT530 58— AW
HoWreR r#0Hrz=0,0ree Me; BRIESM s € R {fifg sre =0 fE5:H
T € Mior.

S N Ji%é, ¢ € Homp(M, N). WP o(Mior) C Neor = {0} FlfifH 6.1.10
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SEARAME © = [M — My — N]. m
W 6.7.3 ATIGLEIS—HER R S REER (W5E X 5.3.7).
BII6.7.4 W E hHm RA N EEETHE M %8, i H tkp(M) < rkp(E).

KT HME ERESF tkr(E), i§SHE X 6.3.9.
UERA ERE| MR ik B i X HEEBIEES

Y'CY: X i1

My :=MNY, oy Ry 2
b Y — M Bt

{b(y) : y € Y'} HyRL My 9%

P =< (Y,Y')b):

& P AT
(Y, Y,,b) < (Yl,Yll,bl) <~ (Y C Yl) A (Y’ C }/1/) A (b1|y/ = b)

BRPAZE (BUEY =Y = 9), HHPEMERAG LA BEETH#E Y CY 1y
Y CYIRREEREL bR Y — M, i My (5. Zorn §IH (EH 1.3.6)
iR (P, <) HWATT, FAMLATEH P RHK T (V.Y 0) iR Y = X, sth
tkr(M) = [Y'| < |X| =r1kg(E).

R (V,Y',0) € P, Y # X. 3F o € X \Y, & L3

a:=<¢a€R: am—i—ZRy NM#a ;.
yey

Lo# a= {0} W My o = My, WHH Y, =Y U{z}, Y] =Y’ Fl by = b 5153
P kg T (YY) IR,

2. #7 a# {0}, WAEZIT a € R it a = (a), FFHI m, € M fii15

mg € ax + Z Ry.
yey

BB Myugey THIITTE ' W7 E oA Y U {z} JBIF, M o MRBLET (a),
ML r € R #if% m' —rm, € My . IV

My sy = Rm, © My,
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MTATBABL Y; == Y U{a}, Y] o= Y/ U{a}, by = Vi — MO blyr = b, b(z) = m,,
BN P AT (Y,Y,0) TTE.

L& BRI (P, <) BRI (Y, Y7, 0) M2 Y = X. O

M rkp(E) = [ X[ AR, W (P, <) BRI AFAEME B/, A5 Zom 53,
PE— IR T, A2 AR B B A A

Rl 6.7.5 W M % R, T H My HIRA K. AL My £ 8w, I LFEA RAH&
E m%%ﬁ ECcM {}%?‘% M:Mtor@E-

WERH B FRATCRE R My B— A RRA IS X, BOH ORI ZRIETE X T4
V. XA v € XNY, ATRLEERF « KW Y WLIEA G, RN Y U {z} LM
%7 l%\ﬁ/—é—i afI: G R7 a:t # 0 1%1%: aacx 6 Zyey Ry E: a = H.’EEX\Y azv D_]\U[a/jl(l?\

My — € Ry = R®Y
yey

m i am

S B 6.7.4 SA% M SE7HERR ) L.

HENL My (03 B, I 4454 b e B RIS b € M. FBKAE E = Yyep, Rb =
@pop Rb 5 M I E W THL T H M — My BHCGRE E S M. it M =
Mo, ® F. O

BTl 6.7.5, XA FRAEB REIBITEACAE] M = Mo TEEXVERTTER, 1L
A AR 0. W I E AR R Ab e ME— M ER (2 PR 5.7.5).

Bl 6.7.6 i R M #% 2 ann(M) # {0}, % R # T % [[,p" 4 RHEHE
ann(M), ¥ p1,....,pm £ R PEREBREATHTT. U M H A #E

M =P Mp).
i=1
ABENNE p=p WFELTNEAZRTE MP™] = U, 5o Mp"], FfE M 8
p-ER A
ERR W M Rl R/(TT, pi) LROA. B 1 o= (pf), FEPEAE PR ME— il o 4 T

m

R/(]»i) >

i=1 i

FIBE 6.2.5 SRR E R M = @;1, M;, HbhdgA~ M; SBrie R/ (p) )-8 sk

-

I
—

R/(pi")-
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PERTAIRHERE N 54 ([, 00) + (o)) = R, UL 5 5H M, = M[p?] = M[p¥].0
BAE—VIies, W DA T UER] B AR IR _E AR 2514 s PR RS
R 6.7.7 (MFEFREIR) & £ Atk n B8l R-AE (n € Z0), M ARETH, NHFA
E t#& {e1,...,en} REEK 0, =(di),i=1,...,n, HET
O 01 DD 0p;
o RX0<k<nfRu#(0) — i<k NTE

diei, 1§Z§k’

M M

BB 01 D00 D0, WK B M &M, HPWIERE E/M W
HEELHE.

MERR iR RE— B AAEYE. XHMER A € Hompg(E, R), B4 MM) 2 R 1Y
FARL AR {AM) : A € Homp(E, R)} RN TAE XK C BRI,
AT DO AR TS FHE a1 C ax © -, 5513 5.74 FIE. W— K
A (M) = (dy) =:01. # dy =0 U M = {0}; BRI HUEREEE eq,. .., en.

#rdi # 0, flxy € M, xy # 0 fi4F A\ (21) = dy. RATBIFAHMERE A € Hompg(E, R)
WA A(x1) € (do), TARH T UIAR (b) := (M21)) + (d) WL (0) = (do). BHAL,
W (b) 2 (dv) WAFAE w,v € R fif5

b=ulz1) + v (21) = (X + A1) (1) ¢ (dv),

5 M(M) KRG BT A 7R, 21 £ E R —HE T RIT G AR S dy
R, MUAFHE e € E {fif3 21 = dye.

MRS 6.7.4 AIAHI B == ker(\1) H/ZHHEL, E'N Rer = {0}. HH Ai(er) =1 7]
PAETSMT R e € E HAME—FTE

e=M(e)er +e—A(e)e; € Rey ® F,
cE

Eﬁ FE = Rey o E. ﬂ:ﬁ ee M HT‘I‘, /\1(6)61 S (d1)61 = Rxy C M, ﬂl

—_—

XM C E ERZAHIEE, T 02 = (d2) = Ao(M'), HH X € Hompg(E', R). B
xy € M 15 Xo(22) = do. FRATHIT 01 D 020 XZHT Ao W NES X2 E - R
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15 Aa(er) = 0; 73— MHHL u,v € R 453 (udy + vdy) = (dy) + (do), Fil&y E' W)
SCn] 75
udy + vdy = (u)\l + ’125\2)(%1 + £C2) c (7.1)\1 + ’UXQ)(M),

TR A (M) R RATHEN (dy) + (do) = (dy), JRRI 01 D 0o G S I RRERAE, 152
RIS e Fl 0;.

RS UEME—PE, R F

(E/M)tor = @ R/v;, (E/M)tf:RGB(n—k).
1<i<k
2, #R
B RN, HURIED 6310 M (B/M)y TN 1 — k. QBN N = (/M)
BEHURIFROVORE 0, # R, T [{i : 0 = RY| BT DAM tk(M) etfiE. e R E S
N =L, Rfoi WBFTE. HAFS, AU 01 # R.

S1H 6.7.6 K& N hy D, Np™|, Wi AR N A R Z5HR . X TR e
AT ZYTT p, ZF1 (R/0:)[p™] = R/(p™), ZXH n; 2 p {E di WA Y50 YR
B (ZFESIH 6.7.6 IEH). BRI R d = p™ BIETE, p &% AR 2701
1<n;<ng <o <y,

PA PN T8 {pa - x € N}, WA R

N ~ R/(p™i
N 1<i<h pR/(p™i
P <i<h pR/(p™i) Al 6.1.12

R/(p))®"

~
~

Nlp| —— @1gi§hpm_1pn1§R

PG T PN = @, pR/(p™), TEREM p/ N HRESEH 35 i 2 i H A0 4L
vj = |{i:n; > j}:
PN

dimp) ) (P N)[p] = v; = dimp) () SN (6.3)

LT §5.8 BT, FFBTRE na < - < BRI WREIEMIFAESR @ DRI
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By /l\ﬁij%v %ﬁ[ﬂ:[@ (W ny=ng =1, ng =2, )

1/0 vy o (6.4)

n:hD;ij

W[ T

n2

ni

BER BEAHFRMA J+ 1A vy DIOr8, BreABRE (ni)i>1 A ()50 SEh—1KP
T, AHEHER). B (6.3) WILAM N BZEM LR (v));, gk (m)z O

—HZET B REF M LTS, BiER ] DA R RIASGE, 15 B ER 3L
FROAHIFER) Smith ARUEE. UL [59, S7NE §5).

T 6.78 EHEEF R LWARAERE N BT

N~@R/v:, R#0 > D0,

i=1

WH, AEEE 0D D0, W N WRMRE—HHE, FA N WERT.

WA K N G E/M RIBS, Hoh B OR A RBRE B R X M C B E B

6.7.7 Bl 2. O
HT Z-BICAE e el (Bl 6.1.4), FATSLZITF2 DAT Ze it 4544 i 2.

WiC6.7.9 AWAMIHH G ERANT M @, Z/dL i, £+

d17-~-adn€ZZO\{1}7 d1|d2|‘dn

WG HRAMKE—HZ. 4 GHRKE di,....dy FF.

I8 6.7.10 FEWFSTE I 6.7.8 A RET, b3 —HEHOR R 6.7.5 (LA N =
Nior T61E. IEBEATA (a) JePAGIHE 6.7.6 KA N ME—HIE Sy p-tEZKER S 10 B,
ke p HFAHLE N = N[ ] B, (b) JRATR N RN EAMI R/0; 7 iR
iy (EEE 0 # {0}), X e Tl P ERAER (BB 5.5.2). WELAZ
SRR, fISHER N ﬁ%iﬂ HRHEANR AR (p™), (p*2), - ., Hd p HUEAFRZA
FHICIMT v S vp < -, BEN AR R/ (p*) BUEAL X — A I 22 L B
6.7.8 RAGH 1.

R B FRATARACHAE (A, +) BAEE m € Z>1, QR mA = {0};
Al 4.2.11 Wi 5 A BRACH AR B A H5 2 XHREC m miE R SCHXTHETE N AY =
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Hom(4, S Z/Z), H EWMEER (fi + f)() = A0) + f0); BHEIHEE m. X
W LZ/7 WAR VIR Z/mZ, HiE W R T ET (Q/Z)[m] C Q/Z. fnit—k
Hom(A, £7/7) = Hom(A,Q/Z) (\.2), Nt X AY := Hom(A, Q/Z) W DA I HEH5
I 44

% A= Z/nZ R, XEEBFRE Z/mZ S AV B a+nZ € AK A TR
[b+nZ— % + 7 Q/Z]. WUl HE T 241, A

HA R S A A G Ab.. % ¢ @ A — B 2 Ab. PIFZS, HAAH RS
PV 1 BY = AV Y fCRIET R fop. BIL (00)Y =YY, THE A e A Gt
T D :Ab, — AbZ®. 7E Ab, B H AR

(Ax B)Y ——=—— AV x BY
w w
fr————— (flaxo, floxs) (4, B € Ob(Ab.))

[(a,b) = fi(a) + f2(b)] «——— (f1, f2)

WAL (f1, f2) 9] (A x B)Y B9ICE. XL T D OB (il 3.4.13) Bk
. MANEA HIREY SRAE” FZS
ta: A— AV = DPD(A)

(6.5)
a— [AY 3 f— f(a)].

VR — MR EALEST, FRAIEAHTRE A — B WA " o1 = 1p o p; i FIRTEIRIE AR,

/ig\«

L= (ea)a SRER TIRIOZS ST Abe [0 Ab, . B 2.2.14 TR KL,
~_ "
D°PD

#EiC 6.7.11 (BPRIIMBEAVIHBIE) & A AR HAE, N a: AS AVY.

WA DL W g il HTIRM R (A x B)YY 5 (AY x BY)Y 5 AYY x BYV. 2R
Sb, JEITHE SR IL T A2 e

(A x B)VY 3 A

LAV l
Ax B Nl‘PA,B
\

YT AKX BY 5 (fae M(£4.0)), f5 5 M0, £5))

WRIFHEE 6.7.9, MBURALTHE] A = Z/nZ 1§, BSEHI (Z/nZ)" WA T B gIE
LZ/nZ y‘jﬁ*@ O

it o id — DD S8 PR, T D, D AL M50, TRl
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" Ay 4ie.

Wi 6.7.12 % H AHRIHE ABTH, [ flu bt “RE RS rm: A - HY,
H#Zigk H, W

() rg: AV/H+ S HY;

(i) Ht = (A/H)V — AY;

(iii) 14 AV #9784 HYY = HY WH walg: HS H

WA o D gt SR, B8 A/H = coker [H — A] 3 ker(ry) = H*,
tAF H =ker[A — A/H] }j coker [(A/H)Y — AV] = coker [H+ — AV] = AY/H+, 1
AT (1), ().

HEBE (iii). f H — A B A— A/H 8. BT DPD /4%, ¥R H AR
A HYY — AV A[HE ker [AVY — (A/H)VV]. 8Rifif AV — (A/H)VY ~ (HY)Y 3k
2oy, EMEIER B BT o BREE H BB or - H S Y (%T  I9RT
PE), EHUESE 1 (i) O

XA BR A 1] s 1) S OO s 0], SEBM o R 24  152 HI.

6.8 EamAn

BUER R. AN RFBEA REG A R (JRRIZS ROP-84) 258 M m. [H
HATALEE (R, S)- AU IE .
K R-Mod J2 fri§ Abel JumgRIREN. 407 B AF [ R AR ST b BE. ORI 3

Yo, XTI

o R-Mod ZPEEmE (HEE 6.2.4), Fi ki, R-Mod AU, iiif A &4 Homp (M, N)
FA B AR IIAT RS,

o R-Mod HHUEESYS f: M — N #AH ker(f) — M FIR#E N — coker(f), B
1153 B2 TEREE AL T RS TRREB] (WERE 6.2.2);

o R, FRSHS M/ ker(f) — ker [N — coker(f)] 2 FI#: #7508 .

M LR P T A ST [ R AR — IBEEEIE, iX 72 Grothendieck fYBEEE TAE [14].
SR AT B G5 SRR AT DAL 1 B2 B Bt

EX 6.8.1 & R-EMEHEMAN —F R-#, HFHEH)FAHENFRL, B
= W XY Z— -

WHREFLFTEMN, W NE-—ARFL AR A, RNEREFEMEN L BAEE



§6.8 1EAFINI] 237

NGRS
X—->Y—>_Z

WA R H B X 5 Z, ENHEER mX o V] CkelY - 2] ; AHE Y LHE
B SUh R
ker[Y — Z]/im[X — Y.

% kerlY — Z] = im[X — Y], WAHEHER Y LES, LA E S HE VR EEST]
SHEL L, TR AT T — B 2, B [ — My~ My — -] 5
(Mo, da). FRETM S LA NIHE TR 500 M, By
didiy1 =0,
L5 & TR

ker[di : Mi — Mi—l]

H,(M,) := .
z( ) im[di+1 : Mi+1 — Mz]

AR Hi(M,) = 0.

Tl ETE My fILE EHAR (k>0 = My =0), FAHR (k>0 =
M_j = 0) BEEAHK (k] >0 = M = 0); ZRIFTAHEAPIIEGTERTHIEE T
TLAETE, Bl FER BT M 0 — My — -+ — My — 0 BFES

HUUN AR (M*,d%) KBS, HER d' - M* — M, BRI R sd a2
AR, PRS- B, BEIAR

ker[d' : M* — M*+1]
im[d—1: M=t — M7’

HY (M®) :=

A i b LR WEP AR S MR RS M = Mo, B MY — M
hod_;.

FANMHRE A BIRRAIZTE, AR THEE LR PA @ € Z/nZ BT [ di &5
fi 51 d.

X682 HEEHEN M., No, BAEFT T RAF, HEWASHE-KFALS ¢ =
(@i s M; = Ny)i, ERTEXEAN @ Xtk

d;
Mi E— Mi—l

o e
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B A B A A&, F RTINS R (RER) ¥ REEH R — %,
Aot o AREER EEFEAMNALS Hi(¢) : Hi(M,) — Hi(No).

[ B T — M TETEBEE] Ab B PERR - (Hi)a<icy. BEAN, AT RATZRI AL 1 — %
B (M;)ier W)

o BT M.,

o HM P, M, ;, B H— bk

o PR Hm, M, ; 5 lim, M,
XTI BRTETE, AifRa T 2&/NEBEIEXT I PSS 0 — j 4 InEE B RS
M, ; — M, ; (lim %K) 8 My — M, ; (liny W), iz 5 I RASH & BES; 176
R U ARER IR RIAS. MR Vi, gfi =0 = ([1, 901 fi) = 0 %4,
SERUX SR TE IR IR T

B 6.8.3 & Wik (M) W (RHA) ELSERLEN M., WES. E4FIH
st lim (LI 6.2.3) KA E 4.

SERR  AMHIE AR U S Lo o M, -5 Ny 8L im([T, ) = [, im(f)),
ker([T, 9:) = [T, ker(g.), b4 @, ft [T, JI, Wie Mo B2 B E1 . feakid lim
BTG ATRAE ker(lim ;) C im(lin, f), BREEIT 6.2.3 s by iy 045 B, 0 1F
S5, 0
b T T TE 291, 28] i A BRI Al R LS.
o B 0— M — 0 IEAYHAY M ={0};

o H 0= M — M EAY4HEAY M — M ZEHY: FA&HENT ker[M —
M) = im[0 — M| = 0;

o B M — M" — 0 EAYSHAY M — M 2¥Sh EAESNT (M —
M"] = ker[M" — 0] = M"";
0 B0 — M — M — 0 IEESHMY M — M RFE, SOLHTPH 1.
EX6.84 WEGFIZHW 00— M KNG VAEAY VN # E4 7).

HRAE 0, JEIE G AR MY < M ORI TR, T M — M” R, i M
IR EEEE T ker[M 5 M) = M. FrOMBHE @S 6.1.11, 768 BRI X R4
EAFI AR AT MY = MM fkass. B0IE &I AZE T §4.3 #HEH
BEYBK, TR T S R, R TR T 4 2L, SRS I B A A 2, &
A TR (15 X 3.4.8).

WEE6.85 % 0 M 5 M5 M — 0 %% RMod # t 4 E 47, I TH#
4
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() %7 s M" 5 M R gs = idn.
(i) #74E r: M = M8 rf = idy.
(iil) FrEER M $ M ; M" £ M RARH M oM.
(iv) B4t g, : Hom(X, M) — Hom(X, M") &4 R4 X % .

(v) B4t f* s Hom(M, X) — Hom(M’, X) &4 R4 X %,
Y ERE—LHEH, ROVFEESI 0> M - M - M" -0 3H.

BHZE] g.(0) = g, f*() = ¢ f. HTHIVERFZR, 855E [ M - M M g: M —
M", 24 gs =id R s Ky g W—AEE, 24 rf =id WK r Ny f B9— DU 4s. B
W AR A3 A TR g W, f B

WEBH  JeiF (1) = (iii). #F gs = idye, B g(idy — s9) = g — gsg = 0 SFEAE
M — M J5E (iday —sg) = fro GEBf SR frf=f—sgf =f BT fH,
rf =idne. G BTSRRI E PR

rf =idyy, g¢gs=1idpy», fr+sg=idy.

B, M rf =idyy HEAE s M7 — M i (idy — fr) = sg, WRILIER] (i) =
(ii). W (i) = (i), (ii) 2 AW

H guss = (g8)« Al f5r* = (rf)* WA () = (v), (i) = (v). B—FH, 7E
(iv) HEL X = M" fEf5iH s € Homp(M”, M) 45 g.(s) = gs = idy, # (iv) =
(i); WL, B X = M 0[5l (v) = (ii). 0

TGP GF D EARTH, BIREER 538, 5B kR T

ker’ ker ker” -
X’ X X" —1—50
,,,,,,,,,,,,,,, 5 ,J,,,,,,,,,,,,,,,,,J
4 N2 4
00— — Y Y Y

Hrr
X' 5 X X" 0M0—=Y =Y =YY BHIESS,

o ker' :=ker[X' — Y] — X', 1fi ker il ker” {5 L2,
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o Y’ — coker’ := coker[X’ — Y], Tfij coker I coker” [ LI, T2 FEIYAH
BHNEIEA,

o FMEZ X - X MY - Y ZHRHSEH ker' — ker FI coker’ — coker Z&[A) 5.

HIAG 1 5y WAL TR il SE 25t — A 3 i 3% NS EERERAS 6 @ ker” --» coker’ 143
WRFULIH, BHAE= 2

() XMTF4HEM 2" €ker”, i X — X" — 0 IEAMETI 2 € X 5 2 — 2.

(i) yeY HaofE X =Y TG, HEEZHITH y € ker[Y — Y]

(iii) T Y =Y = Y" IEH, fFlEME—/ o €Y' §if5 o — vy, fiv v’ — ¢ € coker’.
FIH R Atk 5 IE A, FTREE— 2B » 22 HEAN X — X W1g, Nme
"y BEHREN X Y < YV g, NIy BXT 2 IR TRIEEMAS
S(a") = o JEREN.
PoEl 6.8.6 7| ker’ — ker — ker” i coker’ — coker — coker” JF 4.
JEBR AT BGAIE ker” Fl coker’ BN, KA RS Y. BRBHAELL TS 27 — ¢ = 0,
Y H AR R AR Y TAEAE o € X i1 o — (o) I918) € ker; T X' —» X —» X" IE
&, JGEENT 2" € im[ker — ker”]. 7 ker” ALAYIEAPEOE.

AFE oy c Y RHAG ¢ € coker’. ZfF ¢ — 0 € coker ZMT Txp € X MLE

y eY' TEY T I xo £ X — X" = Y FWBRANZEE, B 20— 2" € ker”.
P RIZERRZS 6 BHEEATA 7' — 0 4T 32" € ker” flif5 6(a”) = 7. O

XAIERI 2 “ELRER” (LG, FR e B EEh FHEEBER. AN 25—
PR RIS BB A BT, BT BRI, TR Ak

el 6.8.7 & REMTHER
X1 X2 X3 X4 X5
J{fl J{fz lfs lﬁ; lfs
Y: Yo Y3 Yy Y5

FEEEATEEA.
L& fL T fo fa B0 f3 A E
2. & fs B fo, fa W W f5 A
3. KR M, & fu W, fs BT fo, fa HARAM, W f3 A FEAM.

RPRE T —AE S R 0 = X = X — X" R, W68 6.1.10 7]
WX — X i X — ker[X — X7] ofig. WRIEEmTE, ERESSENT X' S
ker[X — X"]. {3, E X' — X — X" — 0 S HES coker[ X! — X] — X" IF
EEMT coker[ X! — X] = X,
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TN 6.88 & R, S #3, F: R-Mod — S-Mod # fin bt & F.

o ExtHAN RMod ##HF4A4% 0 X - X - X", 0— FX' — FX —» FX"
WwIEA, WK F AKEES®ET;

o ZExtEN R-Mod # i F47 X' - X - X" =0, % FX' 2 FX > FX" >0
WwIEA, MK F ABESET;

o AEHELNETHAEABT

PR T/ A RS TEAE A N R FFAZE. TR 1 F RS0, MaEr
(Me,de) HAg (FM,, F(de)) V5T, ZE1EA B 118 SO TORFES T A%, X2
PRS2 AT BTE, F AEGFENTYM 0 - X' — X - X7 IEAR, BANEG
A HT

/—\
F(ker[X = X"]) +=— FX' ker[FX — FX"]

s lm A, IRED F R, R IEAPER S T F AR — BRI 5
£ im[X — Y] = ker[Y — coker(X — V)], HIIEA bR T ARSI
WMEEE] (M, da) WIFENE I

d;
¢, 00— N; > M, — N;_1 — 0, N; = ker(dz)

WA, RZ MG ER—H (&) XA — 1R (M., d.), H (M,,ds) IEFY
HACUEAS € BIEA. BILEIE F AIE SR B E A5 HE.
ek 6.89 W THHEETF F: R-Mod — S-Mod, DL T 1k &4
o F 4,
o F RFMAHLIEAT,
o F RFFALEAT.
#F Ed, WHAEELK (M., do) FHEE i WA EARY H(FM,) S F(H;(M,)).

WA SERTC AU Ay, BT M, R EIE AR TR R R SO RS
W%, B LR, w0 T AR

ker(F(d;)) ~ F(ker(d;))
iIn(F(dHl)) F(lm(d2+1)) .

RN O
T8 2 eR T ORBRATIES (€ 3 2.8.8). AAYHRLE Ab-{ih % JE.

w8 6.8.10 fuit ®F F: R-Mod — S-Mod £ IF 4 % B A% ERFTA AR lim, % E
Y BR Y URAHA R ling.




242 FRE RiE

MERR A 3.4.13 i E bR TR, MU A IR AL T F A (8h) IE
EHM TR (848, 78 Ab-JEBET G EEM T F 50T (Ke%M10T), H
YEIC 2.8.9 Rk, -

6.9 sz psiis, FEiE

BSEHIEEAIR A, B, C RIS A FIAUSL, 3+ FLXY §6.6 i FHFCILE A
IR WHERERE C, 15 ¢ i lim T C Y lim.

PRE6.91 FX 662 FHEF

Hom((—)¢, (=)¢) (B, C)-Mod® x (A, C)-Mod — (A, B)-Mod,
Hom(4(—), 4(—)) :(A, B)-Mod°? x (4, C)-Mod — (B, C')-Mod
AW AT SR AA L, E AR R A EAH.
UERR il 2.8.11 W5 Hom XWANETCH AT Lim, 0 S 4. O
W 6.9.2 KEMETF

—®—: (4, B)-Mod x (B, C)-Mod — (A, C)-Mod
B

XEPANZ T RETA ling, BT WML R A A
WERA fERE 2.8.12 FIERE 6.6.5, BRI @ XME AR AR Lim, kI 2 4% O

A JGBUER R. A2 (R, Z)-Mod = R-Mod, (Z R)-Mod = Mod-R, ifij (Z,Z)-Mod =
Ab, FRAEAN 6.9.1, 6.9.2 FHXIUEE L) Hom, ® bR AR HIfRI AL T

EX 693 T PI HE R, HHEEFEHEMN:
1. #%F Hom(P,—) : R-Mod — Ab E4, NI # P 213 5HHE;

2. #®&F Hom(—,I): R-Mod”™ — Ab [E&, AR B RFEESF, WA I 2REG
.

EX6.9.4 % M Ak RH ZHET

—® M : Mod-R — Ab
R

Ea, MAR M 28 H L.
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BIIE6.9.5 HA B, , M £ (KM HLARSEN M, £F 8 (RH)
B Loy M RPHEES AR S &4 M, 2 fAHE.

UERA i 6.9.1, 6.9.2 ELHEAIA T H AR

Hom(@ M;, —) ~ HHOID(Mu -)s

3

Hom(—, H M;) ~ H Hom(—, M;),

K2

RIS 6.8.3 HIAE. -

#16.9.6 WHTEE X, HHZA RE ROX PR THA R B Y. 12 M55 6.9.5 DA
298 |X| =1, R%Y = R (015, deif Hom(R, —) Al — @ R AR T T 2
BOEAr. /

BRREE 6.9.7 MR lim (42 6.2.3) (12 .

MERR % T oAEItEmE, SRS ¢ FHIR TOPEAL P FIAHASETE (P — Pj)is;.
B 3K REBURAE 7 lim (B 6.9.2), 7 FL3I3E 6.8.3 I 2 ui limg fRIE A 51,
0= M — M— M"— 0 FIEGHSEFELF R EFE+

00— M %ligiPi m— M%liﬂiﬂ — M %hﬂiﬂ — 0

0 ——> ling (M’ & P) ——> ling (M & Py) —— lim, (M" & P) —— 0

BATIES, HZ S fTRIES. O
[ 2|5 3 6.9.3 BB TR, EATHZ PRI E AT
Lt P ek BACA XN EAS] M — M — 0 fl P — M”, FERPARPA --»

iz 52 e
P

3 .7~
k///

M M" 0 (IEA);

2. 8 T NS BACY A TEARS) 0 — M — M f1 M — I, REFRAFMA --»



244 FRE RiE

iz A4
I

i
3, T
-

.

.

Me— M ——0  (EA)

P DU P o i T X S, R 52 fe Pl v A S B B T A B O AR E AT PR AN A
FH 22, ST X IR R PR AU A B 7, AT et —20 SR @ AR AT R A
B, A — S L& [26, Chapter 1].

HE6.9.8 AATEAH 0T 5 M-DP 04, % ()1 2454, &% () P A%
S NMEESFIAR. — I E REP ERMEY AN T TRA— N EHEF #
HRR, WH TR F B EE RN T P E— ik A KT,

UEBA 4 T N5IEE 0 — T — M IE&Z30% Hompg (M, 1) L> Homg(I,I) — 0 14, T
SAFAE v € Hompg(M, I) {fif5 rf = id;, #&8 6.8.5 2K 0 -1 — M — P — 0 4
24 WEMLEAN, 4 P #UHE Homp(P, M) — Hompg(P, P) — 0 47, hILEE] g 1o
T s K3k,

PR 2B, % P oM B 74 S A, B F = R®S, S A i ot
F — P #5850 BHA M, T2 6.8.5 K P ik AN F EFI. 2] 6.9.6
CULAER 3 BB F O, A5 EE 6.9.5 0L g R P aRF . U

iE51E 6.9.5 FHRLAH 6.9.6, FEAFUFEER.
HEIC 6.9.9 FLHL A T 2.

ARATAE MR LA B d LA R, PR n] B SRS PR IR AR R
& P — M — 0. BEARPASTRIAY & S BB A8, — A AR e A k&
G0 — M — I flif5 I P, JRED: SR AL AR R IR A A GIHR? S R2HER (R
6.9.14), SR UEMIAS B TIC. XAy fin AR AR T [l ] AR R 4 5 SR i o0 i (
F ) RS R . FRAT TS A SRR T — e o

M 6.9.10 (R.Baer) # [ R A H Y AN YA AMAEN a C R, F—HFAA
fra=T BTEEBARS R— I

MEBR  PYSPRLR PR A Y T UM AR A g - M — M, AR h: M — I #RjEE
FEHHN b M — 1. WS WZE TR M = a — R = M. A0S EH
WAL AR RT A (P, <), HotRBa (My, hy), 56 M' € My € M J2 P ags,
hy s My — 132 h WEESH, T (My, hy) < (Ma, he) 24 HALY (My C M) A(ha|a, = ha).
2 W BOTFIEF Zorn GIFEHR{R P A AEAER TG, FAIWT S (My, ha) € P R
WiE M, = M.



§6.9 IRIME, AR, FER 245

B My # M, Bl x € M ~ My 5@ XM a:={r e R:rx € My}. WA G

rT—=7rT

175 6 a 05 My 5 1R ¢ W & R — 1,

hg : (M2 I:M1 +RJ)) — 1
x1 +re— hy(z1) + o(r);

M & [ SLATRABGTIE ho : My — T BL5E. I (My, hy) > (My, hy), BAFTAKIE. 0
PATFR Z-A45 A Al BRi, 2R n #0 = nA = A.
S 6.911 — A Z-H T MRy HS v RS Z-#.
UERR XMERL n € Z {0}, AT A AT E &
Homgz(Z, I) ™ Homy(nZ, I)
bvo(n)| = = oot

| ———— 1

BT Z fAEERAE R a = nZ, fC A8 6.9.10 BIH]. O
PRFER Z-A2— [l =R, i nERE Q J2 T BRAY. vl Z-FER BRI S R AR TR
I 6.9.12 A& Z-# A LHHNRK L Z-4#.

R % A d ZRUNR: A~ 295N A 29X /N < QFX /N I E]
Q®%/N Wl O

HT AT T2, HRIZ T R 1S, 22 S-#E N 5 (S, R)-XUE P, 4% X 6.6.2
AT Homg mod (P, N) 45 R-AREER): IpiE 2 HZE 6.6.1 &

p(rf)=(pr)f, peP,r€R, f: P— N.

513 6.9.13 # LRBRT, £ N RA4 A S-#T P & F#EA R-#, Il Homg.moa(P, N)
WA E RAR.

UERA i AR A
Hom g mod (—, Homg mod (P, N)) = Homg mod (P ®-, N) ,

DXHLRE TR 6.6.5 ARG AR SR ek T IRIE A5 O
EI26.9.14 & RH M BT HAN— A4 RE.
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WERA K M OBUCRZE Z-BHRAIRZE Z8E . L R R (Z, R)-XUBE. 1 6.9.6 B Ay |2
6.9.13 (L S =Z, P = zRg) %K Homz moa(R, J) MG RAL T2

M —— HomR_Mod(R,M) e HOIIlz_Mod(R7 M) E— HomZ_Mod(R, J)
w W
x— (r—ro)

TR RBRA (IRYE AT B, 44> Hom #AiA R H Rr 072 RELEEH),
HAR R L O

6.10 smsamEmaEm

AT A A R BRI IETE §4.6 BB R, T HER B . S50k
NEEBHeh AL —.

EX 6.10.1 Fi# M % Noether # =ik R T, RN EE THE A

M()C"'CMiCM¢+1C"'7 iGZZ()

BRE K/ i>k = M; =M, #H# M 4 Artin #5205 2REHESHE, R E
BRI EEH

Moy> -+ DM; DMig1 D+, i€ ZLxg
WETE R R b = M= My
EI3H R EH £ R-#Z Noether (2 Artin) #, U # R & £ Noether (= Artin)
3 A K DL H E XA Noether (2 Artin) 3 89 4.

FikEM i 2k = M; = My AFCOABERRENE. /2 (fr) Noether/Artin FRELRAYIC
TR () BRI TIEE /MBS F, XATRIRA R 2id. R S LSBT

o Fy W, Z /& Noether FRIAAE Artin ¥f; F255 FARYES | BE 5.7.4, FHAHIF (& X 5.3.7)
HR A Noether ¥f.

o [FEGBHENE A A Noether fil Artin 3. G356 _E A H 25 [H) 2 Noether B{ Artin
B FHLA Y HAE R B

o I AL R ~ R[S {4#4% Noether I Artin P45 (firi 5.3.13), i B
S C R BEEAETHRM T

I 6.10.2 AEF45 0 M — M — M" — 0%, M % Noether (5 Artin) # #y
T EAER M, M B % Noether (2 Artin) 4.
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WM, N Z%2HHE QHKTHE WY M, N &% Noether (5 Artin) # K,
M+ N C Q Fr4k. 454, Noether (2 Artin) 4 89 0 fi  F 4, B ZOF R EF0 T fR3F.

WERR XTFAE AN, T MR M T (k) BT DA Bl AR E] M
AR A, PR R AN (Ml 6.1.12), #r M F1I M" kK M BBERRME. S
M’ F1 M" %4 Noether (3§ Artin) £, ZE M T (5i%) 68 (M;)52,. HERE

M!:=M;AM,  M":=(M;+M)/M

T M A1 M FHEIEERT @ > 0 MR RER). fre 6.1.13 & 0 — M) — M; —
M} — 0 IE4. FETHERIE T, W50 3%

0 M! M; M 0
0 —— M | —— My M 0

200> 0 B, M{ — M, M — M | #A R FE; i 6.8.7, frl 6.8.6 1§
FARAERGEES, PIHILES M; — M G BEEERZ IR,
IES AW S, BUIDG AR 8

00— N—M+N— (M+N)/N ——0

M/MNN (. fir 6.1.13)
I R gE R O

#hEl 6.10.3 & R 4 £ Noether (5 Artin) 3, M4 MR A K £ R-#E# 2 Noether
(2K Artin) #. NAERZZERIFF.

MEBA (W% 2 Noether [EH. % M HAR T4 X 4K, MIEE%] R®X - M — 0
I FIREER. O
513 6.10.4 # M % Noether # % HX YN TFH N C M # 24 R4 KA.

WERR MR N AR BRAERL WA DAE A N BB 2, AR NG o=
(@1, @) WR Nipr 2 Niy IS BN B E W THTH8E, M dE Noether.  Jz
ok, A TR N CBA R, XT M haERTHEE (M;)52, WE T
N = U M & N R T X B, BT o € X BRFREA M), H
i >max{i(z):z € X} = M, =N, FHeiaTHRE. 0

8 6.10.5 AyEFH 1 M 2 Noether (8 Artin) 224 HAVMF— M B THKR S # @
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X C BRAEWK (BN Jo. btk B AR A R (s (M), FIE
S ={M;:i>1}), Ok, WRFEUE S AWK (8l Jo, MM H AT 2 —%
Tk (BiMesE) 5 M; # My, i=1,2,....

TREHSH T —E R G M AL Noether IR J5 %, FEAREUILM2E P ILH
HEL
EIL 6.10.6 (Hilbert BEI®) 4 R % %4 Noether 3, M EE n > 1 £ H R
R[Xi,...,X,] 4.2 Noether 3f.
R, F B A RC 2 T 2 7 B A Noether £,

WERR l T R[X0, ., Xpa] & RIXG, - X [X ], WIS 0= 1 JREIER R[X]
FITETE. 4B o C RIX], AV B A H A& — 5 TE f1,..., fm € a 2
Rl a, ;513 6.10.4 S H R[X] Sk Noether F£.

SMER [ =Yg e X¥ € RIX], an # 0, & LI TFRECH

in(f) := an.

B fi € ax {0} (7% deg f1 /. SRREIER fr...., fu € o, i3 a = (f1,.... fr)
W 25 1k, WS fryr € o {7 () firr € ax (fi,.., fo); () TERTBZRAMFT
deg fr+1 HUR/NTRERIME. B oy :=in(fi). 1 R THEERME, BUAR (on,.. ) A—TBAE
JWIC at, ...y . A EBFE RTDAERIEE m+ 1 248, WA

in(fin1) = Zm:ua Uiy € R.
i=1
MRPEHT m BRI, X i=1,....m HF d; = deg frnt1 —deg fi > 0. B/
frnt1 — f:uifiXdi €a~{fi,ooo, fm)
i=1
FIUETAR/INT deg frnar, -5 frnr BIERCTJE. O

X X 5.6.8 BB EHEEA A X AIL5E.

EI6.10.7 4 R % % # Noether 3, N HZ n > 1 3 R[X,..., X, ] #.2 Noether
7.

ERR i R[X4, ..., Xnp] ~ R[X1, .. Xn] [ X ] tEZ9E3R RIX] METE. AR
UERAREER 5 R[X] BRI, 225970 T 228 B AR i

o MEE f = Zan ap, X" € R[X], H¥ an #0, B vx(f) :=min{n : a, # 0};

o I in(f) WIE XHBCH am;
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o FERUEHF LA vx A deg;
FERUE fuy - o ORISR R SE AR, SR — B BCH RN 20 wifi X% ICHR
AWHHZE fmr FIBRARIKIA, BRAHERS f1 € (oo, fin)- O

PAEFRATA ALK R S, 0T AR §4.6 (ARSI SRS BIBLE. DATR [ E 3
R H5 B H IR

EX 6.10.8 % (I,<) H2)F%, # M W T A E R _HE —kTH&
MiCM(iGI), ZSj:>MJCMZ

AZr ] ={0,....,n}, s M = My D My D --- D M, = {0} sy, #mHE
M;/Miy1 RAETFH. EENTHAZEE, MR ETAEERI. EKEZH n.

— RIS T, WAL st T DA 1 48 50 R i 2
( DM@DMH_l D )W( DM@DNDMHJ D )

GRIERMEICTURT (Miy1 € M;) XIEEMmM4 (M; D N D My, = (N =
M)V (N = M;yq)) Wggat. B BN O F R IE WY, TR e iE BB 1 2
(§4.6) KAHfEAL T

51 6.10.9 # M A4 A ¢ S E AR EH Noether #A0 Artin . X KB
ABRKEH.

WEBR gt (Mo)i,, WS TR M/ My BE2EAEL, A RMIEH Noether HiA
Artin £ XHEEIEAS) 0 — My — My — M /My — 0 )i =n — 1 FF4G—2220
A 6.10.2, [ERIFEE] M,_1,..., My = M #2HE Noether X Artin [1).

SafR% M J& Noether 11, ZETHE S = {N: N C M ETHi}. 24 M # {0}
Bf S # @, T2l 6.10.5 2890 S WERATT My, 52 M/M, 2548 |T M
)& Noether fy, # My # 0 WINJLR47 b0k, 198K M = My D My D ---.
M 2 Artin 8L, W SEPREELTFEA R NZIET {0} AT A M, /M1 B
LGB ISR ) 5 187 O

XFRE M OGS (M;)ig, &2 X Jordan-Holder [N-f5 & WCAH 11 B SR &
A
JH(M) = {MZ/MrLJrl z:O,,n— 1}
— A IETE TR M/ My WIRIFSS, SRR JH(M) il s A &, BRI R Y
TRAFHIZ . ERRZ A B ARRIFEHE U OURELHI). RS M
WA BAT TR RERY Jordan—Holder (R4 (TEATER), WIFKWM G 812 2.
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7EIE 6.10.10 (1RHY Jordan-Holder BIR) *t THRKEHE M, EHNMERIIHEE
Wi, #ew 2, HEHE JH(M) #2 SOROBT & R A B 41, & R 5 K B
R — .

HEEELF O M - M- M —0%, #MKEFRLEERY M', M" JF
%, B AEFANERWEXTAH

JH(M) = JH(M') U JH(M").
WERA I Bk, X RBEAITEE §4.6 B9 RIfLIRAS: X8 Zassenhaus 5| B 4.6.4 Fl

Schreier MIZHEH 4.6.6 AR IR, HIEEH 54 FRK RN X £ 26 6.10.2 1
513 6.10.9 W H LS. O

6.11 3@

AT RECT AT HINE, X 2E 6.6.1 43I

897 6.11.1 Bt M RAEBIZE R, & LI A = Endg(M)P, I M X Fid4iFe [
RN A A-f

(m,a) —a(m), me M, a€A;

U Endg(M) FAH IR R R T IR A i ST U5 3. S8 b M OSF I (R, A)-WL
L FELE G r(ma) = (rm)a BT BT o 1 R-ZbE.

[ H, XFAEEA RFE M B A= Endr(M), WA (a,m) — a(m) BT M H%
(1) (A, R)-ZUSZER , 5 FEEE 7 a(mr) = (am)r.

FHIHIEAL. BRI AL T AEE L 6.1.5 Wi [, IATEHE T DAE— B H5 5. R
BV, A 2B IR R Akt #T607

o W aC RN, WE R/a 52 HACY a @R/
o ¥ D bRy EZSE V2B DR HAY dimp V = 1.

o ¥ D KR, V WAEEMA D-FE0N, i XIF R = End(Vp). #27E 6.11.1
BTV 78 R TR v € Vs {0} W Ro =V, 8V {2 R
M. RN n € Zoy, $ V = D" ARSI (%), IR R 7]
DA% PRI M, (D), AERERY 2 RAE I T V.

PHIESE D-IIRES AT V o ROP-H5 34 V = D" WA (B Fra, 1L
FiTeRIETe, EIRIRE MR IA E

5132 6.11.2 (Schur SI¥8) & My, My 4 B4, WA ¢ € Homp(My, Ms) H#F 2R
M, RERERS. FAlH, SEZEE M, 8 FAZ Endg(M) 554 B 3.



§6.11 F IR 251

IEBR i WAESE. iZ BRI IS ker(@) = My, BLHT ¢ = 0; 30 ker(p) =
BEH My ~ im(p) = Mo, # ¢ 2. N

TERMER, e A REMMR M = @;_, MP"™, Hp My, ..., M, 2HAFE
i | FE 6.3.5 K0

Endp(M)® 5 [ Mo, (D) s [[ M. (D)

Hrh D; := Endp(M;)°P J2R3F, MP™ j245 M, (Dy)-82, Wi M 247 Endp(M)°P-4,
Lﬁﬂﬁﬁhﬁ%ﬁ@ﬁ

SI6.113 XMETHFEH M FHEATHE My C My C M 45 My /My Ky 3.

T=TmM

HEBA B m € M ~ {0}, My := Rm, & X R A a := ker[R —— M| DAf#
R/a~ M. i Zorn 5|3 (£ 1.3.6) HAFTERKZEIEAE b O o, BT b/a C R/a
AT My C My R O

il 6.11.4 Xt T# M, TREHS M
(i) M TRA—IRETHESF: M =3, M.
(i) M TRA—KREFHEHER: M =@, M
(i) EEFHE M CM BAEPR: 2 FETHE M CMERM=M oM

R EREN S BE M AR
HHEEAF 0> M — M — M’ —0 %, & MEBU M Fo M %k

SE SRR R AIE A 0 o M — M — M" — 0, &4 (i) 2% M iz, Wt
MR M Jwe UMY C MY TR BRRAEAE N C M S M = Mje N. %
SYIAIE M’ = M} @ (N 0 M), # (i) % M RSE. 57T, I MY R A
M M S, TR MY~ MM R M HTHL S, il M IR (i),
AL T AR R —

BUE (1) = (). B M = Y,, My, 54 M; #R e FH.

J = {JCI:ZMZ» %E%ﬂ}.
ieJ

AT Zorn 5 BUEM] i 4R (T, C) AMAIC. FEEBNSHESCHERL o € T,
J # 2. BAE (J,0) PREAFERA LA, Wb fERF TR I CJ, 5%
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T =g d AT T, KREN Sy My WERIA HALYS

VieJ, Min >y M;={0},
jeJ’
J#i
T AN T (A B 7S As e R T
BT R (T, C) BICRIC. #7 @1EJM M WAEE] (i), HWAFTE ke T 15
My & @iy Mi; HRy My B, My 0 €D,y Mi = {0}, gl Ju{k} € 7, FJE.
Pk (i) = (iii). (B M C M =@, M, &

J = {JCI:M’+@M,; %E%ﬂ}.
ieJ

D AT UE T RFFAER T J € T, ATWE M == @,e, M Wi M =M & M".
B, AP k€ T flE My ¢ M7 & M", Bkl My 0 (M" & M”) = {0}, Aifi
Ju{k} e J SEF)E.

Bk (i) = (). OWSEEAES T M C M A BT BRIt E
S soe(M) g M A AT AR, th (i) FITELE M’ C M 7% M = soc(M) & M,
# M A {0} MFFAER TR N € M, TRM N C soc(M) N M = {0} FHFF.

AW REANT . 518 6.11.3 45 M' (R-TRY My /Mo. UERHIT SR E 2835 I
T MR My R MO Z PR (i), TRAFAERA My/Ma — My € M, BERIFTREG B
T O

UERA P OAE AL M 51T B ERES, o SOk

soc(M) = Z N,
NCM
oA
#F 2, soc(M) 2 M WCERFEL MBI ESBEE 2F, siE 2 B, T2
BB ¢ : My — My B5F soc(p) @ soc(My) — soc(My). #h]iFi, soc(—) &
XYM R-Mod %Il iy 2= AR AH YY) 4= F-EE R-Mods 1881
H— A SR A PR KRR M 38 B

M, = @ N,
NeJH(M)
HRH A Jordan-Holder . RE M RIMZEEERE 6.10.10 &M
TEM, SR M — Mgs FARR T, Hog U35 J A 8 i e B
N Fitting 51 FREEVF 2802 i 80h A P 2R b, FA159E §6.12 iz .
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5132 6.11.5 (H. Fitting) #% M A AWK EEEH, u € Endr(M). 77 G LM
M =ker(u™) @ im(u™)

o ker(u™) A1 im(u>) £ w ERATAE, WH
o ulim(u™) & im(u™) 7 # g F A,
o ulker(u®) & ker(u™®) HEEHRA.

WERR S M OKEA IR, TR

ker(u) C ker(u®) C - -+,

im(u) D im(u?) D -

A3 2 ET ker(u™) Al im(u™), AHER B ENTR uv- AR, FEALS S UEI B4
it M = ker(u™) & im(u®>). B n > 0 f#15 ker(u™) = ker(u™), im(u™>) = im(u"). Z
r € im(u™®), z = u™(y,) WE u™(x) =0, N y, € ker(u®) = ker(u™), # z = 0. T2
ker(u™) Nim(u>) = {0}.

35T, AR © e M OR[RAE

r=(@-u"y)+ u"y),  yeM u'(x)=u"(y),

€ker(um) Gim(u"l)

AR y Z B DAELE R R im(u™) = im(u??); fA A ker(u™) + im(u™) = M. H
AN RIS

KOHEH ulker(u™) FEM ulim(u>) 2SS M ker(u) Nim(u>) C ker(u™) N
im(u) = {0} AJHI ufim(u>) FRHHEG UEEE. 0

6.12 Fxa4mE

AT MIRHLZ B, A1 16— R MO, TP wR Y X 3.4.12.
X 6121 fulh o C 4 & M HATRI SR, 1R E (A —— F 0B
RARX M =X @Y (LA 348 REMHS, ERFANVF), & 0 =p: M-S M 7
FAM 0T 2 M i, FEFARR X =M, Y =0.

BUEH R, & i T IntEEng R-Mod 45 2| AR S . Bl s T Rk,

6122 & R LI, p HHAWAET R, n > 1, W R-BL R/p™ R4,
SRIAE n > 2 AR



254 FRE RiE

IS T B RSSET AL, FFPITR o HE o® = o WFKhBET. W
A m > 1 flifg o™ = 0 MFCHBRIT. AT AT EA— SIS,

X 6.123 AAT W, HF S WTHE S\ S WA RLEM, Wk S &RHHA.

2 S e, XA YT ER S A ME—IRCORHEAE m = S N 8%, X JREBAC IR
AV 2L EnE C PIESBX LA REM AR M = @) M;. RAIAFE L
3.4.8 9 n TTIEIE, MEA 1 < i <n BEBLSY
pi: M — M,

n
ij = my, V], m; S Mj,

=1
FHEEEN e My — M A3 e; = wup: € End(M). EATH AT PER:
E.1 ¢; @F%HIC: € = (upi)(Lipi) = vi(piti)pi = tipi-

E.2 [EME: i # ) = eiej = tipityp; = 0.

E.3 %3 30 e = 1 {E3F End(M) Haar.

?f%’fﬁu e, =1 << Mi:M,ﬁﬁei:O < MIZ{O}
BEBCER R HHEiE C = R-Mod ST, BLEFE AN M, W] DA SRS 50T
ML o2 My = ker(YS, 4 e5) € M. #Z, 22 B — B3 RSOk

(ea)iy, XM My = ker(, 4 ¢5) — M L. SO im(e;) € My, Bk e; AT5MES
tipi, Heit py o M — M;. FRATFH

ids, 0= ‘ ‘
W%pM{;M f#7 - BIZE ST o R,
) el

Zbipi = Zei = idM.
i=1 i=1
XTEARRAE X 3.4.8 1) n TTHUAR, T @, Mi = M.
Bl 6.12.4 X T R-Mod #iE BT xR M, Lk k% 34t

{EMmapfM =@, M;, M; C M}

i

{Endp(M) 8BS T2 (el : HREKK E.1 — E.3},
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BRI ERSNT e1,...,en LWEH. E M AT oMY HRX YA Endr(M)
HH e2=e = (e=0Ve=1).

WEBR 5 0L BRI B (AR - BETR) REWH, M H SR REE
HEH. X n =28, i EARTIRATMEMSHRE M = XOY —— XM THEIT
e € Endg(M), PR NT e =0, 1. O

Uy E—TEREETC (o)) B E1 A E.2 3, WARARESIC eppr =131 e,
PRI (e0); 0! DBRIERIFI R 300 e = 1, M HAAH n + 1 ATCEIFM LR
E.1 — E.3 R%LAAEHIXETL

3¥38 6.12.5 i 6.12.4 g 6T R-Mod B8 ) 1 — 2 yE st sy 74
RTHE, ATHICEAE TEORMEEESFANS e - M — M B4 ker(e) := ker(e,0).
SRR IRt Abel SERRE Karoubi SERE. X MEESTE K-HLISHIL
BOUMT A BTN, 2EORABE, UZEC— 5 UGN Abel JuBfb 2 Abel
JEWE; MiERE R-Mod )& Abel JEBAH) 2450, 2 — MBI

SI¥E 6.12.6 & C Kt M % C v EEX 4.
1. # Endg(M) ZFEIEIR, N M R 5.

2. 4 C=RMod, # M A2 MEKEARKE, FETE u € Endpg(M) HFF
Z, B A&, W H Endr(M) £ 5.

MEBR W AR LA M = X @Y, FHNIIRSFTC e1, eo IEBIFWL e1ea = 0, i
BT, SR e1 +eo = 1, 5 End(M) /)51 & .

W M KEHR, Fitting 5[# 6.11.5 208 Endg(M) MItReBCEFZH . AT
UER] Endg(M) 2 J5#855, (UM ULHILE Endp(M)  (a) FFICRMEMITRIKAR
E, (b) HETHARAIE. HHAT (2) & u,v € Endg(M), 5t u # 0 Ffi. 5
n > 15wt =0, ™ # 0, i u"(uwv) = 0 = (vu)u™ Hl vo Fl vu BARTHE. SHXF
(b) BUREZIC ur, ug. B i +ug A0, B v o= wi(ug +u2) ™' (i =1,2), v1 +vp = 1.
AT vy, v ARTRRER, AR AT

(1—wv) ' =14v+v3+--- (HEM),

Hovp =1—wvp A, ). O

513 6.12.7 & M, N % R-Mod (F tE—1th Abel &%, 4 bA) B EL £, N K7
8. & v € Homp(M,N), v € Hom(N, M) i#% 2 vu € End(M) T3, N u F1 v B H
A4
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HEBH & e :=u(vu)~ v € Endg(N), T=2&F
2

e? = u(vu) tou(vu) "o = u(vu) v = e.

B (vu) tveu = (vu) tou(vu) tow =1 Fl M AEFWH e £ 0, XFR N ARNu[5fi, 2
fe=1 TRMeMELHEL v GHY, F v WY (vu) v N = M, #lu K
IR AT v = (vu)u™t IR . O

T 6.12.8 i R-Mod (S fE—1h Abel F%) &4 FA
i=1 j=1

Hb &N M, Ny BA 2 (RFEL), End(M;), End(N;) & 22 X 6.12.3 EXT
WREE, W or=sWH (M)i_y, (N;)j=; 1% E EH 2 ETE M, 785
doe&,, Vi<i<r, M;~ Na(i)-
R AP s > > 1, B M =@, My firdl 6.12.4 431 FF End(M) MRS ITK
oy figk:
ei: M5 & M,

£ M5 N, S

AKX pro = ida, W15
S S
Zp1fjb1=p1 ij t1 = py -idag -0 = idypy,
i=1 i=1

HRE 251, End(My) 32 JREB3, DFFEAE jo B pifiorr € End(My)*; FHET AR ARG L
jo=1. B pifir = (p1r1)(qer) EEATIER 6.12.7 FAEB M g : My = Ny
piki s Ny = My, T4 r=s=1REHEEE.

AR s > 1. ¥ iday R EURVM R §6.3 9Nk o Kt
M : @ M; = @ Nj
=1

j=1
AV VLA TR 2 B que 2ATT. SRR Eh BB G, 5 M N

(gjti€Hom(M;,Ny)),
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\Y
[

72, Ay G AT IS, RTARETE MY @D My — @5, N, SEHA AN

qil1 0O --- 0
0
M//

0

i HL M RRERTT. [FIRE BB TR M @,y My — @0, Ny IR, Xt
max{r, s} BEITHbIEIE BT AT 5E AER. -

#ie 6.12.9 (Krull-Remak-Schmidt) H&EKEHRWEE R4 M #H 0 M AT
ARG EM M =@, M;, TH My,...,M, ERHMEHHEXTE—.

JEBA  ME—PEVEE T HE 6.12.6 FIETE 6.12.8. EFAEAEM:, WA LR M = XaY,
W 6(X), 0(Y) < (M); #5 X, Y HAE—F W75, SATUREAR, S RATE (M) 2 N1E
1k PAERY € FORBEIR K. O

WL 6.7.9 g BRAZH A B 45 40 PRANFEEIC 6.7.10 AYIpiEgn 4y, Al A Krull-
Remak—Schmidt & ¥ ) —4faj B4R

>R

L X F/NEWE T AR T o0 I — R-Mod, TEXTRIZTHCAE @ — M, IEW] lig, M; = lim o 4

HEREETR:
@M¢;_< @ Mi> /N

icob(I)
HprF# N = <a(f)(xi) -z i>j, z; € M¢>.
2. {THUR A filf ARV = A®T Hip T R Jeg54E. IEWHER R = End(Va) ¥ 2 (Rr)®” ~ Rk,

it R R A A BRI PR V SV eV MK T Homa(V, ).

3. [AMZHEWE PO RIS (E X 2.3.8), XTI R EW] Mod-R () d.0% [ TR H .0 Zn.
JEMEEH] R WUNA R ASIRER T R

4. SERIEMIEID 6.5.10 M.

5. XFF EFEIR R R BB N, I T No BRI R T o(No)1 O -+ ATRAMEN “H
TUAEA N WRIEEE T O(N)1 D -y BB AR L, HOURIBIE I [R5 5
2% N = Np™] 15, AR (6.3) iEH] No iIE%E (6.4) WILAIRA N MEE.
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6. Ml 6.8.6 HAIERLEI S H &R T, iR,
7. (Schanuel 5|3) 44 %E R-Mod Hi4E 1A

¢
0—-K—>P—M—0,

)
0—-L—>Q—M—0,

Hrr P,Q #oB / R
(a) EXTHEX = {(pq) ePBQ:d(p) =v(a)}, WHIHARWHEIESS] 0 — L —
X—>P—-0M0—-K—=X—Q—0;
(b) Il K& Q ~ L& P. 37 FH i 6.9.8.

8. B L) = UkZO p~*Z, IFH Zpy/Z VER Z-1552 Artin 45, #RE Noether 5.

9. 4 R I K N ZXA o e KX % o e Roi 2" € R, WK R MR
(IRIL5E X 10.6.2).

(i) UEFHMR(EER R A BR A AR 2 AR,
(ii) MERARMEIS R 22 Noether Ff4 HAUY R J2& F AR
(iii) $iM C[t] &2 Noether WR{HEF, iMi U,~, C[t'/*"] 23 Noether {lR{HEF.

10. E X ZHE D := R% (R/7Z), teat # REAFIZR. IEHAE D F a®b =0 < a=
03 b € Qn. B = WRHES. WT =, FyEkEE R E-UE
RV 278 M AR tng, WA 6.92 9000 D = i, (M @ R/ ). USRI
lim. ## a € R~ {0} W2 a®b =0, WFEARER Z-74 M C R, M D Za 2T
a®bHOGM§RM%m@%ﬂ?%@617ﬁﬁwﬁﬁﬁbeQm

11. (Hilbert &5 =) 45 X, =4 Buclid %58 E° (BUEFSG ~ R?) 2k diA )
ZAVH Ho = {z € B : a(x) > 0} AR T4 P, i o E® - R 255 8%; B
U, BATCAE Hhr e B a5 (R 2 T A, 5040

AF. REZEh—MEH VRS, BEOPAUBERL I B S P 2 AR N 250, A5 e %R
SCR LA, H R W& il A 2.
HPINZIEE P, PR H R R B N Z A (Fedy P d)

P=PU...UP, P =PU---UP,.

(XA PRSP UFR P AP RRE 25, R, R8T Z TR R &
PR R M AE R o A5 N AV X T ks i) B2 FARMAT AR 5E L. R TR TR
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A, Euclid 78 (JLMTJEAY % XI 32 7B Eudoxus 753875, X2 B AR &1 5
. G Gauss 75 A IVF 28025 Z00 R FHIE, AT : 25 BRI 45 i3 4 O ok
W2 WA HEERR? BRI ERRE TN (Bolyai-Gerwien F#, I [17, Theorem
24.7)), =4SN Hilbert #£ 1900 4 FHCE R KNS FRBA S —. AT A%E M.
Dehn X IR A IE.

() XFZiitk P it B, icHKE (F) € R, MM LB € R/7Z & LAF: AT

Bud E WH—& « 35 B EENTR L (HELAE LN P ETS « AMNAER
ZE. £ P i Dehn RAFEN

§(P):=> UE)® ZE € A.
Eh
WERERE R 6 o 0. SERIBEK A £ WIEDY IR 6 K 60 © arccos(3).
(ii) MEBIF AR PR o = 0 ¥ 2 & P YW P = PrUP-, XH Py =
Pn{xa >0}, W 6(P) = 6(Py) + 0(P-). A Dehn AR EAEHI 345 N REEAE.
o5 ) WHEFE o = 0 FHHRE, JELRDLE AR LR

HAH AL Z B HR, PR Fimah s, OKERMER S o(P) =
§(Py) + 8(P-).

(i) I B TF DO T (R 0T -5 57 7 (R 4 A, JRAS R T (AR T AR AR 435
2y arccos(}) ¢ Qn. EF AR EBIGIE, BURIAZ G 9.8.5.

g J.-P. Sydler (1965) iiEW] T E® shpiAZ Ttk P, P’ {540 HAUY & 1AM R i
15 Dehn RAFE.

12. EMIHER 6.7.11 (H3E A AY G A RAC BTN FinAb 3| FinAb®P (454, 33
TRIEAH T

13. T HAT RS HeRE A, W) (6.5) MIRIAS ca S2HSH 75 5y AL BRI ER R HO R,
R Q/Z 0T Z-R A 5 DAt 31— et

14. JIEGBERSE AT 6.8.7 HYIEH.






e L SRS

FRBE S B 14 22 IG5 4 R IR 3L 1) 1) s 25 100 BRIRDINE SR ) s 25 1R &,
MAE (v, y) = xy 2mESE LR, RS2 k LW nox n HFER
M, (k). SEE X 2540 8 DR &, FRob i B <R3 —ehd, REBERT AEER2
AR R W4l B IRIEMER, REM B RASE LIRSS 5 —WLATE L2130
WS R LS R I HE S R A R i 1)

B T AR, AR K SRR A G AR, AR K

L SEMEAIA FRE: aXSeHiE o DL Te FIRS e Rie, AN E T i T A— i Ab 3. Xy
H—EZHABRYEHE Frobenius EH 7.2.9, BWiE A RYE T R-AEHE
FE X THA R,C,H =Fh.

2. SREACHORN 2 A A X RRAER MR EATR M U R A T H, d@
MBI B AR IE A B a0 B AMUERRE A C ik k-2E TSR T H R AL
I Z54E, F1h Grassmann F£. B T #7746 REMIES, AEAKER SIS
SEJRBOEL, ARSI S 2 SR M B YO BATE A X B R e
AT

3. AT A R I T RR AR, BATA R L IC AR R R B SRR 2 A
TR REZE T M DAREEL, I A FE— A 43 LT e

PR
BT RS &, TCRAEATEZRA BRI BB T, 235 MDA R B AR R i
HE S AT AR E, §7.2 1 §7.7 X s — @ R B Y
P
KA 2 RS B K  RB L B A, D e TS & A i3
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JRA]ROCETAT: PR SR AR VR — R “HR” Rt g (RAE ),
H1Z B AR A T A AR AN SR —Fhapik, X &P Iy s A R §7.8
HIEER A SAEBGR YR I A E.

sk AR TR IR BN e e BRI 28, B8 T 2 BRARHE S0k 4 [52,

Yarin Lﬁ‘}

H/NEL

7.1 s Ems

PAR B R ONARZACHRIR, H ERIBOR AT 2y, (HDATR ST 28 ic k. A4
TR & L H AL

23] RABLA B (R, R)-UBUHL, 4% rmr’ = rr'm 5@ SOSGAAERFAGEEZ. AT
R (X 6.5.5) 1) (R, R)-XUIRA, FEEiL 6.5.10 AT M.
EX711 K R EHREEH - ANHAFE RELSHHES A ERFWWESET
R-HE ik, WA A RE (v,y) = oy BFER AxA—A M AKX (R R)-BEK), B
FENT:

(re)y = x(ry) = r(zy), z,y€ A, recR.

K& Ay, Ay MW FASER REEHTRS A — Ao, FIET R-REE R A Y B
& TRERESERETHA W TN, £/ 4B B XL EE G ELEM.

8 7.1.2 Ny T HEEHSHUE, WIS AR, AEREE R-RAL A RIETIF. X AL
AT T A E S 7.1.6 %% i s 5.

RAE A XPUGHBAE T &tk (k) FEEEAIRRT A/, B A A BUSIER S MR
G54, B W AJT XA s— L, B RO AR HEICEA, W AR R-HUBz
IR, 7, [FASHRZAESES. R A MR FRZERER, (5K A NRTRRAREL

XFHA I C R, BHEM TA = {3, thay : Vk, t, € I,a, € A} R A PR

PA1 3% A ITRIRLTC, Za 32 A BB PN E U

re=1-re=(r-Dz, re=rz-1=z-(r-1),

A AL ATCB SO B A el i . LT EXFE (rs)- 1 = r(s-1) = (r-1)(s-1),
W r = - 1 HHRIRFRS 00 R — Za. EGEUL, @3RS o R — A ST 7
A —A REEEH o(r)a = ra, ZEMHIRFETE, MBI A0 & T B R E X 7.1.1
2 HALY im(o) C Za.

WRE713 £EF A L4 RREEMEY TLERRAS o R— Za, WHWK
Bo(ra=raHE. TN RREEANEAA ¢: A1 - A FERATEXEHHRL
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(bZAl—)AQZ

A1—>A2

L

HEFAKS 0t R Za, HE A B R-RELEMN (i = 1,2).

R EEIC AR TRESFEES R — Za BN, X THELE ¢ 0 A — A 0
8 14, 08 A AT, BF d(ra) = o(r - 1a,)¢(a) AIRT ¢ & R-ZbERY 2 ALY
o(r-1a,) =1 1a,, LEIBIHHIZME O

i RO TGN R-AIG. 24 R 2SN ] PABOE AR 4E 4L
Fig71.4 AEEMFFOUEY R = Z 1, R-RECGE R, 8 Ring ~
Z-Alg; Bt DAMUECT LA BRI X e 2 A PR g%
() AR Z-A5002—ul 3, siE LTS Ab 5 Z-Mod “&{fy (SEo4[AIH).

(if) XHEMEF A FFAEME—IIAES Z — A (5.2), HBEAE T Za T, SF W Z 23
Wk Ring AYHAXTSE.

BB B 1 L4
o AEERRER D B2 R T R AL

o R R LR (WL §5.6) )& RV ARG, BERRS IR 2 10503024
SV |8

o ZHIF R _EI nox n-FEFERR M, (R) 72 R-UEL

B 7.4.5 ur4rJegs 4 Hilbert 2500 H WL { SiA REFH C-4 B(H), 85
T TFHILNE K(H). AR THEE (W0 [53, §4.1]) A1 K(H) & B(H) BXGA
FIAE. 7 B(H)/K(H) #brch Calkin A%, BFER T HHEHAEAREIE T2 B SRAYXS
4 % B(H)/K(H) MY T A RE TERE TR TR, ERBuniiif —2
TR ait (Bl O -Uk), i@ s S A S ik —.

MRy RAE WTARE RABL M, (i) 4552 M HRICER m MY T4 R &S
n: R— M, FEERIERRE n(1) = m; (i) $85E (R, R)- DR TR m : Mx M — M
MM THE RBFEZ po MeM — M 15 p(z@y) = m(z,y). XL 6.5.10
KB RRIZ 1 B H EE? R 2, skEBBISAEIE §6.5 MR T

BAEFATAT AKE 52 711 S5 R AR B I, (e 1) i aed 95 B2 25 2 19
THEEEE L. AT R-AAKER T — ® - fEE - —.

EX71.6 X7 R EHREEZUT LM
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o —/ R A,

o FHEAH u: A A— A,

O LTLBMEBEMASE n: R— A,
EAENT & HERE R #%:

() Rxsatt

AQ(AA) —=—— (A A)® A
id®p,l lu@id
AR A m A m AR A

HPWEREAN CLEAK)AQARA) ~ (AR A) ® A k&M 6.5.12;

(i) /% 4 8
1d®n A®A n®id

Heb ERFAMW ROA~AFfF AQR~ A K &5 6.5.13.

MAREL (A1, pa,m) Bl (Ao, po,me) BEIR ¢ Al — Ay REH/T A& B R HHERA:

Ao A A T g,

¢®¢i Lﬁ \ /

A2®A2 T}AQ

TR, Ze BRAE RS T DARER T P R TR S s SO IR e T — B
R-ASEWE, SRR T — @ — A L0 AERXR R W EGE T, R0
SE SCATPASE A R Sk MO AR IR, Y A BUS RN i3] 2 8

B17.1.7 [FHZYEL 6.6.4: R i) Hom-A7 FAAHY R-AE4YH, FAS A R
MR, PRTTAERE R M 0 FASHIB A RO Endg(M).

W71.8 £ EAGITHREGLE M= RE. HARSRELIZ R _ERMEGRE
M, (R). B REIE SN M, (R) 28 n® A R-BL, B4

Eij = (ar)i<ki<n, G = {
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F T AR e B, M (R) Y44 52 4 ph B ik iff o -

E'l7 ]: ka
EijEy = ' .
0, Jj#k (7.1)

= 0k

X H 0 s Kronecker 1 0 105 24 j =k B 0, = 1, FIHZE.

— Bk, AR A M R — B (e;)ier (4 R OWIINEE AT L), I8
2 A BISEHSE 4t B AR

k ..
€6 = E a; i€k, 1,J €1
kel

B, VORE (af, € R)s ket Bi A RFXAUERIZEATE .

O, RATET A LR R A LI X n B EESR Mo (4), f58) @
( ) 5 A WA Mo(A) (05, MARERTA PR T S Za — Zag, () 35
S, M, (A) 12 R-ARBL (e SCRIRE B,y 41, T M, (A) 5 F i A A

M,(A)= & AEy;,

1<i,j<n

M M, (A) 1) R-REEE G Bk, A B R-REEH, %X (7.1) %R oE;; =

M A 6.3.6, 31 M, (A) WATLAERAER End((Aa)®™), Hrh Aa F8 A WA
A, T End = Endmog.a. SXHUN M, (A) 45 H T ELI, AR IR R
Bl Hiltfh AB ARSI T R — Za 154 A-BERsi R A
RS, dntt M (A) 19 R-RUEHIRE AW 2 M, (A) BAREECHE T RECR AR5
P AR Sk, — A0y ) LR AURON — B, BRI s e A — 4.

7.2 2 B5IR{%# Frobenius IR

B A NI R EAREG AR A # {0} XTHEE = € A, X R[]
HAE v RN TR Wile o AT R8BI T2 TN IUE (5.12) 45 i
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evy : R[X] — R[z] C A
( Zaka> — f(x Zakx

75 Rlz] MEXHEMEEWR). H—iid, xHER 2, y, ... € A B RENERm
TREL Rlx,y, .. .|, Aid—BAZEENTPIP A ETE, 2 5= BUE AR 25
eV(gy,.): RX,Y,...] » R[z,y,...].

T2 Rlz,y,...] B2
EX7.21 (B xtrcABFEnN>1 5 ay,...,an-1 €ERFH

" + a/n—ll'n_l +--+ag = 0 (72)

WAz £ R EREH.

B4 R=7, AC CH}, 2 € A Y AL EREREE 20X R, 7RI 2 248
BORAL.

BRI S BI—AABE N B2 RS, iR ann(N) = {0}; 5 2 s € S W2
T sN = {0} M HAY s = 0. HFIRE. REC A Bl AT BN ESE Rla]-45, L A
FAEMIELE 1 ) FAR 2 RS Y.

722 HEE v A UTHRRAEN:

(i) = £ R EAE;

(i) Rlz] 24 M4 R R-#;

(i) = @& F A §—PMEE Rlz]-TH M, b M Eh R-EAHRAE K.
4 (i) oy4edl, 4 A RAERAER R-EHEN 2 c A B i

TEUERF B S S B B A A T80 2 b PR AR MR BEAE . 28 o Fr) 15 2 B2 A 1,
B [51, il 4.11]); — BB AT ASUMIEIE, FAISAEE R 7.8.2 TR

B () — (). & o 6 R L%, (7.2) LML R RSN o 192050
BB BUEL < n IER, $ Rlz] = 720 Rak 45 FRA A

(i) = (ii) BB

(i) = (). WaeeM=Y7 Ry MaMC M AMELEHEE T =
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(tij)i<ij<m € Mpm(R) {#if5
"Ebizztijb]‘, izl,...,m
j=1

DINIPEL SR e

(-l =T)| 2 [ =171 (7.3)

BHIIAEAAZTC X, B S(X) = X Lnxm—T € My, (R[X]), iCHAERERERE R SY(X),
W SY(X)S(X) = P(X) - Lywm, T P(X) = det(X - Lyxm — T) € RIX] & T 4%
L2 T, B RE m KE—. A (7.3) P23 LA SV (2) = evy (SY(X)), Hi
Mo (R[z]) FHG%2 SY(2)S(@) = P(x) - Lnxn 3513

B P(x)M =0, BSHEARHR AR P(x) = 0. -

Wit 7.23 & {z}ics B AF—RARETRRAGET, WEANAERGTFRE
Rl{zi}icr] ¥ BN TEEE. EAER, F r,yc A BRERBNETT s € R, 4
ra + sy fn oy B,

ERR T R[{wtier]) PR HEICE VT ABRAREZA ©; Fik, (% EAHBRA T
R,z WHEHIR. FEH R-REL Ry i= Rz, ..., 2m] C A, Ry := R, WX}
FH0<m<n:

o Ry C Rppy1 = Rin[Tm—1],

o Tmy1 BEFE R _B#E, BARWTE R, BHE, WoEH 7.2.2 2 (ii) Ui Ry AR

AR R~

TR AL R, A RN R-BL Ell 7.2.2 2 (i) & R, TITREEE
(Bl M = R,). ¥ O

FiB7.24 HEHT @, y RIWRMZ I (7.2), PAEIEUZ 50 45
z+y fl oy R WMBEARE « +y 30 oy BIRATE— 250, 0L dpik2 i
&3

LR R OISR TS . B PA N BUE — M k, TFHA A K
k-fUEL s k[XT J& EHAEES (B 5.7.7). PR EIAE A {0}, FE& k — Za 4
ERYS, k T PARRIE] A BTER.
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EBX 725 stk AFTE o, FEBERA ev, t k[X] — A, HH ker(ev,) U
RIEEEE (Py).
o #HPp=0,M o AREMIEZLTHAAE A FHR, BRAVN « £ k L ZBH;
o H P A0, Wk o Ak EEREMN: ¥ P, RUERBFRTAK, TR P, hE—
ZHANHRE—M. BT P & ker(evy) PREAXWE—F AR, TUEEH
Mz A o RN BIRR.

PALESTIE U B, kBB T AU, 200K Py W NAE L) i T T AR
klz] ~ k[X]/(P.) B4

S5I37.26 % AN kR AT AFHRET 2
T EHH = o & klz] PHAH < z HTH.

HEBA WK 2 € ko] 25 o fF A ARSI ki, ERhZ I
P(X)=X"+ -+ a1 X +ao. & x L0850, WIAE ap # 0, H W)

r(" P da) =@ e da)r=0 = 2" 4+ 4 ap =0,
MM @ 2 —DRBCEAR R Z TR, T2 M
z(x" "+t ag) = —ap € kX

S H oz e klz]*. O

SI37.27 ¥ k-RHE A FRAETINGTEETF, N klz] HEFMRET 2 A HE
B, F# P, A 4T dimg k[z] = deg P,

WERA o A B kAU k(2] RAE K[XT/(Pr). Hb RAETERE Tl (P) 24 k[X]
MRBAR. PR k(X 2 AR, B 5.7.5 i P, AT H k[X]/(Py) M. fEH
k-1 25 ), k[X]/(Py) HARARME {X°: 0 <i < deg P}, WZERCH deg P O

TEA FRYE k-REC A, BEAICER o AU, WHUE A I9—HE a1, a0, W
A kAR A
m: A — Endg(A) ~ M, (k)

a— [mg:x— axl.

Pt A SRR AL IR AR, R REMR LA B S, Bl oy = 1
yr = 1. SRIMX A OLH A2 .

RERGIHA R AT k=R _ERA RN, R, C, M, (R), Fifil 5.2.7 {74
JURAR HL R R i1 e SR R A R, C R #AGE, AR M, (R) BE
AAARAANTT B, W0 H R PEFNG IS H: B 4 4EIRsci nl B, X2 e TS
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SR BOEAE) AEE _EARAS R AN AE LR BRI RS ERIWE ST, @ /ibA
HEWA R R-RE? ZREEEN.
S5I37.28 & ARAETZINERT, T z € A

() # A 2 C-R¥Ti o % C EARET, N Cla] = C;
(i) # A £ R-RHT 2 & R EAKRET, U Rl =R 5 Rlz] ~ C.

Fehld, 7 C-RE& A WM ERET, Il A=C.

WA %E o 75 R 5 C L2 Py, 53 7.2.7 H1 Py A2 A8 C-AR%
T, ABCREAE BB & A W 2052 2 A g e — I, il Clz] = C. 78 R-HUEHI T
¥, # deg P, = 1 M x € R Rlz] = R. HW P, RIEIARM R ETHA X2 - 20X +c:
R ABEAE L. AT IR RIX]/ () ~ C. fER5

X-b
Ve—12

{EA f(X) € RIX] #RREE WA TC YV 230, 104 (V) € R[Y]. BrRREE

P(X)=(X-0)?-b+c=(c—b)(Y*+1), Y:=

R[X]/(P;) —=— R[Y]/(Y2+1) =R&RY —= C
F(X) mod (Py) ——— f(¥) mod (Y2 + 1) ———— f(i)

r+sY mod (Y2 +1) —— 7+ si

Hrpie C R —1 Wi S APZ gl 8.2.2. O

T 7.2.9 (F. G. Frobenius, 1877) #% D 2k R-ft %, # HEFEN T EHZ K
%7, W D AMT R, C = H.

B EA IRZERECH M oc Ao, PURMIERIIA (27, (13.12)], ‘E RIS EE] H 4
Feik g SCHSE H AR MR

IEBA (R. Palais) DA AWj# dimg(D) > 2 ()] D = R). 58 7.2.8 JEHXMER
z € DNR = R[z] ~C, WilitE D FEDEERA—M C. AT REZE—HA C— D
HAZERIR T D RN H C-li s [al 454, LA @ RIEEEAAL -1, & X

D*:={ze€D:zi=+iz}={z €D iri"' =+a};

ERH AAG) 2 iz~ BERIFE IR C-AEBU, T H Ad()? = idp, T2 D
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SN L2 ]

D=D"® D"
r=a" 427, zt = 7$:|:A(21(2)(x)
TATESCUEW DT = C. M XAIEHE DY O C H D ohy C-RE, HotREARE R |
RREOT, fE C FIRE A, 5138 7.2.8 41l% DT =C.
# D™ ={0} W D=C, M j € D™~ {0}; HAWLSS t — tj Zih C-LIEH[H
& D — DV, PR 1<dimc D™ <dimc DT =1, Mifj

D™ = D%,
D =R&®Ri®Rj @ Rij.

BN i1 R EMIR/NZ TN R A2, 52 € ROR] 1 52 ¢ Rug; H—1H
€Dt = e C=RoRi. TR j2eReo. PAR EYHFM j 5, AYHEK
j2=-1. TR D fgkise4h

2 _ a2
)

1 =7 = jt = —1j.

FEifE. BB 5.2.7 AT D ~ HL. O

AT RS B, W H R RER AN\ TR AB IS 0. W R &,
g C, H, O —FhFikiE Cayley-Dickson s REsiFR “Iifs”, ) BUEAEA M
.

A PR T B A T — R Q B BEe e R 2, S ARBEGE AU A Y
T A E T 20T 2R DAGTATIE 2 [ 2 XA PR

7.3 #smyksm
#hE R-RREL A, B, AU T A® B — MrER R-ACEEEWH (SRIEME—
). SEISARZAMET X B LE RIS 2Rk EH (B X—EH 7.3.8).

EX731 % A BKHRRE, ZEWRESERICME pa, up £%. TXWEHKE
4 A® B B EFRE

pasp (A®B)®(A®B) 5 (A®(BRA)®B > (A®(A® B))® B

HARuUB

S (A®A)®BoB)—— A®B
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HEBE L LW REAMBEANE R-EXN Q WEAAKREXHAEK, WA LT
naes: B3 RoR 22" Ag B,

TARHEKE A 6513, REEARNUEZE r—>rel=10r. WwEKHA—K4E R THRE
A®B WHEH, A
(a®b) (d @b)=ad @0V,

lagp =14 ® 1p.

B A B0 B AN HE, AL 2.
GII7.3.2 AL, x#AHK c(AB) 4l RREREHWEKFEN A9BS B A.

VERR BT DA PR AN 2 R 2R R R PR (W §3.3) BRiIE (A, B) 2 AEH R, 7R
A EAEMICRIZ AT

c(A,B)
(a®b)-(a @b)=ad @b ——=bb' @ aa’ = c(A,B)(a®b)-c(A,B)(d @),
C(A,B)(1A®B):C(A,B)(1A®1B):].B®1A:1B®A. O

TINERES Ax B - A® B [RifilE] Ax1p fl 14 x B |, 845t HAARELRZS
A A5 ARB M i1p:B—-A®B. HEWPEE A1 1o B, B4R A B.
TIRZER SRR T RXANICE R A R

SR 733 % R BHH, 14 f1 15 ZHN.

WA I A, B AE R _ERYEE Ja, Jp. Al 6.5.11 45 R-[a &= [ SR 4G

A % B ~ @cge:]b; Ra % Rb. JoWilis 1a € Ja, 1p € Jp, TREGH ta, tg 5351%F A, B
e€Jp

FRA K LA O
11, FRATER] A @ B 177 45 Z) .

W 7.3.4 AL, s EREBGAS, BNEGE A9B PHRERLZH. &
B (A® B,ia,ip) RN TEMR: St THE—AKHE (C, fa, f5), EF C & R-R&ET
fa:A—=CH fp:B—C HGEARE, FEE—HWRERES ¢: A9B - C T
A & e

A2 A9B+2- B
C

AELZ-NME—RAMEHEXT, LRBEE—HZ BT A®B.
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IEBA AZEH ta Fl g RAEWIFEZ; B (a0 1)(10b) =a®b=(1Qb)(a®1) 7]
M AL 1@ B M. S8ERE (C, fa, f5), WiriE PRSI R U] G BB
Ax B A®B-5C bk (a,b) = fala) fp(b). XFERIBLGHZFHGAR, PRI ME—Hb i
ET ¢ BT ¢ WAFAENE, A (a,0) = fa(a)fp() BT ¢: A® B — C, il fa
5 fp MBS sifi 2 ¢ AREESIT RS, O
PEETEF IR AUKAF BT T, AW DA 3 H Ak Lo T 5k
Fi8 7.3.5 FUAETRAT T DAMBRE AT XU A ZE BB A BEAGHE S, A AR B Z-AX
Bk Al & S, T KR, JREI Z-HE, WA S ) 1 7] 4

(s ® TOP) -Mod ~ (S, T')-Mod ~ Mod- (SOP ® T) .

X e NN AL (M, +) PA (S, T)- XU S5 M A 24 T 45 i RAHSC I B AL S S —
End(M) Il T°" — End(M) (FHHEID 6.1.2), TRHEFTHRERFALS S QTP —

End(M) &% (sop ® T> R End(M).
g 7.3.6 IET R-ABAIKERTLLUZZMREL B a,b € Zoy HEE, WAFLEEEL
u,v i1 1 = ua + vb, Z/azg Z/0Z = 0. K124 A, B #2IEE Bl RS, #E

1 6.5.16 TR A ®B HlHEHN A, B BB, WiAEZE. 24 R 2, AR
R OL. XEIRIE T AELHAE) T 2R S B e ooy KA (5 € B 7.3.8).

737 mE B REEEAL: HERE UTE © = or BROTIEHXHER
R-ARHCA, B AR

M,(A)® B> M,(A® B) (7.4)
My (R) ® My (R) = My (R). (7.5)

P I A
M, (A) @ M (B) = A® My (R) @ My (R) ® B o My (A® B). (7.6)

SRR (7.4), WOWHTEAER (a)ig © b > (ayy @ D)ay. @ 6.5.11, i 7.1.8 S I
PHEHRW M, (A) @ B R A#Z A® BH

M,(A)® B =EP(A® B)(E;; ® 1),

.3

Wi M,(A® B) 2 Al M,(A® B) = @, ,(A® B)E;. TR i,j, ¥
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(a@b)Ei; B2 (a®b)(Ei; @ 1), AU BIRCRIG LS, k™I (7.4) #ih [F .
BAEMRE (7.5). HARMBMS V, W 351258 n Ml m 9 H i R 84
il 6.5.11 Zil V o W 28 nm Hil R-A, KBRS TS - FE S
End(V) ® End(W) — End(V @ W).
B DA V = RS, W = RO™ 2 End(V) ® End(W) ST H il R4

M,(R)® Mpn(R)= @ RE;®E,,

1<i,j<n
1<r,s<m

YER R-RRE Hok¥EH (B @ Ers) - (B @ Er,) = 0 1051 By @ By, SEEE. PeE MG
ol oy < {1, . my =5 {1, am)

WAT2ER V o W 5 RE™™, 5 L%

End(V) ® End(W) —— End(V @ W)

=| E

M, (R) ® M, (R) —— Mpm(R)
w w

Eij® Evs ———— E@ir), 10,

At S AT R, S TR (7.5).

FIHIEAL. KRB ERE LS5 ZHRIEL TCETE Q,cr Ai A HE T UHIHE,
Hrb T oA RREE. Xt s A T R, ARSI fi 0 A — A fFEBRRM
®i€[ fi: ®i€[ A — ®i€] AL AR

YT j e I 324, a4

Al 7.3.4 TRz R BEE R (fi 0 Ai = Clier, IXH T AJPAE T
G N T AN RZ XS, IRRP RS KR, SEfER M J C 1 2N E
FRAE, D IR Z 1T ca WIS RTARE] frr : Quey Ai = Qe A, MAH K CJCI =
forfrr = fxr- ES I HEBEGIFEE 1R R (A)ier; TER T WG+
M C M §4.10 & SR BEE e 4. BR8P Y lim ©L 2 4E fnill 5.5.9
F3ds T, X DAZ TC R MEIE) 3] RSB0 T .
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EX-FEIR7.3.8 W THEW R-REIK (A)ier, EX

R4 I @A

icl JCI eJ
'€ e S

HEENT KCJ, MERBITANSHR frr: Qe Ai = Qucy Ain CH A — IR
A Ay = Quer Ai T (Qucr Ay (ti)ier) HREMT &R 7.3.4 Bz .
IR (&) AL RAE g A = Qs Ai HRSHE frs % ie K CJ =
frrotirx = tig, HMIEAVER] ¢ 0 Ai — @,cp Aiy, WUEEATZMAER RS R 2O
. YRR IRIE—FE R LA B BRI SRR TS X T9R (C, (fi + Ai = Cicr), T
Ko @, Ai = C RBHALAER o7 @,cy Ai = C 1Y lim . O
#WiC 7.3.9 KEHRLHRH R-REE% R-CAlg # i1 £M. % R-CAlg 24 T 4.
WERR S IEAAC e R-AE Sk E RV IR A e, BEAVE T8 HEME 7.3.4 (8 HIEFF IR
A) Pk py sk m Az s, 2 AR R-RE C, B EIR e AR R R A Iz MR
7 —J7 1, R-CAlg F{E—XI3&0 f,9 : A = B RARFET coker(f,g), B B X
{f(a)—g(a) : a € A} PrA A RIR (BT IERED). MERE 2.8.3 S22 5 H—H lim
HIFFAENE. O
e, FATH K ERCRAERE BT, 155812 §6.6 H YAy Bk i IUE 32
HHHEE ¢ R— S, M S A R X TERE R-RUE A, SkEFH A % S HARMEA
S-AREUEER: PR 7.1.3 LA, XN s 1 S — A%S WG IE1E A%S B H HEL
Wz, RF—A S-R%k B aim ekt ¢ b, siss—4 R-RE g
Pr_ g
PEEERE, X P EERAEIE 21 6.6.8 KT R-Mod F S-Mod . 11 ATk, MIPA
ERHRA AR T RAIg 2 S-Alg |

el 7.3.10 LR @ TR R-R&f S-REGE% 2 B X (Pros, Fros). ST
F&AQ—R—S, HFHERM PrisoPosr~Poss MER FouroFras = Fgos.
IEBR & A, B 0 R-RER S-EL. AT (Pros, Fros) FERLH)ZRAIERE
[ty (6.2), B RALFZ f: A — B 2 SBR[ A%S — B, f'(a®s) = f(a)s €
B; Rtk # ff 5 A— A ® S AL f. BRI R - AEAE 2 AH R,
AR RF Fi AR B SRR A B F) A 2 AR RI S, X2 Ak 72419,
BTAERESARAES Q - R — S ByM, w53 6.6.9 [HIpEALHL. O

BETIN BT Paos RLY BT HEEKY S-RHFY

PR%S(A) %PR%S(B) = PR%S(A%B)'
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UERR R

(AS)® (B S) — (A@B)® S
R 'S R R 'R
(a®s)@(bRt)— (a®b) R st,
(a®s)@b®1)+—(a®b)®s
YT B ANKE, B4 O

R EMAEL A AT AR A — iR A O B AR MaxSpec(R) iS5 as [0, “f
B AR A I EAE: XS OR R AR m Bk R/m b AH R AR Rk B AR
Prpm(A) = A 8 R/m, XFF A 1y mod m 294k, WAEM FRZERE S AN,

S 7312 & Ay, Ay 4 R-REL, a; C A M, WA B R FA
(A1/a1) ® (Az/az) 5 A ®A2/ <a1 ®As+ A1 ® a2) )
R R R R

ATHEER XEBRMNE o @A 1 Ay @ax R TEAIE A1 @ Ay P HE.
AR, SHEEEE ICR M R-RE A HEREAH A% (R/T) = A/IA.

ERR XA, 0 o = AL © Ay (a1 @ Ay + Ay ® ag), AT EH BT A
b Aufas o of (i = 1,2) WEGE 7.3.4 HE0IE R 02T LIS,

X AR, AT A = A, a1 = {0}, A2 = R, ay = I, 3T H
A@R= A BB AT N 1A O

7.4 e

BB IR g5 TE Y w2 H AR AR, w1 BHER 2 TR E R(X] =
D,.>0 RX™. FATE LI H5T 0 RAEIR R KB, X §7.3 AP i)
EX 741 (DRIESRRIKEK) 41 A4 %, U+ Rk-_TnwEH,0%k47T.

o R R LW I-REREAEFMQH M =@, M WE M. 21K I-9 kK #

e 2 L8 (R-Mod;, ®): W M 2| N 4R EAEE#E Vi p(M;) CN;

WEAS RKERMN LHES ERN2REHN (B iZaf 6.5.11 Hr 5 KERR
HAA)

(M@N)y= @ M;®N;.
i,jel
i+j=k

oo e My~ {0} A M HRBA i FRTT, #0121 deg(x) =4 3 0 R R XK
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B OSRFERE M PR N=@,(NNM,) #§TH#.

o R#IH R bW IPRRBAEREEFM M A= D,.; A ¥ RRRH, ERE
WR A A C Ay H1e Ay Al Ao BFRE. FETH -2 KR %
fERFE® R-Alg;, A ¢ : A— BARAWE I-2REHRS, FTHEST
p(A;)) C B FREBEEE AW a=@,(anA,) ER AMY at AR
Ala=@,; Ai/an A; =K K%K

L (I, +) C(Z,+) B, HATEARZ L3 R K A

BIIE7.42 % 4K RE (FAKE PHRAEE o (RTFH) EARHYERLE
Bt TR T A

MERR DA HACEEAEAE . AR B S SO AR SR OT AR . AIGIEEYE, R UL
a HFRAERTC {as : s € S} 42 a =Y, aN Ay ARG E XL, o PILRZEA
uasv MICEN) R-EMEHEG, H u,v € Ay K w, v FE— 2535 85 I AT ik ax L8
uasv FRZFFIRTC. L. O

L5 RAUEC A AP LY T3 IR E5 M B Ao = A, Hog A4, ={0}. W A=R
RO ME— A, B A7 B 2 SCT DA BB AR AR, #5770k RASE Mg R
B AERTTRZERE, I A; - My C Mgy MEA 4,5 € T TSI, B8 M 250K
A

BT IR R 0 AR B 2R 7 U ERGZE M. XA S TAE R A G
SE S T1.6 HEDR A2 -0, TTHIRE A® A — A MIZAIC R — A #E 1-70R
BRI, HAR LY T

o ZUAI R[Xo, ..., Xn] 2 Zso- 0 RN, Hrp

R[Xo,..., Xl = € RXG - Xgn,

la|=i

PRI R @ BSFUOTIR T2 R B @ GFIRZ T, SRR 7 R BAR R A 55 T
B, JuERDER D BISMETE, EATHERBULATE N RT3 2310 P HLE P A
.

o BT AR L4, W S 5.6.1 1 Z2FHE3F R[U] = D, cp By #M T-73- AL,
XL R .

o JEMBAMIIY X LINFH C-IEBAERAES (,n) — w An B C-RAL, it
fEAX) = @MY AR(X), Hirt AR(X) FR b RO Y C 25 ],
HATHETS% (61, §3.2]. EHZE] A°(X) = C°(X) T AR(X) EEITTE w 1F
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SRR 21, .., TR ATHE—HBEAR

W= Z fil """ ikdxil/\”'/\dxik’ fil ~~~~~ ikECOO<X)

1<i < <ip<n

WL T2 AX) MR RAREL, FEA S, S8 “EAFIRAIESR ", A LA
A B2

wAn=(~1)"pAw, weAY(X), ne A(X).

R AX) B — A R ERAIMIMERE d: AX) — AX).

e — BT H) ACX) T 8 AR, e U2 @R W B T,
FIHTF Elie Cartan 1 TAE. AT A(X) HFeBBLA KRS AR & L.

BN 7.43 BEXKLEE (14) WEIERE €2 ] - Z/20, AR KK A b5k £
ry = (1) sy gy e A FRTE

MR A B SRER e R .

B e =0 M) 2 S AR e TR A2 T C Z 1M € : Z — Z/2Z 527l
SHTEE, IEATFIL e ZprfER B AR ATE 2 ErEs

[e(degz) =1 € Z/27) = 2% =0. (7.7)

% 2 € R* I, e SelfEA0E e(dega) = 1 — 2% = —a? = o2 = 0, %&{F (1.7) H3h
ST, FEBUS LRI R B R = C, R, BB 5.

FRHEMGE LRIE TSR RE A, B B3R (A® B) = @, 4, A; @ By 1354
B AU B, T HATHL (A, B) : A® B S Bo A AR RERML. Rk,
FeG5 AU A AT AT KA SER. X T RAC AR R T, B A(X),
ARSI “HEE™ A® B HITRE AT M. B 176 20— 14— R R TR
L.

HETH K R 0 AR DA 50 UCBERE R-Mod, 9 SAEsH (i X 3.3.1),
FREE SRR c(M,N): M@ N 5 N ® M WF

Ce(M,N):Mi®N]‘ L)NJ(X)Ml
r@y— (—1)deen)eldeey)y o 0§ jel
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KRN Koszul L5, 255 Wil & I R IS5 1 X 3.3.1 FIr A 383K, S0 AR
co(A, B)e (B, A) = id. (7.8)
BEAh, & L 7.4.3 BEAL EIUMEIE SIS N
A e = paoc(A,A) = pa

TEME pa: A® A— A F AT

EX-TEIR 7.4.4 (Koszul FS) Bz [,e: 1 - Z/27 34 A, B H I- k¥ #
KER A®B ERAFREEHRSTRTH

(a®b)(a @b) = (—1)de8 b)e(dega’) 4o/ & i,

y

(i) A® B sk R A -9k R

(i) BFRFAZ ta:A—> A®B M 1p: B~ A® B HEASRREMNFL;
(iii) # A fo B # £ e #H, Nl A® B JF#k;

(iv) Koszul # 44 c.(A,B): AQ BS B® A Z4 R K& FA.

Be5 2, FAMER K EBFGERE DRI (4 © By) ® (Ak @ Br) = Aivr ® Bjp
PAFFE (—1) D) 1k, U SRR S, B A TR S AR, (e
A, B ¥®h e, i A® B 0N e S /DT B AL EE? I (i) iz H
SRIYEOR, HHHE TAREME (e 1)(d' ©@1) =ad @ 1T Fl 1@ b)(1 &) =1 bb;
—MREREIET, 4G R

(a®b)(d @V)=(a®1)(12b)(d ®1))(1x}b).

4 A® Bl e5#k, M (1®b)(a' @ 1) = (—1)<(deeb)eldega) (¢! @ 1)(1 @ b). F[1]
A2 AR 3 P A e HALRTRIEHE. TRAE (i) M2, Koszul FF5H5% T 52
e T4 BAREORAL A SREE LR 33 8 0] DA J A TG 5 I 2k A 4.

Wl 7.45 4 R-CAlg; 2k ex#t Ik REM KB E%, MK ER @ B4 Koszul
HEfEs R-CAQ, FH4 M. i R-CAlQ, R4 % &M, i A B ¥ E (1.7),
m A® B JFk.

S C A e IR A BEmE R-CAlg] iy R-CAIg,.

WEBR  RiCREAESE A 7.3.9 B A, DA EE SR T A A, eI
(7] A5 W] DA B8 o A0 R DA A B G 55 5K AL ARIIE R-CAIQy 4k 56 £ KU AT — X A5 5
fr9: A— BWIERET B — coker(f,g); fET {a€ A: f(a) —g(a)} LRSI
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I, # B/1 BIFK.

SE% A, BRE (7.7), %18 AQB W55 IRJG . = Y i 2 ®ys, it pi = e(deg;),
¢ = e(degy;) IRE Vi, pi + ¢ = 1. itHE

2
n
" (Z i ®yi> =D (—D)"P iz @ yy;
i=1

2%}

i=j i i#j

XA 1<i,5 <n,

(_1)Qipjxixj ® Yiy; = (_1)Q'ipj+Pipj+Qinxjxi ® Y

— (_1)pt4j+‘Zipj+pipj+Qin . (_1)(ijimjxi ® Y;Yi-

HTHE Z/2Z W qipi + @ipj + pivj + g5 = (pi + @) (pj +q5) = 1, &4 i # j J5A LA
XA IAS SAHY, WESE] 22 = 0. O

I E LTI, AHER ) Koszul FF5HE w@n — w An JLTRF A(X) ® A(Y)
FHT AX xY), 2GR, HUIBGE X MY B R R 21, ... 2, H
Yis s Yo HIFHIR X XY BIJRIERARAR; O BN RGRZORTE A(X X Y) HF

(dyi, A=+ Adyi ) A (day, Ao Aday,) = (=D day, A Aday, Adyg, A+ Adys,

RXIeAERE Koszul £H5485 Z BrbA L [, 2 C=(X)@C>(Y) # O (X xY),
ARA AT A e 23 ) P SE A AR @,

MSHR A AT = BEDLAR. 500 ARG 1 B A7 YR 454, Koszul 455
R TEN A® B EHFIE pags HEEH (BEHGLHH)

ida®c. (B,A)®id ®
A9B@A®B — """, A9 A9 B® B—"% A® B:

B e = 0, co(B,A) = (B, A), R TMPERIA. SUABL A B cZeBE 2T
A= Ao, Jorh MU AREE AT BORIHIIA 4 o co(ALA) 1R pa, BEHTTAKRE
A0 SRR
G2 AL K0 (R-Mody, @) 1o SR RIS, (05U L I
I R A1 S e 5 3 BB L. SOt PR o 9 A,
X 7.4 YR S SR (AR R, BB ERE AR AT
G AR 50, TR 2 RO HE S BT B0 UE 246 0 A, LT — 2 O e
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MR (iv) B, FUEHIRY 2 R R

ce(A,B)®c.(A,B)
ARBRA®B — BRQRAQKBR®A

ce(A®A,B®B)
ARA®RB®B —— B®BRA®A

ILA®ILBJ JILBQ?HA

A®DB o (AB) B® A

idA®C€(B1A)®idBJ JidB(@C((A,B)@A

e, o pa, pp RIBHFIE, FHAERIPA KRG G AR, N ZHRIE RS T
B B A A B

ce(—, =) RIRR 1. U MBI A —H 148 (1142 §3.3):
B A A
I L=J L=
- - S = S
=

A B A B A B A B

h

T AHGEUENIT A ce(A® A, B® B) PA (3.10), (3.11) PNt LA H,
SRTIX 22 To PRI M

B 7.46 KT Pros, Fros 16 -5 WARECRISS OB TEA S 55 WRYHET, AR
MM PERE R AR PABEAE R Pros B, KT S FILEIIMK So = S, HAATT AR
Prys=—® 8 NKT R-AIg; — S-Alg;. XT e X ARt B T 241

7.5 mERH

BUESHIE R. £ §6.5 A RGHIALBE TR 5K B, HRTN A9 SCHe i T3 oy iy B
PAMIE ® = @r, BATATAZEZ MK ER M @ (M2 @ (- @ My) -+ ), HTAHE
FH, TS HCENFAE A M, — 57 KR I Ipik W2 05 B amdl 6.5.12 IER], XF
1R R4 A %8 RAR

Mul(My, -+, My; A) .= {ZELEMS B: My x - x M,, —» A}
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HApRAFR B 2w, W EX A ETT o € M; ¥4 R-LVEM.
FABE LR R My @ - @ My, ERIZELEMEBSS My x -+ x M, —
M, ® - @ M, JGEFHICME (21, ,2n) = 21 Q- @ xp. EATHIZHER
HOIn(Ml R Q My, .) = MUI(Mla s, My .)

(7.9)
or— [(T1, ..y zn) = (21 @ - @ my)]

ZIm. B 2 AT S AR
(Mi® - @M)® (Mpy1 @@ Mp) 3 My @+ ® My,
LI R TR SR M n EEKERD

T"(M)=M®---@M, n>1,
nfhy
T°(M) := R.

SR P RIS iy TM @ TIM 5 THIM.

EX 751 (REREK) 20 R-# M WkEREA T(M) = @2, T"(M), 5k
fo 2 LA Rl E# pig 1 R=T(M) = T(M) %t ©HHFERE REERX
M=TYM) = T(M). R T(M) &2ZX 741 B2k KE, &£ & KFRHTLT
FR THM).

Fe ki AMETCR Z 1 RIT, ToAR2 kM
(x1®-~-®xn)-(y1®~-®ym):x1®-~-®xn®y1®-~-®ym.

YIRS GRS R, TIRGHZE TS A AR E P w88 M =TYM) 4
W T(M). T4 TF() #RZE T, ik T() 77%k: & M — N Z2ERFEZ, WEAE
M — N
ME—RBIAS T(M) — T(N) fEE | 1 K
T(M) — T(N)
TR (T(M), M — T(M)) g6 M _Ef “H bR
EIE752 KEREBERAWTEMR: HEE RRRE A %R RERKS f: M — A,
HFHEE—H R-REFAS ¢o: T(M) —» AT ER#E:
T(M)
/ J{EI! ©
f\ A

M
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A E Y, & T ER KX R Hompag(T(—), —) =~ Hompmoa(—, U(—)), Wik U :
R-Alg — R-Mod R &5 & F.

W S ¢ T(M) — A irEEaAEMI T (M) _ERBRHIE, RIEZ R, 4
n > 1 WG E X 2w ML

Mx---xM-— A

(:1;177:17“)}—)%0(‘%1@@‘1’”)

P se. R AR RSB AL (21 @ - @ 2n) = f(z1) - flan), Fil12
(@1, .-y wn) BIZELRIEN: dZ ALK ME—E T . BOUEMITELENE, (OB DA
ERUELAMEBEFAZS @ : T(M) — A, HHE IR IE T AR O

B R 3P BE oE T, A PLIAZTE W58 T AR E T35 [ Homp pg(T(—), —) =~
Homp.mod(—, U(=)) FZcsmhy idrary : T(M) — T(M) B3| RAEFES M — UT (M) =
T(M), X IE@ME—Hf e T HERERA R “Bhr” &5 (8 X 2.6.3). FTeAMERE AR —IF 2
YT T(M) Fi M — T(M) K.

B3R 753 kERKMMHEEETHMERE: AFFASZR— S FEE—HL2K S-K
BEM Y T(M®S) S T(M)® S, FFEx%

M®S
/ \]\MT(M)]@S
T(M®S) JM TM)® S

7 S-Mod ¥ %4, FREEZTHRAN T(-295) ST(—-)®S.

R T M S TN (M) AR R T(M), [RIF s 1ME— MRS UM 2 B (1 1.
SEHAFAER TP 2, 0 BAE 4 6 T S AL 2 T o i 42 do e, SR T e ] o7 22 1
AR THORRALF (0. J2PAE B R T Pros : R-Mod ——> S-Mod, DA Jihir
[ b8 ¥ Fros : S-Mod — R-Mod; EATIX R F1 S-ACEII A SR Ph_ g, Fh g
HEVS 6.6.8 KAl 7.3.10 A HAEREX (Pros, Fros) M (PA g, Fi g); WAMEA &
752X (T, U). JArs, AL 25 Bkt B g g [ 4.

AR 2.6.11 fEREREXT RS A, S (T Pros, FrosU) Fl (PE_L T, UFE o)
BB, B FrosU = UFg g, i 2.6.10 Wis HOME— PS8 ¢ : TPps
Py, T. AL (52X 2.6.3) 1% IRAOAE e 2

M

— T

FrosUTPr_s(M) W FrosUPE_ JT(M)
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i B ERME—H 2 T v (B U, Fros B2, FIHEREXS (Pros, Fros) XH
SRVEN X T

PR—)S(M>

— T

UT Pr_s(M) — UPg ,  T(M)

Kt JEITIE i R TR0 ORI IRT 5 A e e P, R L ¥ BREF MR O

WiL7.54 K ERHEMME T(-) : R-Mod — R-Ag; REE# lim: 744k K
by R F M lim, T(M;) = T(lim, M;). BHHES M —» M/N B ZE T(M) —
T(M)/(N)=T(M/N), {8 (N) &7 N 4 &2 KEH.

RS O T AR T U, B i R 2.8.12 MIBRGEE. RS M - M/N
ATBARLI R-Mod AR %M T M — coker(:,0), Htf o« N M. B4 T W%
T(M) — coker(T(1), T(0)); 4 T H A FIH coker(T(1), T(0)) ~ T(M)/ (N), L/
W12 R-AIg, RS FRORIRE (G 7.4.5), 3 8% T(0) : T(N) = T(M) %%
R =TO(N) — T°(M) Tfife T>°(N) LR%. 0

7.6  sERCEBEIME

AT
X 7.6.1 (WHFFRESIMUER) DL 5k o X T(M) #4k Rad B

Isym(M) i= (z @y —y @3 : 2,y € M),
INM) :=(r®z:2€M).

7H BLH B R &K

Sym(M) :=
(M) =

SRR A Mo SFRR L SMCEL

(M) /Isym(M),

T
T(M)/Ip(M)

W R =Ciif M & Hilbert Z5[Jiif, Sym(M) T8 5519 (Bose T)
Fock 25, B A\(M) 3755 (Fermi T-) Fock Zfij; A M b ESIH Fock 22 il
— YR TR

TSl BB 4
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o GIB 7.4.2 #ifR Isym(M) = @, 1§, (M) Hl Ip(M) = D, I} (M) H K PE
H, HZ Sym(M) = @nzo Sym"™ (M) F1 A(M) = ®n>0/\ ( ) HSRHEC R )
UORE BT X BB AR o G UOoT AR I, AT E A M — T(M) 5519 B[]
& M — Sym(M) il M — \(M).

O EBBFS M — N % Isym(M) — Isym(N) Fl In(M) — IA(N), BHZ
Sym(-) 1 A(-) B AR T

o XFRRETIETMEE (x,y) = zy; Y4 z,y € M B} xy =y, XEHT M R
Sym(M) it Sym(M) @232 R-AE d A FRAETIE & T (M) =24k,

o SMBHITIETGHE (2,y) = o Ay, EEBMED 2,y € M,
(T+y)@@+y) —r0r-—yQy=r2Qy+ycc Ip(M),

FREW 2Ny =~y Nz, X2 /C:EX 7.4.3 W RN — R FFR TS . BT
M R ANM), SHEEFFRIC o,y WSl oAy = (—1)derdesvy A g g2
ik 2 € R*, MATHE N4 v Ae = —z Ao =0 $HMEE z € M o7, &l
IPAMUETIE R T (M) /Y B34k,

o BIGTATH AM) BIE (7.7). —RAEZ I GH, AT 250K 5 Rt T %4k
w=0t; A, Ho deg(t;) = 1, deg(i) € 22, [ A4

w/\w:Zt A At An; =Y i Ay An; A
i

—Zt NN (i Ami) + > (ti At +t5 Ati) Ami Anj
i<J

—0+0=0.
AR RN

5|32 7.6.2 xR H Sym(M) £ #ak REG ShRE A(M) 2Rk R ES
R (7.7).

§17.63 B M JB—A BB M = Re. WAERMRAKA Sym(M) = Rla] =
@20 Ra", i A(M) = R & Ra.

BIIE7.6.4 XARRZGIREHE L ETHH: FHFES R— S, 512 753 48
BFAMT(-28) ST(-)eS HRMEH

Sym(-®8) S sym(—) @S, A-®9 3N\ es
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0 EL [F A PR 2k 25 4.

JEBR 51 7.5.3 B EIARA OTHYRIR, B T(-® S) 5 T(-) @ S SRR
Isym(M ® S) 5 Isym(M) © S Fl IN(M @ 8) 53 Iy (M) © S. Wi BURET (fifl 6.9.2)
anE O

—WZ IR, M ) n ROEFREE Sym™ (M) RSN A" (M) o ph 12 1 )5 %] .
A AR R, n > 1, 8

Sym(M x n; A) := {BEMul(M,...,M;A):B(...,x,y,...) B(...,y,z,...)},
—
nfhy

Alt(M x n; A) = {BEMul(M,...,M;A):B(...,x,x,...) :0}
nffy

XA 2y € MO H AR B A B R AR . AT AR Sym(M x n; A) il
Alt(M x n; A) TCE AN M _FBUELE A HERTFRRIROGFR n LML, h T &k
PEREC PRI S, B BIFREE 6, VA (0B) (21, ..+, 20) = B(To(1), - - s To(n))
LAERT Mul(M, ..., M; A), FHE1Z &, fxHe 7= (G i+1) &, 1 <i<n (5B
4.9.4).

o AT Sym(M x n; A), 5 UG H Vi, 7B = B, R4 Vo € 6, 0B =
B. X @R 2 B MM A P E
o XTF Al(M x n; A), ZIUEHIHES A(M) BOZHREIIME, BAREHIFHI
B(....,2+y,x+vy,...,...)=B(...,z,z,...) = B(...,y,y,...) =0
54 B(...,z,y,...) = -B(...,y,z,...), I 7,B = —B; &

Vo € &, 0B = sgn(o)B.

2 2e R W, llx =y RESUE B(...,x,2,...) =0. ZEZ, Alt(M x n; —) 32
FONFRZ A T A e L, 20TE 2 € R* B2 o4

W =0 [, & X Sym(M x 0; A) = Alt(M x 0; A) = A; @55 Sym® = A\ = R.
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WE7.65 WHEEMFn>1wtE, RIFETFHEY

Hom p_mog (Sym" (M), —) — Sym(M x n; —)
Y= [(xh ce. axn) = (,0(1'1 e '-rn)}v

Hom pyod(/\ (M), =) — Alt(M x n; —)

pr— [(I17---ax71) — (,0(1'1 /\/\l‘n)]
Y n =0 B DAL B 4% E SRR B L.

UERA W5 no= 0 BSPJLIETE. X Sym™ (M) 1578, MEEEF I3,,,(M) A TR
TLRA

alz@y)b—aly@x)b, x,y€ M, a,beT(M):F5Kou, deg(a)+ deg(h)+2=n.

TEZ B ERRZIER (7.9) W, o : T"(M) — ATE IE,,,(M) %4 HARY M)
BeMul(M, -, M;A)

B(owy,. . )=¢(-0r0y®-)=¢(-Qy@r®---)=B(..,y,z,...)

HI A7 UL SR . SO AR i AZR (B A . O

SIS R-CAlg, A2 Z-5r Ik R TEnE, R-CAlg, R H I 2
(7.7) 19 Z 53Rk RACEITIRGEmE. FATSLRIG AR 4528

EIE7.6.6 HEA M— Sym(M)fo M — \(M) % % it & F [ 4 [7] 44

Hompg_caig, (Sym(—), =) — Hompmod(—, U(-)),

Homp cpg- (/\(*)7 —) — Hompg mod(—, U(-)),

H U K78 A K A 858 F R-CAlg,, R-CAlg, — R-Mod.

SEBE DRI M, LR £ : Sym(M) — A BEH M — Sym(M) D
A, I BRI @ M —> Ay 3k 2 Sym(M) — A, f(m1--20) = (1) -+ o),
i B R 7.6.5 KL O

firdll 7.4.5 Wfifg R-CAlg, #l R-CAlg,, #e R oe# ok, MKiEEM 7.6.6, DATIIE
IUERHFIHES 7.5.4 429K

#i€7.67 ¥ Sym: R-Mod — R-CAlg, 1% lim, T EEH B REA M — M/N % E
Sym(M) — Sym(M)/(N) ~ Sym(M/N). &F A : R-Mod — R-CAlg, 7 7.
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HANEKER 2 R-Mod il R-CAlg, 5 R-CAlg, Tyt (a4t e Uk
AT LAMGEI AT 4528

HEIL 7.6.8 AR REFANRE W MENEA A KER: X THE—Fk R# {M}icr,
B M= @ M. FESR R-REW ERFAH Q;cp Sym(M;) — Sym(M) 7o
®,er N(M;) = N(M), HF @, A(M;) # Koszul 4§58 (£ X 2HE 7.44) &2
R B-RBEM. ENEANTREERAE: SEFN el

e Sym(M;) ————— Sym(M) Ricr N(M;) ————— A\(M)
\ /S}'rm(Mj—)M) ™~ //\(M;HM)
Sym(M;) N(DM;)

Wi€7.6.9 & M=@,cx Re RIES X HEdaw R4
o Sym(M) fEHh 2k R-REFEMT £ HARH RIX];
o BT X EEL/F, M AM) A4 R-HEEDL

{zi AN ANa: k>0, 21 <...<x € X}

VB3R NE S
IR R-# N gn MUEAEK, ML m>n = A" N={0}.

JEBR ST M OIS T RS 7.6.8 (AR, AREIGI 7.6.3. % R-E
N FAWFES RO — N, WHER 7.6.7 R0 RIFS ARS™) — AN) Hih, %T
A" N HWTE 225 | BRI O

B m, TATREF W &8 G JUT S5 BV W E . il 7.6.5 1z
PERURI Sym(M) 5 A(M) EH T(M) frg s a8, AimE—LLia (61,
§2.2]) EAIHOE N EERMFRIKE Toym (M) FFFRIKE Th(M), & T(M) B T8
AR TR FA] R 2 o] X L S BRI AR S, fE TT(M) _EA AR
o(@1 @ ®Tm) = To-1(1) @+ @ To—1(my, M TAEEHEFT x : &, — {£1}, FATEX

T (M) :={z € T"(M):Vo € &, ox = x(0)z},

n>1
TSym(M) = Tl(M)7 Ty = ngn(M)~

Fag o B T(M) MBLA R, 2 nl e R* W, A5 FH Endg(T"(M)) FICE

n 1 -
ex = ey = Z x(o) o

‘eSS,
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W T
exlreon =id, ey =x(T)ey =Tey, TE G, (7.10)
LS im(ey) = TR(M), 4K €2 = ey, HR4E §6.12 (OG5
T"(M) = (M) @ ker(ey)
T = ex(z) + (1 —ey) ().
DAL n > 2. &fF nl € RX 40 2 € R*, HAEATHHANGIHE R (7.10),

IZ (M) = Z im(T — 1) C ker(ey),
TEG,

I (M) = Z im(7 — sgn(7)) C ker(eggn);
TES,

Febp EAUR = (@ i+ 1) BIAAEAG BRI EAXE 0= 1 2R, A —T5 i,
1—ey = 3 32 (1L=x(r)~'7) IIRED ker(ey) A ETF I (M) (B x = 1,sgn,
X =x1). TREMKE LR

7610 % nle R i ker(er) = I3, ker(eon) = IN, ETIES %S R-# 67 R4
Ty (M) — Sym™ (M),

(M) = \(M).

W RS Q i, MFRECGIMUBHE S R-BIAT DA T(M); SR (SR XFR)
[ FELEFFUTT LN (2,y) — (BT (@ 0 y) (8] (z,y) — e T8 (z @ y)),
HRE-ANERBAT, BF [61, §2 (3.1)]. Ik

T2(M) = Sym?(M) & \(M),

rQy=x-y+xr Ay, x,y€ecM.
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1.7 H731viik: Grassmann %

@ F N, V A IRYEARSE F-ias(n). B o= dimp V.o R HZDTE V
A B-Ei A WIS G(E, V), AL 0 < k < n. SYIHbGL, AT
U G(k, V) BICER T B SR, IR T Gl A LT, X 2 TL X R AR

Grassmann #%, B 7EF L2908 HER 205 TH, 240

(a) BT R™ 1Y k 4EPTH0E M (WG ). A mi vl B MM M 2] Gk, R™) 5

FCHTE [ AR G TR, B Gauss WIS, B2 1 Tt LA i 8 {5 6.
(b) FfeieHP#E Uk) f952550m BU (k) AT R HARIR L G(k, C").
FESCT.6.1 B SMUEO AL B 2L R A T 0 T A AT ek e LA AR

o WV FLIHIE k = 0,n.
o M k=10 G(LV) 2V haEk T2ABU

(V~{0})/F* =5 G(1,V)

F*.v— Fo

WMAFR SRR 2 ) P(V). JATHIE P(V) BA R LTS5 Bk
PAZER] VA PPt SRR P = P(F ). K (2o, .., @) € FPPIN{0} SR E LR
WCH (o iay) €PIBPA P = Ul Ui, Hp U i={(20 : -+t @) s 2y # 0}
B—h Us AU AR ] AME— R AE (w0 = - ¢ ] 0 o), T BUR

i Up = F k25, RO i # 4 46 Ui N Up LBIE

_ €
oo (2))y00) = () .
J#Y

€T

M F =R,C i}, SLWARR (Ui, i) BT P SUOMRIB B IRIE S5, X T
— i) F, ] DURAREBULAIIE S 3 P M F BRI REGE. B2 LA B
AN G, PEANTHE T I [52, §5.3].

o [MEERMIRA V — V' BAMBES Gk, V) — Gk, V'); RS, P(V) —
P(V").

o HE k HETASE W MRS FAEXHEZSE] VY = Homp(V, F) P4AE n— k 475
[ W= {0oeVY:olw =0}, KA H R

G(k,V)~G(n—k, V).
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R, G(n — 1, V) W LASE[R] T4 25 18] P(VY).
EX-TEIR 7.7.1 (Plicker #N) 4% V, kb, WTR4A T2
k
b Gk V) —P(\V)
k
W — F* -wl/\~--/\wk=/\W\{0}

HA wy,...,wy W HHEE—HE

WERA SR o RE: RPHERTAR U {5 V =U o W, it 7.6.8 WisxHEE b
EREEeabiEz

a b h
P ANve Aw) = AV
at+b=h
n@&— A&

B h =k, TRWELR 7.6.9 P wi A Awy 2EFIL (a,b) = (0, k) BIEZTT, 5K
B AW,y FXA = (W), BRI A NU AW S AV 2%

W={veV:vANA=0} (7.11)

LRI (W) B W O

SEHAA ¥ A RN R G(k, V) B PEST, FATBU AT RERS R » 118
PRl AU SMUECAT R AR BRAR. 0112 VY 2 Vs 32 () VY XV = F
M E RN

EN-TEIR7.7.2 HhaEE—HEWws VY = Endp(AV) # 2T %

1
L(O)(v) = (B,0), veV = /\v,
L®)(EAD) = L(0)(E) A+ (—1)¥EEE A u(@) (1),
HBEne NV 2ARE S FKRTT B Es b B ((0)(ATV) c AM(V).
EBE SR RIXRERY o« RIE—H, T
k

L(B)(vg A+ Awp) = Z(_l)ivo A AD V) A Aoy
i=0

H v, ..o, € V. R, BIIFRHISIL H EER o(0) € Homp(A"T V, A" V), 12
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RIS AV TERE S 7.6.1 Hugboi. A1 B4 A MR 0

N R o HBGE—4LE vi, . v, 2 01,00 9 VY I EE. H I
AV BT {0, A Avi, 1 1<y <o < <} RWEHIE 0 = 01 R,
PA b2 57 20 25 Hh

. Vig Ao ANy, 11 =1
UO1)(viy Ao Ay ) = (7.12)

0, i1 > 1.
PURZ M, o WSMCE HiF 2 5. BT 4T UOHMER 01,...,0, € VY 155
(01) - 1(0;) € Endp(AV), ZWLiXXF (01,...,0,) 2L BN, #F—LLERIEVE
BT

A(VY) = Endp(/\ V). (7.13)
P (7.13) W—Fpk e AR — Mtk 0 = 00— (7.12) BEE, Bz il
1(0)e(0) = 0; FERIEE L 7.6.1 (45 R E 2.
6] Plicker fiA. XHEZZ FXA € PN* V), FATHHIE w(W) £ FXA iy
— AT W
BII773 W 1<k<nMAecANVEE ZEXWCV AFH#f ((EA:E €
ALV AREFEE WEETRE WoCV BE

k k

A € im [/\Wo—>/\V

— Wy D W.

IERR XA Wo B U (i3 V =U @ Wo, M VY = UY @ Wy 15440
a b k
n: P (ANUe AWo) = AV
a+b=k

P A € im[A* Wo = A" V] IFBLLEE A X a > 0 14 E RE. BIEGE

}117...,un,ﬁ,}01,...,wﬁ.

U ik Wo [k

it A XEHAS @ > 0 FAEF &, EUiE IR RIT 5

’u,il/\"'/\Uia/\’LUiaJrl/\"'/\’U)i,C
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HIRBEAES, AL B =ty A~ Ay, (BOWHEELD) S A 459E, M (7.12) JIZERE u;,
MAEBRERL, W ¢ Wo. AP, 185 A e A*Wo, I5 48 i i 45 - 3054
A Wo th, W C Wo. BiEHEBIE—FHERHART dmW =k = dimA"W =
1. O

BI7.74 HEETAc NV EX Wk, 32X W :={weW:wAA=0}N
F* Acim(y) < W =W,

LR LR (W) = F* - A

WERR BN - A = ¢(Wo), W dimp Wo = K IiTHGIBE 7.7.3 251 Wo O W, iy
dimp W > k BH Wo = Wi HIEHIFIME (7.11) SLW W =W. RZBE W =W,
H T 2

dim W —k k dim W
AN weAw— AW
ABAL (B R 7.6.9) T A € AW < {0}, BeifE—f T RE2 dim W = k; T25|3
7.7.3 B FXA = (W). O
SUEW =W SHTF (E)A) AN =0 XA = e AU VY) B RITTE
53 Gk, V) = P(N"V) BE Or R4,
IR 7.7.5 (Pliicker #HR) Pliicker i\ 1 : G(k, V) > PN V) &% F F k=%
k k+1
fe: \V— AV
k—1
A— WEMN AL Ze A(VY)
W R A
FEU S AR SRR AS, HOE S PA" V) 1 T85; BUERNE f= IO
IF, WlE—22 05 im () 1€ XA E R —E R FF R 2. AARBU U E 5 U,
Y FF Gk, V) R AN B
PA k=2 BTSN B, IR 2 € FX, T HEIRZEIE (L(E)A)AA = 5u(E)(AAA);

PA (7.12) TH3E 4010 Pliccker X RN AANA =0, #F—HHK dimV = 4, BuE
Boer, o eq IR A =37, Nijei A ej, HEVTG Plicker X &3

A12A34 — A13A24 + A1gdez = 0.

NIV SR, X G(2,V) AR P(A®V) ~ P° difg —y B i, E 01220t
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B LA G R X 52

7.8 &5, &, Bzt

% R AZMIF, )i ® == Qr.

F E RBon A R n € Zso. IR 7.6.9 Bl AT(E) = N(E)
Be—Hl R HARSURNEEREYE 2 - re (IERX (r € R W), H
Endr(A™(E)) W PAZET R.

EX781 % F RZHMRKEE R-#. T ¢ € Endr(E), N\EFHSHHRESIEA
det(p) € Endp(A™(E)) = R.

—HEGE FE W 1, oz, I @(zy) = Y0 wiagy, RIEGHT 7.6.5 FI A B
PEWLST MR, AT

X Ho

(det )y A+ Axp) = (1) A Ap(ay) =

Z Aj110552 " Aj,nTjy N N Tj,
1§j1, . ,jngn
i
(& o(i) = 4;) = Z $gN(0) (1)1 Ag(nynT1 A=+ ATy, (7.14)
ceS,

EX R P A= (aij),; WSO R BICH

det A := Z sgn(0) Ay (1)1 " Ao (n)n; (7.15)

ceS,

P det @ SE[F] T det A, FRAT LML~ W L HA WX LA faf i
ST A AL, 38 AL RS R

782 UL W R4 E W&z, oz, A §6.3 B4 RH Endr(E) TR
FRAT My(R) fyuR. D Ae My(R) & X HEfFRERER 4

AY = (Aji)i<icn,  Aij = (=1)" M,
1252

<j<n
Ho My € R ZEN A FHEF i MATEE § MEFFREEMTHAR, XHAETR.
(i) %t ¢,¢ € Endg(M) B4 det(pp) = det(y) det(v)), 7 H det(idg) = 1.
(i) EHEHE A—"A T HEATFH .
(iil) #ERI4E % B AAY = det(A) - 1, = AVA.
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(iv) BERA ¢ € Endp(E) # 4 HX Y deto € R, WE AN B 4EE A 7 2
A1 = (det A)"TAV.

IEBA () WA A"() M (i) W2 (7.15) 5 sgn(o) = sgn(o™!) M EEER. &
SAET (i), TR EREIEI Y, AT (1) MESmEX (FA)Y =1(AY), UAHE
AVA = det(A) - 1, HI .

WA= (aij)i; MNT ¢ € My(R). £ \" E HEFF
detop(zy A+ Axy) = inaﬂ Alp(xa) A A p(zy)] .
i=1

HEE v A Ay =0, B [ -] BIFIGE = 0990 TERN Tk, 8 oK

pom- Jit 1% ERH

REBn i> R@n R@(nfl)

=F

AFTHIK, ARRD M. T2

n
detcp(xl/\/\xn) :Zaﬂxl/\(Mﬂxl/\fz/\xn)
i=1

Horpoz, RFEBBRZIL. 1L o FMEEE] Y, (-1 Maapz A Az XEEHEH
AVA Ry (1,1) Ti%ET det A. [RIBERIUE AV A WEN A ICHERE det A.

BEBEUER AVA 5 (i) T Y (=) Mysar; 1€ i # § BERHE. MEHES A
HIE  DNREIITEE, IR A 15 0, 5 ZUAETE, BD ar; = ar;, B4 EXBESET AVA
BIEE (i,1) TIED det A. SRMIXF. A 2 HIFEZS ¢ WBRIEE—1H n— 1 M ELERKN T
BUE'C B TRAMHE N'E = AE = NE L .00 BHITAE, #

»
det ¢ = 0.

ik (iv): #F o v, (1) 4238 det o € R*; %7 det € R, W (iii) HAAZG H

X AR A 2. O

XHE] R E, 4 EY := Hompg(E, R), WA REM R-FF
R+——FE'®F —— Endg(FE)

f(z) fe@ [v = fv)z].

(7.16)

BB A B, Hon=rkp(E) AR 518 6.3.5 LM EXTHFERIFERIIR
EY 2% n HWEE, mTE (7.16) 1 EY @ E = Endr(E). 505 b, —HEUE E %
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Tly---3Tn, #H%X
T;ra1x1+ -+ apxpn—a;, 1<1<n

W A{E, .. 2} S EY R (FRODAHEER), P = R R

Z” a;jk; @ x; QTG Y T
m m
EVQE Endg(E)

M, (R)
w
A= (ai;)i;j

FUT S Y, TTAERAEEXS ¢ € Endr(E) & CFIAX4:
o 7413 det(p) € R: MET5E X 7.8.1 i
o i Tr(p) € R ERARE ¢ 16 (7.16) FHAIFZ Endp(E) 5 EY @ F — R 35
W15 ML RE 2T Tr(A) = Y00 ai.
o HHF £ I char(p, X) := det(X -id — ) € R[X], PA X RHAETC; X BB o 5[]
T Endgpx)(E ®r R[X]) FHMKICE.
wERM BB R AR, BEAE detr(o|E), Trr(p|E), charg(e|E). XHEE
<P,¢ € EndR(E)a &'ﬁ]ﬁ
det(py)) = det(p) det(v), det(idg) =1, det(0) =0
det(rp) = 2B det(¢), re R,
Tr(re +s¢) =r-Tr(p) +s-Tr(y), rs€eR,
Tr(1) = rkr(E).

PATE E—A R-AUEL A, BRI A ZAREE » B9E H RAL
EX 783 xtinbih AfnacA EX REHFRE m, € Endg(A) HEF ¢ — az,
H & G Trajp(a), SEE Najr(a) AEFEZ IR chary p(a, X) 4
TrA|R(a) := Tr(my),
Ny|g(a) = det(my),
char 4|z (a, X) := char(mg, X) = g[e);c] (mx_q | A[X])

= Naxrix)(X —a). (. AX]~A®gr R[X])
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T @ mg BRBAS A — Endg(A), {75158 (808) BN A 5] R Tk 210
(SRUERE) BRI, AT AR AT A 2 S .

SI3E784 % A AX#H RRHEE ham AE H AN RESEEHE U E
WA RENMEEHE. BE E A LWX (e)ier 77 AZE R EWHE (a))jes, N
(ajei)jyerxs Tk E % R E##E; BT rkp(E) = rkp(A) rka(E).

IR f e € B HBEME T AU E Y, wes, Tfﬁﬂr ™ u; REME— R
R-BMEHA Yo rijag, WL (aje)i; TSN R E R 454> e #A ME—RIE
6127 TiG;€;. O

EIE785 & A hx#h R-RM, AWMEFRKEE RE T E A —MERKE W
AR ¥ RH ¢ € Enda(E) & 1E Endr(E) By TR, N

Trr(p) = Trajr(Tra(y)), det(p) = Najr(det(y)),

char(p, X) = N4jx)|r[x(chara (e, X)).

R HUE E A9 A-H er,..ie F AW RE a1, am. B8 ¢ B o(e) =
Soney Ciker FEFTHIE (cin)i<ik<n € Mn(A). IBA

wlaje;) = a;p(e;) g a;Cikek.

M ajci = me,, (a;) ATHE—4% R-JE ar,... a0 BIF; 2§ 25, HRFTCIERZ N
F| me,, € Endr(A) 1 m-FrirBE. WRkF: ¢ &t R-H {ajei}i,j PAHIRE RN, G55 n]
PAA R- E i mox m-2p A nom-B 07 B, 55 (i, k) D3 HRIERE me,, XI5 FE.
BESR A %¥, iX n® ASrHTREXT eIEPIF Ac . T ATu A SR b B vk
RE 512 7.8.8, 2T char(p, X) WAL GG TE. O

Wit 7.86 % A-R# B FAHERZFRMKE Y A-#, MLEE be B Bl

Trpr(b) = Trar(Trpja(b)), Npr(b) = Nar(Npa(b)),
charp|r(b, X) = Naix) rix](char g a (b, X)).

EBA fEER 7.8.5 thLA B AL BRI O
X787 % AN RAH, Mk REAE w1, wn, AR B R K

d(Il, R ,.’En) = dgt (TrA|R($i'rj>)1§i,j§n € R.

XFR RN (2,y) = Trar(ey) 0 A FEBR. AFEKE 2, y; h T =
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(tij)ij € {M € Mp(R): det(M) € R*} it y; = >ty BRR. H 0L
A1y .. yn) = det(T)%d(x1, ..., x,)

A da := d(z1,...,2,) mod R** € R/R*? {YALEL A %, HfE A AR,
BilHb, da #E R A BAG TEPRAR R, BRI RRAR. 30828 SR e DR A 1 0 i 2T
BB A WA AR,

IAEARAM G E B 7.8.5 HYTIER.

SII27.8.8 WA R LW nk-M 7 [E X A k x k-2 KT A

, Qi € Mk(R)
apnl ct A

HbEAN ay; FBET Mp(R) WENRBZTFRE A il X A M,(A) &k, FEH
LETH X4 H32 K Tra(X) fr deta(X), WTFHFME Mp(R) WLE; 72 R L4EHE
RE WL FATF XA Trr fr detg, N

Trr(X) = Trr(Tra(X)),
dgt(X) = dgt(dgt(X)).

IERA (Bourbaki [3, IL112]) i B &, AR FH 28 3L A R PR T30 6 14 Ab #1471
KXNEE. B n =1 WEELEWN, DLRE n > 2. 8 RIFEEREIT Z (NEE
XX WIAE), F X +2Z B AlZ] B nxon BB (vij)i. Bk A A4, aTHE M, (A[Z))
T X + Z WIPERERERE (X + 2)Y = (0))1<ij<n. XFERTHZI58] A[Z] LAOHRE
&

M1 0 -+ 0
Voo -+ Vo
P 1 -+ 0
U= Q=
0 1
Vn2 Vnn
Mm 0 -0 1
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T
detA[Z] (X + Z) V12 . Uln
0 V929 s Vop detA[Z] (X + Z) *
(X+2)U = = :
. . T 0 Q
0 Un2 -+ Vnn

M2 R[Z] B/ B R, 02 B FE ek it Wb XU, A8 iz S L e
B4 i

det (X + Z) - det (U) = det (det (X + Z)) - det (Q),

R[Z] R[Z] R[Z]) \ A[Z] R[Z]
det (U) = det (i
4 (U) = det(m)

BB B detpiz)(Q) = detrz) (detaz(Q)), T A[Z) b f il R B 1 52 L3R W
deta[2)(Q) = p11. WIRETELA 5B — 255X NITH 25 det gz (P11), W

det (X + Z) = det <det (X + Z)) )
R[Z] R[Z] \A[Z]

A Z =0 BIFFTK detr(X) = detr(deta(X)). SR vi; BI5E X, detriz(i11) =
detr(z(Q) 2 Z 1 (n— 1)k WHE—ZWK, $ahEn AH . BB, O

>R

L% M ORI R EIHE, E X R D(M) = R® M JFIRTRE (r,m)(r,m') =
(rr',rm’ 4+ r'm). W] D(M) Bl R-AREL

2. g C-HREmFEH C ® CSCacC.

3. BiIE (5.13) & XY op ¥ Q(VD) A AL,
4. % R AZIEIR, & K = Frac(R) NHAAI. TT& « € K BN, WRAEIEST
u € R FEXMTE n>1#0EH ua™ € R; B9k R IR B rR¥. JIEEA
o K TR TOH K — AT EF;
o A xeKTE R I, W x ZFREEM;
o 4 R J& Noether }H} (5 X 6.10.1), FaE& ol 2T, Wi Rlz] 2 v 'R
AL
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\Y
[

5. AL M REOT AR IESS A QR XY THEE X 7.1.6 A ERRas G, B ERAFAE

2t BUEI F 5 B RRYE F-HRE A, @ UE5ET
('Taya Z) = (xy)z - I(yz)v T,Y,% € A.

A (zmy) =0 = (z,y,y) HHL, WK A ZRXEKH. & m € Endr(A) WL n(zy) =
m(y)m(z), m(1a) = 14 Fl 72 = ida, WFRZ HITE.

(i) WERAES & FRAE TR RN, 4 A SRR, HER (2, 2) = —(y, 2, 2) Al
('T7 Y, Z) = —(IE7 2y y)

(i) MGz —zHE @) =z+z € F-lafln(z):=Zz=zz € F-1a, IfTE 2z € A
R R TR 2° — t(z)x + n(x)la = 0.

(iii) B A ZHIEH X AW E, W (29)7 = n(y)e, 2(zy) = n(@)y A& n(zy) =
n(z)n(y). X E—4, £ n(zy) W58 (2y)7)2 — (zy, §,2) = n(z)n(y) —
(Z,zy, §), FEASENIE (2, 2y, 9) = 0.

(iv) I8 AN F-REL n: A — F 2R n(zy) = n(z)n(y) Z KBS, XEHE n #2
n(tz) = t°n(z) (t € F) ifi B(z,y) := n(z +y) — n(z) — n(y) IR, ERA

B(zy,zy') = n(z)B(y,y") = Blyz,y'z),
B(zy',2'y) + B(zy,z'y') = B(z,2")B(y,y');

1E b — /MBI R R, IEB B(zy, 2) = B(y,%2) = B(, 27). i t(z) =
B(1,z) i £ =t(z)1la — =, X} y IRER.

- AEAIEVFIESS AR B A NI P BRI IRYEREL, R ENE 1 A - AT
z+m(x) € F-1a, zm(zx)=mn(x)r € F-1a
B t(z), n(z) WL, I Bn(z,y) = n(z +y) — n(z) —n(y) Bk
Bn(z,—)=0 <= =0 <= Bn(—,z)=0, z€ A4
£ X Cayley-Dickson %] CD(A,\) := A@vA, H v U475, A € F*, IEEN
(a+vb)- (a' +vb') =aa' + Xb'w(b) + v (7(a)b’ + a'b) .
5E X N(a+vb) = n(a) — An(b), I(a + vb) = (a) — vb.
(1) UEM] CD(A,N) 2 F-fRAL, BPA 1:=1a +v-0 HXLIC, B85 A MR TREL
(i) HEE] T J& CD(A, \) X6, I BXHEA © € CD(A,\) B h

T(z):=x+1I(z) € F-1, N(z)=coll(z)=1(z)z € F-1;
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(iti) FA1H

CD(A, \) 324t —= A 454y,
CD(A,\) &5 — A 45758k,
CD(A,\) X < A=F.

T4 =, M N((a+ vb)(c+ vd)) = N(a+ vb)N(c+ vd) (Ll
58 Fl N(v) = =X #EH B (ac, dn(b)) = Bn(n(a)d, cb) = By (ch, w(a)d), #fif35]
(ac)b = a(ch). MTHE A =, WEH v(ba) = (va)b.

(iv) AMA=F=R % B A= -1 0AELH3 C, H M4 8 R4 &< #H %L O, i
HAA € O {0} #A LT,

& O IFRR N\ TeE. ek, VRS TR sE [1).
7. XA R RHPAE T, T, W] R/ T ® R/J~R/(I+J).
8. XMEEIE k 27 H R

K[XE XIS ~Ker,. .., en 1] @ Kk[et]
k

i er,... en J2E X 5.8.3 FHYIERFREZ I,
9. 5% R NAHIA. EF M ~R/Li ®-- - ® R/L,, f L C --- C I, H¥AE,

ann </\M> =1, a=1,...,n.

PARLTRTALEBE 6.7.8 rRME—PERGIERA, FFF 2 4 BIMEAT 24 3A.

10. T4 F EMA R4 mam vV, € X FIV] 8V EZTA%: B, Boe s
V.00 €V, FV] BUARHEEE 61,..., 0, € VY R TR 2 A K B A TG
FV] =Sym(VY). {T— P € F[V] AfE &S v e V ERIE, itk P, € F. DUR |F|
55, A BAMWRYE F-1%k.

(i) GIAZTE XA HEX P = {P(\) € FIA][A] : P 1§—, Va € A, Pa(a) = 0}; IEWIFFAE
WE—[) Pa(\) € P i degy Pa(\) i/ WE P S, HIE Pa()) =
det(A-ida — L), o Lo 0 A — A BZERAEM, 759 a R A “—R” 50E; Pa(N)
R EEAE FIA] .

(i) IEHIFT Q(N) € FA][A] W2 Va Qa(a) =0, M Pa(X) B Q(N). BUEZH, Pa()\) FR
KA Wz ST,

(ili) (R 3K E D F, 158 E-R%L B := Ag. iEW] Pa(\) = Pe(X). HILE Pa(\) HIE
NIEHE] F A RIWEE.

(iv) %t A= M, (F) J& A=H (I F =R) #fiiE Pa(\).

PAEiE T A RIS G LR BiRRE o € A BAER AL X T2

FRETE .
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M
&

11 % M RS#IF R EIBUTEL WA n > 0, 81 "M, Sym™ M Rl A" M #3242
Ui AR A 6.9.8.

12. WE Cartan 31BQINK: 8V WK F A9 RYER RN, v, vm € V&I X,
IEWIE i, wm € VEET X0, vi Awy = 0, WAELE— I (ai; € F) <y <, W15
wi = Z;n:1 aijvj, MH ai; = aji.

13. G b B E e NYVOIEIIELE &, b € ATV BER € = 0 0 A G IREAPER
Ul/\/\vm/\§:0

14. JEHIE X2 7.7.2 WEDHEFXHEE m > 0 FRHEIGERE A™(VY) S (A" V).






SRV C 1

A% I R EE R, (HAE I Galois #f. S HRITIE AR Wim A, 505
VORI YK, FA T EH AR K, X AR AR T 2 AR AR
B B e 2R G UM AR B A AT, AR SRR 2 AL HE. T RRAT
B PR — AR PR 9K PR N T, s AR A
LR, AT AL B B, A PR RN

IR T
A PACKY K Ay AR TR AT AEREAR A AE 3, X LB T AR AR
e KT 2T S HARMMERT, Frodsie AR . W n] AR §§8.7-8.9. A
BRABR Y 52 BE R B o B — 3

8.1 i smynshsen

Sl A A R R I TR AN St AR T el T AR LA AR,
EEE E Rl F ZEMIIERFAS F — E #ZRN; 52, Biem 3 /A 75258 A
F — BE. [A—Mr AT AN R AL

o HEA ut F — E MY T B DA F-REAIE5HE;

o W F 2EFT u(F) C E, WAl FOhid B 5135

o JR.E, RAIFR E & F S, AT BIF, 2 SCRRiclE B/ F.
MBS B Eid ek AN F-riasE]. ABAZORY R E[F P F o2 BT
B Fo— B RS, AT BRI T, BAE TR AR 5 A SO e ik
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2417,
87 8.1.1 X THd 5k E|F, E'|F, & XHIEIN F-iA ¢« E — E' iR EAS 8
7NN
E—% g
AN . e

&R A E — B g f Homp (B, E); Tk F-REGEIE TR Hom-%. i
ST, WIS X F B9 A [ A A R AR

XYk E|IF Wk, % E W F-FREA SR, WHRh EIF MFT % WRAMER,
u: F— EWTYKE E ML B DulF) TG Wi FC E R, EIF T
LA F i

Sl FOAf g CHARAE char(F) (8 X 5.2.1): char(F) £ ker[Z — F). Ja4%
fﬁjz%isja%%ﬁ p. FHVHE, 8 F /N TEEE 2 Q (FMERMNIE), 83 =
Fy, := Z/pZ (FRAER R p M), FrIE F ERFIE. A0 F ) TEEe F 3T
iﬁilﬁ’]?%ﬁ% IHER u: F— E WA char(E) = char(F), I H. v FREIER 0 2 0E
SFELT

ENX 812 4 E|F ¥y %,
o ®X E|F 1k # A EH [F: F| :=dimp E;
ot [E: F] RN EIF BRI ;

o HEFNMr e E A F EHERYT (RX 7.2.5), FHFAE P e FIX]\ {0} &
P(z) =0, W EIF ZREHHK.

o X FTreE, FX Flo] & x A&k F-FR%E (N §7.2 FLkohit), 20
Flz,y,...] 852 X%k,

o AL, EX F@)|F % = & F LARNTIK, 8 Flz) itk Hh 5 HHR,
¥ PQeFIX] H Q@) #0, $THH Flay,...) #EXEM;

o AL, E—Hk EFRTE {zitict %R F(x;:i€1)=FE, WH {z;}icr & E|F &
G, BAARERENT KR ABRERY T, B ENTEE KA AER
k.

ARY ik BIF DARER: & x1,. . 2 02 EAER P-la 8= w5, A8 A4 584
E=F(z1,...,75). WAN[E:Fl=1 + FSF-1=E, &% H#ESG/E E=F.

1 8.1.3 FEPRA— IS AT, FATERBEHAIET 19 A2 IS,
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o MUt E U2 C iR ZIETE P(a) = 0 ICE, H P e Qft] 4% (¢
FAL0). BOeHwrsEn Q IR aq, .. an BFAFEIAGS IR, FROBEL
o, AL TR Qlon, ..., 0m)[Q, PARGK IR [A] i A Sk EL, A I
SEPEIE. AT bR L kAR A AR, I H AU C
T Q. WRETCHRAE F ~ F(o, B,..) ISR T

o W X NE—HERPLIRERIE, ENMERISRER 481, XARE Riemann H
1.k X LR AisR A X iR EuR C(X). AIHIEM S Riemann {1 &)
W it f 2 X — Y d WA s B AL 1 i A f* - C(Y) — C(X).
Yk C(X)|CY) MRBIE = f FEIUESC NI, 4 Y BUNRT
Hk P, C(Y) %R T HAE oA B EUR C(1), ERARY I C(X) WA
AEeREos. B 2B — S A E BT 5 SRS (AR C-HR AN S S
T Riemann i JfiZ [7] fr E-F JLAY 2B dttnl A2 A & C(X) B JLAT

BRI R I B9 e, 306 T Dedekind 1l Weber HVRZIAL (5]

EX8.1.4 & QIF I K, (BilFlicr ARF—RTT K, EXHEE Vi, B A Q
PRAE A B B/, HUR AR L R

P(inl,...,xin)
Q(xil,...,xin)

B E1Ey %%.

o QUF a5k C BT, IBAE G4 IR R FER A, T
FW 3K N,er Bs gt
% L|E, E|F Rigyik, ANENR F — E — L fHsy5k LIF. XFhEHaH

EY k. DAT 2D 7.8.4 FIEIE 7.8.6 RN .
hRE 8.1.5 (REHIEMR) X T L, E, F ok,

o By K KLWHR [L: Fl=[L:E|E: FJ;

o & (xi)ier 71 (yj)jes AR LA E L E £ F EH—HE N (v3y;) 6. 5)erxs

RLEF F—4%.

5 Q(mil,...,xin);éO (81)

DR B I CS5 . 26012, 24 [L 2 F] 3BT AIh RS By L st P
PUAERL AT K 2 —, BB SRS, TOMERE — DR A

L XFFY 3 EIF i H00 « € B i UTE FERBUNSTRR P, € FIX] (2
¥ 7.2.5); AHERE Q € FIX] %A Q) =0 < P, | Q.
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2. A& b, 51 7.2.7 WiE P BT, W H F(x) = Fla]; 118 F-RE0 R

FIX]/(Py) — F(2)

[+ (Pr) — f(z) = eva(f),
X+ (Py)—x

PR Al /N 22 T 2T 3 N AE R 2 1 73 () BEER, R RTIL [F(2) « F] =
deg P,.

3. % EIF WATE 75K E'|F, bk v € EAE B B4R, T H o 7E £
N2 IR RR P, UG (B (2) : B'] < [F(2) : F).

FATRHAE §8.3 g tH A B 5K — BT ¥4

f 8.1.6 (ZRIFH) % char(F) # 2, ML [E : F] = 2 o3 kIt E = F(Va),
ot a € FX N F% WIMBHIEDL Va € E % o fE—FIri. sk, (B Fl =2 %
WizeENF = E=F(z)~F[X]/(P). ¥¥/NETR P, = X2 +tX + s i H
(X +£)2 4 (s — &), Wt BE Py = X2 — a, SSHAH T « = va.

532 81.7 FHY K E|F HE E=Fy,...,ym), ¥ EN v MR F L RET,
W EIF AART K, b E=Flyi,...,yml.

WA B F(yn, e um) = Fyn, - Ym1)(Ym), 1 < m < n, il 8.1.5 JE[H]_FiAW
A1

Il
=

[F(ylavyn)F] [F(yla"'aym):F(yl,"'aym—l)}

= H [F(yh?ym*l)(ym) : F(yh"wymfl)]
< TT1F @) : Fl < .

3
E‘

Wi E|F 2 ARG X m @I m

E=F(y,...;ym-1)WUm) = Fy1, -, Ym—1)[Ym]
= Fly1, s Ym—1l[ym] = Fly1, ..., yml,

B T AL O
512 8.1.8 A RY KL RA RA M B RET K.
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UERA ERE 7.2.2 WERABRY K BIF o OB, T BRI M A R A B AR I
ST IR HE 8.1.7 By E LS. O

TG EEHHHY KA M e AR ERE ROk, AT E R, 51k (28, V. §1] 1Y
AU

£9% 8.1.9 % & NHA IRy SR BN, F A MR FR € s AY:
D.1 XHMEZEY ks LIE, E|F, %% (E|F € )N (L|E€ &) «— L|F € &;
D.2 & L|IF, M|F 2% &R QF 795, W LIF € £ = LM|M € &;

D.3 i LIF, MF [l I, (LIF € &) A (M|F € £) = LM|F € £. {ERSIX IR
P A HHES, B € 1EA IR & R EHA.

L VAT A3 A Sk B = Aol

LM

s
F

/ LM
N SN
AR

o —

#ifF D3 SR QIF REE—RET & Ty IKHEAGIRET & AFsEa, W
& SEEEHE.

BUEE— MR 8 5K2E €, FATTMES E P 5K QI F BEOT

U &

L|F: Q|F p1935
LIFeE

Bk FIF € & fifFAE=s, miT & WA AEM, IFE Up pee L XTE, LS
FEZICHIBUS B R, A2 Q B S BB MR T A 7K LIF € £ A,

BOFRZAERT DASE— P08 457 QIF, BHHAP—R T 5K € X € MpE L 1.2.3
TS A, WIHHA R TP, 24— T3 SR R SR, BXF C A3
RSN T TA e A N T =g

W8.1.10 Elky ik BE|F, & & = {BIF WERERTY K. 4 € Pz Em
Flai,...,am) BFY5K, K m € Z1 1 a1,...,am € E. ;1T

F(al,...,am)F(bl,...,bn):F(al,...7am,b1,...,bn),



308 EJAN

T € WAL BT, (L BARRRI IO M. X € Ty kBRI 4 R
A BIF, AR XIS o € B B4 o € Fla).

SIEE 8.1.11 HRy K2 .

IEBA XPF D.1 F RGPSk E|F fl LIE, 6y 8.1.5 %X [L: F] = [L: E|[E : F]
A LIF ARRYEAY LIE Ml E|F B4R 4%E D.2: |t QF fig+9 5k
LIF, M|F 1% LIF G/, "RE L = F(zy,...,z,), B4 o B RE0C. T2
LM = M(x1,...,2,)|M. A z; 76 M 2 %0T, MBIH 8.1.7 5748 LM|M A
B T2A BRI 2 RR R 1. O

Bl 8.1.12 REY KEARTY Kot REY KEB LW T ESZ A2,

B ARk EIF ZTE F(o)|F I, b o Bul E TR, B A RT
kIt

SUEAE KRR M. BRIy 5Kk LIE f1 E|F R D1 @58 LIF A%
4 LIE Ml E|F B8 S LIE M E|\F &8P 3K, Xt v € L 4 P, € E[X]
REMNZ I, P R RABRAE R 735K Eol F, W52 8.1.8 #ifR [Eo : F] A
FR; X [Fo(z) : Eo] < deg P, WJ41 [F(z) : F] < [Eo(x) : F| = [Eo(2) : Eo][Eo : F] IR
AR, FrA = £E F % oT.

BUEH QIF MHEPARE T K LIF, MIF WM& LM|F 2 Q8 (HEi
D.3). fL& v € LM 34 (8.1) Mgt REWAHRZ A LAl M Biocx, T L
A M B9 FRAE BB 5k s AT R 3K (5138 8.1.8), PINA BRI KA E AU IR (5]
P8.1.11), it o HE F @B PRl DAE B B — 8 795k B F MR
A, XRERIER z e V, B BETEAREZA B WE AR

AR LIF 283K, WK LM|M 2 M(x)|M W& (¢ € L), TH
M(x) : M) < [F(2) : F] < oo, WP LMIM 2UECH . Sifi T D.2. O

TRl 8.1.13 WHEZREY K E|F %4
o |E|=|F|, & |F| &%
o |E| <N, & |F| HIR.

KB Ry R E—NEFEHK

SEB 4 Le(F), 75 FIX] 0 ORI B — 2B T4, Ie(F) = | Ie(F)...
n>1

XS m: B Ie(F), EW @ € B FHBUNEIA Py € FIX]. STAMIREAE
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LA, IR IZ 5 (PRI §1.4) 5t

Bl = |m ™ (Ire(F)n)| <> nflee(F)y|

n>1 n>1

<> n|F|"h

n>1

A |F| JCG5m, ML 1.4.9 R n|F|"~1 = |[F|, \TT |B] < |Zs1] - [F| = Ro|F| = |F|.
Y |F| GRS, FFERAES 1.4.9 A1 |E| < |Zs1] - |Z>1] = Ro. O

8.2 w«mima

RIS ) H B2 B 2 THIAR. XTI 5K BIF RifE— 80T = € B, 3
Ml 25 ST AR RN 2T P € FIX], B2 Po(r) = 0 19— AT 21200
A Sad R, NAERE F AHEREZ 0 P e FIX] %, JATRGWEY B B|F
5 P 1 B HAR? BRRBEE P AWAREE. WiEp e g m F

X—x

W 513 7.2.7 I FIX]/(P) — F(x) = Fla] H3AHEH— KW

@5l 8.2.1 (L. Kronecker) % P € FIX] AR 4 £ MR, & X F-R# E = F[X]/(P).
W E\F ZEY K, [F:Fl=degP HfE% 2:= X+ (P) e E #E P(x) =0.

P FIX) RESEER PR, (P) RECKHIS. B B SIues. B
By P-RES A4 (o 00 < i < degP). B P b BIX] 7%, 16 B i
SSE P(x) = P(X + (P) = P(X) + (P) = 0. BIFFAKIE. 0

f5l 8.2.2 (A. L. Cauchy, 1847) & ¥iisk C a4 AT 77 SN 1l S8 R 2 i X i &40y
K. TWETIR X2+ 1 € RIX] I, BORTILY). Hari 8.2.1 #E R i P15
RIX]/(X? +1); gk X + (X2 +1) Jy 4, W R[X]/(X? + 1) = RoRi £ R-AA0H
g sE e R AN 2+ 1 =0 #iE, XIEEEHRmZm. FHit RIX]/(X2+1)~C.

i 8.2.3 % E|F, LIF #8¥ %.
(i) # ¢:E—L K F-HN,ucE X F ERETT, N ou) 42 F ERETIHES
u A R RN 2 T
(i) #RE T ue EMve L BARMHGRADZTK P, WFAR—M F-HRA
t:F(u) = LA#EH v(u) =v; KL im() = F(v).

WA SRS WP € FIX] h u B2 I, B ¢ 2 F-RE0 R S
P(p(u)) = ¢(P(u)) = ¢(0) = 0, Nifii ¢(u) RIUHOG; LT P EANY, BuRE
o(u) BN

S IEH Wy BT w R F(u), BTR PR o F(u) — L 5g4il uw 18 v
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B, MH. o(F(u) = F(v). {UEY]  FEAE. i8R SC 3k

L

T

F(u) «—— F[X]/(P) — F(v) —— L
W
kZJLJ — X + (P) e — 2))

A gl 8.2.1, FATH DAY F HIl P € FX] BAMEFRY K F = Fy — Fy —
co = Fpo = E, BIKIBA P € Fi[X] B—MR, 1% P )56 E hofs—REF1
. MR IER, — 5 AR I INE A RE T/ KNP K FIF fif344 P e FIX] ¥
F o a— o F AR, X S T A B A A 85 B A A

X824 wAME LHENMNHHELAR P e BIX] AR, FHA—KEF, N
B AREHAE.

S AR PRI B TR B 80, C, s AUACRA 2 BRI N 7.

Sl 8.25 H E ZRKWHMY AN Y v RAEFILEREY &, K LIE AREKY
% < L=EFE.

IEBR % B ARBA LIE R8P K, W& 2 € L, B E Lt EmRK P, b
H—IKHAF; T Py AA2y, M deg P, =11 x € E.

2B % FE AR5, P e E(X] £ B _LTOR; WM P ARTTZY, a3/l 8.2.1 %
S E 1y L= E[X]/(P) {5 [L: E] = deg P > 1. JEtE. 0

5Ii£8.26 & E|F ZRH#YT K, N E ERFMBN TEFHRENEFHEARX
PeFX] & E %% oMk —RKET.

UERR bR AR A O B AN, IHIE S . HETH B 8.2.5, (UM
By sk LIE WEM L = E. fydl 8.1.12 #if LIF d2 U8y K, MLE « € L, bz
WK Py € FIX] #BSHE E(X] N Po =12 (X —ai), I Pr(z) = 0 BiPRAT7
11 <i<nfliffz=a €E WPHILE O

A5 B0 4 PR T ABCHE ;NIRRT P e FIX) 15 B A ROy
LA 9.2.9 I Galois FRBIEY .

EX 827 By k FIF £#E () F 4 REMHB, (i) PIF A RIS &, WA F
R AR,

G 8.1.12 BIZIS A — 4B & EIF B8k, 1 BIE 2 B rf8i, 1
2 B|F 12 F IR,

EIE 8.2.8 (E. Steinitz) (£ %3 F, R# MG FIF 4, #0E F-RAHELT
" —.
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VERA (E. Artin) SERIIE—{E. & TP, T |F 180 @, & X P ik (£.0)
FEUE S, Hoh B|F & FIF W 74990 o € Homp (B, F). @4k (FF—F) eP ik
P Az T P AT

(E,L) < (El,Ll) < (E C El) A (L1|E = L).

B (P, <) A {(Li, o) }ier A LR (Lye): TP Lo=U, L M o: L —
F 1% o, = v B2, Zorn B3 (FFL 1.3.6) BHE (P, <) AWK (B, ).

KW= E=F. BERR B uecF~E, B E FER/NETIR P, € B[X)].
B o ¥ F WK E WP, A2 P, AE F R —iR o, i 8.2.3 4 HiE—11
E-ifA E(u) = F W u 2l v; %5 ¢ MRHT .

HAFAE o(F) = F 4 F-i ¢ F S F. g F ARBEATHHEREGE o(F)
I8k, LT F|F HRED ka5 Flo(F) IRg 8k, TRT513 8.2.5 Wix
O(F) =F . Wr—PEiFsE.

ATHAEAEVER A AT RINEIE. Ho—BARFIR, (3 F] §7.3 A1 PRS0k
B, SENRATAZHR P e FIX], #H2 BiiHe ol farill 8.2.1 B4 R
P8k Ep|F, (13 P 78 Ep FAMBB WA T8, Ak E—A 4k Ep 45

R, SRR, SRR Ac e F-R807 Jums USRIt T — R &R H Rk
F-REUKTCIT B (8 -2 B 7.3.8)
A= ® Ep.
PeF[X]
RUTL5E—

TN F-AZS Ep — A, AR P08 A; i 7.3.6 £RIE A JEE. BT
VAP AT 5.3.6 Wi A AHCHAE 1, MGHREF = A/T gk, i BAT AR —ik
F-ir A Ep — F B4R, Wi FIF AEEA P o — R E R8sk, 6
1 8.2.6 SLEDZLR FAREA.

B TRMSIE R B AERE 1.3.6 T3k F A— MR B 3k, B KRES Q
45 Q] > max{|F|,Ro}, Wi H F C Q; A0 H 2 FTA AR ki Ak <5558
£ OMTE EXES Q HEERREY K EIF, &G T () ENEARA FCECQ,
(ii) Wy K E|F hESHS F — E g 50 Q Wi &R, FIF € Q. BEKT Q
¥

E|F <E\|F < ECE, (7).

B EMERN (Q, <) PRAHFERA LI, BUFERKIC FIF. BAME F R
Bk LIF HEg2 L=F, 2WM513 8.25 S F 5. B4 2 % LIF R Q
oK.

il 8.1.13 Wim AHMERARED 5K EIF B4 |E| < max{|F|,No} < [, X458 ]
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T E =L, F. #AIHFE— S EE it

o MR Q WIEH, |QNF| #1 [F| B4, Hhwf—H 155 FL b |QNF| > [F|,
L 1.4.9 ¥ FE Q] = max{|Q < F|,|F|} = [F| < |Q].

o T2 Q| = max{|Q \ F|,|F|} = |~ F|, g

IL~F| < |L| < max{|F|,Ro} < |Q| = |2~ F.

o MUFHESRARI IS [ L — Q515 flF = idp; FEAH £ 3] (L) £ A
F C Q WyRasH, sl f(D)|IF A Q #— B

1E (Q, <) Wi f(L)|F > FIF. BCRWRZM f(L) = F, #t L=F. BFAE. O

WiL 8.2.9 & FIF A R¥EHA, EIF AREY K, WHEAE F-#N o € Homp(E, F). %4
E|F A B8 |Homp(E,F)| < [E: F].

BRI E REE B B O H T dE TR BIF W AR, e

B F-lAf ¢ E S F. M= ¢lp BHEHS—DHE. SRk E= F(z,...,2,)
N F A RY K, % SRR

res, resn—1

Homp(F(21,...,7,), F) — Homp(F(21,...,2,_1), F) ——

resy

oo — Homp(F, F) = {*}.

SFAEE ¢ € Homp(F(21,...,2i-1), F), fivi 8.2.3 HRARIEIGE res; ! (¢) HIR/INA
i FE F(xr, ..., xi) BB/ I0REL, I

[Homp (F(z1,...,2,), F)| < H[F(ajl,...,xi) CF(x1,...,21)] = [E: F],

R AR O
WEEB210 £ 0 ZRKMNM, QF A%, 4 F = {veQ:f F %), 0l FIF
2 F HREAL

WA A @ € FAERARY K F2) = Fla], TAKY 5K EGE M, Fik F =
Vier F2) #1552 F REBE 5K B E—ATAZTK P e FIX] 78 Q o
—RAT [[,(X — ), ELH a € F, TR 8.2.6 i F 2R O

M C RARE PR %, ARBPH RIS — B 752 CIR. HYG2H C gtk Q AR
BB T Q, X2 R v 8.2.10 Wi Q 2 Q MBI E. XTI, e
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8.2.8 (UG L AR FIF I AERIME— VM ERAO AT — A RN R PR 2
B, PR A P

8.3 Sz MEM K

KNELF/EUEMAEFEL P € FIX] HAERNARY K EIF Lo —k K
T AT BRI I T A AN AL

EX 831 P A FX| w—kE¥HEAR. LB K E|F HET
oGNP P BEE EABE—KET, FH P =cp[[[Z(X —ap;), ¥
ap; € E,cp e FX,
o MR {ap; :PeP, 1<j<np} E F LARKE.
WA E|F %% RA0K P o5y 3.

PR R BT T RAME R, IRERII Y2 P = FIX] N F 1IEE, e
8.2.6 FM />R F AR A, FPAErE b . A AE X 2 B0y R i i o
i, AT H IR RANZI P e FIX] /973248

Rl 8.3.2 MHE—RIEFKLAR P, » %M E|F RRFE, & F-RIMBELT®
— HEEn>1REFARP HHREEF EHRHE <nl

R OCIEMI R, A FIF. B4 P e P HEF LMl P =
ep 105 (X — apy). BUNBTARARE 79K B = F(ap,; : PP, 1< j <np) HIFF
k. #EAE FIF (79 h Tk P20, 5% SR 2.

PUEME—VE. % E|F, E'\F 3 P 4248, 4 95U E0Aw FIE M F|E, T
AWtk E CF, E' CF . g CAT FIF fl F |F A2 A0, I3 8.2.8 44t
Pty u: FSF. W EIF P hiifs Z0aAe F A rmE i, FFEER BT u
B w(B) C F, T2 u(B)|F %R/T E'|F, ikl F-A#TEIER uls.

FFWHL, ik deg P =n > 1, TR P 422 E BIIRIEH a1, ..., an. 2
n=1WERKE=F Y4n>18id F} := Flan), BT [F} : F]<degP =n1ii F
B PJ(X —on) FE Fy A58, AT A 815 AL (B 2 F) = [E : F)[F) :
F1<(n—1)ln=nl O

5|32 8.3.3 M EERKY K LIF, £ F-#h\v: L — L#RFAMY. #% 2 Endp(L) =
Autp(L).

WERR UL o RS, ST y € L, HANZTIE Py %6 L P IARIEH y1s - - Ym,
HEX LIF 795K Lo == F(y1,. .. Ym). BT F-fiR A ¢ BERIRE {v1,... . um} b
B, WL, : Lo — Lo. 513 8.1.8 WiF LolF AW, HT4EEC% &M o, I
Fa; Frollih, v € im(e). O
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EX-EE 8.34 X TRHEY %K E|F, WTHEREN:

N1 FE-FAHEHKAPeFIX] £%& E AR WEE EX] ¥4BA—RETZ

R

N2 BERHMG FIE W E K F HTH NEE « € Homp(E,F) ik R
F)=FE.

N3 FaE—REE RS AR P EF EF £ P Hans.
R A — 4 R T ) TET K.

B (N.1) = (N.2): 445 « € Homp(E, F), itz € E It/ NE RN P, € F[X],
W o(x) 55 P BIMR. R P 72 E[X] RN RIAT (X —a1) - (X —an),
Wil i, o(z) = o; € E. fiF o ALHL, LI () C B 5B 8.3.3 WAF o(E) = E.

(N.2) = (N.1): % P ARz c B, &y e F 2y PWEER. il 823 4l
FARA 1o @ F(x) — F #1153 wo(z) = y. T w W FIF(2) BEREAE, Hie
8.2.9 4y DA A2 [ 3%

@A\ A T2 € Homp(E, F).

HIt y = wo(x) = u(x) € B, ]I P {FTEIRETE E L.

(N.1) = (N.3): WU P WAL E AR 420, 4 PEE00 4 240
C E. iTHA © € E RN P, (9, ABR 14 2480F 2 E.

(N.3) = (N.2): %44 « € Homp(E, F) 1 P € P, g\ ¢ 55 Rp = {x €
F:P(x) =0} FHES. 28K E i Upep Rp 76 F FAER, 1 o(E) = E. 0

M55 | 2E AR AT

EX 835 fk QF WA NFI K E|F, E'\F A4ty wREE 0 € Autp(Q) 45
o(B)=F; Wkt v,ye QFE oecAutp(Q) 7 o(x)=y, WKz § y 4.
TEMILERAREFM KR KBz QAF =CR WfEE: T C=RORi ~
R[X]/(X? + 1), 1 X? + 1 (AN +i, A o € Autg(C) B (i) = +i HE—#iE,
FVA o Wby ide B IEHE © + yi = o — yi.

@Rl 8.3.6 X LIF HEMY K, E|F AEFH K, WESM o € Homp(E, L) ##EH I
7@%/]\ rE AutF(L).

WERA ARHE S| 8.3.3, UM « K 7 L — L B B L MAREAM F, 50
E-= L F &R, 24 0 E— F W2 E RREAE; 34, BRI F W
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REGHL, 5 F B2 2a8m. SREME B> F AOgpst B L Mk
8.2.9, AHHIRA 7 L — F {13 il = . ZHEVLW 2(L) C L {F 7] 58 AEW].

BESR F ilst o B F I RREAA, A LIF fIEREER N2 Sraf S o(L) C L,
WA 0

Hy G [ IERY 5KE L N.2 15 e

WL 8.3.7 X T EMY K LIF, £FH K E|F EMM A ELHE:

> N.2 &4 o€ Autp(L) #F o(F) C E.

fE4 B, %% RKH Koy W B LIE|K|F &, LIF & E|F % E#, % 4 Homp(K,L) =
Homp (K, E).

IEBA HUE REAE FIL. %5 E|F IEML, WEA Autp(L) € Homp(L, F), % N.2 2
4 o(E)C E. RZ ¥ Vo o(E) C E, £y 8.3.6 H{fAT{1 « € Homp(E,F) HEEEH
Bl F — F, JF&FE L FRREHCH o; &0 N.2 #iff 0 € Endp(L) = Autp(L), i
UE) =0o(E) C E. XL —#k5.

FF 8 ER4, B Homp (K, E) C Homp(K,L). ¥ « € Homp(K, L), iyl
8.3.6 #EH « i o € Autp(L), HHE—HHFH (K) C o(E) C E. JFEE. O

1E N2 B L = F, SCUWIERY SKIEAER FIF Ao S ¢ R B 157K,
Wi 8.3.8 R#MME FIF #HWATE v, y HIL ERS CIIHAMFA NGRS TR

WA WA P-E R R ICRIRNZ IR E. RZ B vy AR A2 50
P e FIX] WKL il 8.2.3 4t F4RA v : F(z) —» F #i1% 1(z) = y. A 8.3.6

LIEIN o € Autp(F), HIfRIEERR o(z) = y. O
BIRIEAY 5K 79 KR IR, X T HE A R R B AT
ol 8.3.9 EHY KR TR
(i) ¥k LIF Efl = SEZFHEE E, §K LIE EN.
(i) & LIF, M|F % Q|F # 34 %, Wl LIF E# — LM|M E#
(i) EAET K QF ¥, F—hEATT KL EEEXKAEM.

WA B LIF, M|F &2 QIF 793k, % LIF 2 P C FIX] 194588, W LM|M 2
P C MIX] #7248, SONIEMY 5K, XM 7 (); Bl Q=L M =E C L
A ().

B {LilFlier 72 QUF {—HRIEMLTFY5K, B 1A%, B2 (0, LilF 554V, LilF
TR AEY 5K (A 8.1.12). BUEE V, L WRKME F, € N, Li, 84
Li VA FROREAE, WAV, L WIHUE FIF s e, JAEIE V, LilF EMR:
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XHER « € Homp (V, Li, F), IERLHEZE
«vh>:va=vh.
el el i€l

BB UER (), Lol FOIERL: BR VLl 0, Le 2P 5K, M8 829 MIFHERE ¢« €
Homp (N, Li, F) BAESHA V,; Li — F, GRTEEER SIS A~ L, b IERMEZ

L (ﬂ Ll> = ﬂ L(Li) = ﬂ Li.
i€l i€l i€l
MR BT AL O

EX 8310 % E|F #REY K, FIE Az REM 4. £ X E|F $yEMAS M|F
4 F|F h &4 EIF HERATFI K=K,

BN FIF IERL, ACARZS. i 8.3.9 W) M|F 2 FIF #8& E fsMEMTY 5K
2,

MEEE N\ () B \/ o).
ocAutp(F) oc€Homp (E,F)
PR E|F AR, WS 8.2.9 ZMPA FE & MUEA R, tbid M|F t2a Ry
k. HEMRUER] T
f8.3.11 Q|Q T4 5k Q(2Y2)|Q EIEM, KN Q(2V/3) c R ifi 2V/3 £E Q H A It
g w2l/3, w223 Hop w = e2™/3: EATRMNE T X3 - 2 75 Q IR, IEMFW
2= Q(21/3,w).

8.4 wm»it

MTALEI F, 6l 5.6.7 #>) W 222X (Zkzo aka)’ = Zk21 kap Xk 4F F[X]
FENTRSIEHE P PN EEREAE FIF. iddEZ20A P,Q MK E—
NHFN (P, Q), I ME—TfE ).

513841 % PQeFIX]#%E, LIF ZEEHT K, U (P,Q) =1 % F[X] ¥Ry
B S e LIX] ¥ mar.

WA A PQ TE FIX] A IEEER AR T, WAE LIX] Mk, HEE FIX]
=, WAHE U,V € FIX] (5 UP +VQ = 1, ithaUAE LIX] héai P,Q BXR. O

51I284.2 #TLHA PeFIX] AN RALAERKAE LR (P P) # 1.
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SERR 51 841 KWL (P,P') £ 1 4 F ERHENE L FRGHE. Ly
DA RISk R ERRY S LIF 1 ¢ € L, #74E Q € LX) flifs

P=Plc)+ (X —c)P'(c) + (X — 0)*Q. (8.2)

WA, BT X = X —c 5 LIX] R L-80 A R, FEAEZ AR c =0 i
21T O
Fibr—$, R AR 5 —Fh oy Uiz M 5.8.6 Mgy,
EE 843 HTAAHLHA Pe FIX], NTHRE.

(i) P ER#ME F EHER,

(i) P AHERZHA LA ER,

(iii) P' =0,

(iv) char(F)=p >0, Wi H P ®#n > _,anXPr.

R (1) = (i) j8 iR,

(i) = (iii): # P 240 LA ERW (P, P') # 1, SR P AW 20 deg P <
deg P, ME—Hy Al g2 P’ = 0.

(ili) = (iv): & P = thothh’ ZME P =0 #Y4T Vh € Z>q, hb, =0. H
T deg P > 0, {4 p := char(F') > 0 WA RERGSE, I pth = by = 0.

(iv) = (i): & P = Zkzoakka = P(XP), XB P = Zkzoaka' A
Yis-- Yk € N PLAE F PR XA v, Bz € F 32T 2 = y;. i char(F) =p
2, M (5.3) wig

(XP —y;) = (X — )",

P i 18 P RIS > p > 0. O

EX 8.4.4 (AIRT) EHY K E|F o, H#ERET v € E M AERKX P, € FIX] #
AHRBEELER, W o £ F LARS T

DA b B4 T MR AE R, S T R 2B T, DA R char(F) = p > 0
FMZ e 8.4.3 (iv) WM & P e FIX] Ay H P = 0. W w] 5
P(X) = P (XP) Z B, WELE

F[X] — F[X]
(X)) — F(XP)

2 F-REFE, T H deg f(XP) = pdeg f(X). Ti& P ARtk Py JRATT2y. 4
R Pl =0 WZATUE A, 135 Pu(X) = Po(XP) 1 P AT B RS &, &
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FAAAER ISP I, H4H
P(X) =P (X?"), P" e F[X]: R, (P) #0. (83)

W P A5 FIX] BRI T cTT (X — ), EH 843 4l i = j <= yi =y,
SHEA yi B 2 € F 53 oP = g [AREH (5.3) AT X7 — g = (X —a;)?", B
T ME—1. G55 P AE F[X] o ik

k

173201_[()(—ari)pm7 1=7 <= x; =

1=1
HERIHL, P R4y SR LR p™. A R R VR, — R AR
BE R4 AR PP, RN XPT — g 1 CEURET A SR, RIS A A
B2 [ 5232 P . BIAETRATTAT A T 5 SUAT 404 K.
ENX 8.45 % E|F AR¥Y K, £ XHEAHREA [E: Fl, := |Homp(E,F)|.

Pl F B RAE R R SR ME—, [E 2 Fls (€ X5 FIF BgRock. oMk
8.2.9 VR4 [ : F], > 1.

Bl 8.4.6 & LIEfn E|F AREG K, W [L: Flo=[L:E[E:Fl,, #4 [L: E], =
Hompg (L, F) THAE F-#\ 0: E— F k& X, Feuk 250 R %

EBE kA F o F 6% 0 L — F alDAMERI . 55— RIERF
0B F, B REA o ®IR 7 L F. 5408 UG [ : Fl, sz,

PEHIEBEY 0 € Homp (B, F). N F — F 40880 %, E-> F IR%, i
F U2 B, i E = F 4 E (REME. 2% SHE HEA o B0 G
L : E], Fhiget. BHMRTi [L: F, = [L: BB : Fl,. O

B F () |F IR RBOT 3 @ BN A5

SI328.4.7 L EWin F(x)|F MARY K, it o WRANERRA P W [F(z): Fly &
F P AEF FHRE (RHEHK). Y char(F) =0 i [F(x): Fls = [F(x) : F] = deg P,.
% p:=char(F) >0, % (8.3) ¥ P, B1k

)ﬂ\lj [F(-T) : F]s = degP;7 [F(m) : F]
[F(z): Fl|s = [F(x): F].

pF(z) : Fls. $FAlH, v T4 HRXY

WA i 8.2.3 Wi E [F(x) : Fls 5T Po fE F PARE (RIHEAD. &8 8.4.3 &
B4 p := char(F) > 0 WEARTREAEMR, 7EXT (8.3) Ahe H ki A ARG A



§8.4 A 319

deg Py A, BEANEAE N p™

T BEIRY K EIF, i 8.2.9 Wi [E: Fl, < [E: F], ATLRELE 257
BIHE B

EX-TEE 8.4.8 NTREEAMRY K.
(i) X&A BE|F 94 [E:F] | [E:F], TRTRX E|F #RA3KREA

O

. BT
[E: F); = B

() XY pi=char(F) > 0 BATHA [E: Fl, > 1, R ELA p™ HHR.
(i) A IR % 5 T Ak BH R [L: F); = [L: B)[E : Fl.

(iv) M T%4: (a) E£ F EH—RTHART, (b) 4 [E: Fl, = [E: F] &1,
(c) E v ENMTREF LET4.

V) WFEL K F(a)|F, RAETHR P, £ F 2 G MU ERAR [F(2): Fli; #57
W,o & F ETA%ERY [F(z): Fli = 1.

WEBH FATESEIE (). & E = F(ay,...,20), B Fy o= Foy,... 1), B A E
8.1.5 il 8.4.6 AIKIAEF—BOPEIY 5K F | Foe1 WERA [Fry @ Fre1]s|[Fin + Froea] BIE.
HILAR G E = F(z), 5025130 8.4.7 A3t i, th2 t—3435) (ii).

MERR (i) 2 [L: F] il [L: Fo BRI Erbegsie.

M ERBSIEEY: & E S8 MNERIC 2 72 F B8 A[ 4, IBATE Fro1 248K
WAy, T2 [E: Fl =12 [Fo : Fooa] = [T [Fn : Fneals = [E 2 Fls. #FHBRIK
[E: F] = [E: Fl,, WAHEH © € E &4 [F(z): Fl; | [E: F); = 1, 518 8.4.7 %Hif
o ATy EHAEH (v). BT (v) 5B 8.4.7 MEHESE. 0

EX 849 EREY K EIF EMENTEAE F L& T o, WHEATSY K. AR
Yk E|F oY HERY [E:Fl,=[E:F), 8% W#i} [E: F); =1.

B 8.4.10 oY KEYE 8.1.9 BXT WA BT K, It EAHN.

L2 IS VA A DR NE (HY S SR YE
o #we LAEF Engy (Bl BN UiAE F L miR), HAWLE B Ehl4),
I LIF w1543l LIE w7y, BIRME E|F a5
o ¥ LIE, E|F W[5, SHMLE » € L HEM/NZHK Q. € E[X], HAKAN
EIF WARTY K Eo| F. & X—ERE 8.4.8 Z (iv) Uil Eo| F "]}, i « XAE Eo
Enlgy, TR Eo(x) D F(x) L g R 8.4.8 2 (iil) Al (v) Zif

[F(I) : F]z ?g[}ﬁ? [Eo(.'l,‘) : F]z = [EQ(LI}) : EO]%[EO : F‘]z = 1,
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iz #E F B[4y
PR P kM D.2, D.3 58 MRS DA PR S5 SRk ElF
JEFE F BRI AT, W EIF B4 R, X2FNERE « ATAHAREZ A4 ot
FR, WAL L E A FRY SRAETE, T 2 - 8.4.8 Z (iv). [

AL SR AL AT BT PE RS AT RE 5 AR
EX 8411 HEY K QF WA TFYVRIEAMATHT |, A FEQ FHTH
Ha. EREAE FIF #H T2 HEERA F HATSHE, 1 FP|F.
AP AT AT N ELAG 20, A58 FIF.
Wl 8.4.12 T4 M A FP|F REMY %: BELFRE P:={PcFX]: A4, P #
0} By 2 2.

BEAh T A B OB iy T 3K, o P | € SR B AROR T 975K SR 51 2
8.2.5.

X 8.4.13 B F i piA REF KA T4, W F AL,
XF p = char(F) > 0 [EREIBTIE, (5.3) FHBEEMA O EHIOR MRk

o MAER m > 0 X FP = {a?" co e P}, WER FHTHG Wk, P X
PIEAMAEZ TR BOY v — vyt B, &8 I Fy, I F IR AU vk B
y— —y = (=1)-y .

_
cF,

o {F% a € FAE F FHME—K p™ WIR, Rjich oP ™.

Sli28.4.14 % p:=char(F) >0, m>1. £2H X XP" —ac F[X] A4 Y HRXY
a¢ FP.

MR Ha=tP,be F, N X" —a= (Xp”‘* - b)p W2, TR a g FP.

L PHa=a " eFEF LORNETR. BT X —a=(X - 1
FIX] P rAEm RN FHA R o, HIE PR, W FIX] fME—2 b ] e R
Bk 15 XP" —a = PF HAREUH k= L HRREAT A k= p™ (n < m), 4kl L
BEHIAIA —a € FP", T2 a € FP"; 4% n =0, IE5E. O
Fel, # o € EXF T a:= P € F, IRAE|FE 8.4.14 25k XP —a € F[X] 2 = [}
NI NGIHE 8.4.7 S [F(x) : Flg = 1. 7F §8.7 XXX K2 WX A3 52 B e
FRATICAF£5 U ] 58 A

EIE8.4.15 B F Z74HY HN Y (a) char(F) =0, &% (b) p:=char(F) >0 T
F =FP,
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MERA MR E L 8.4.3, (UHE p o= char(F) > 0 MIFTE FRIE F = FP 40T
HATAR P e FIX] BiE P’ # 0. BRI F =Fr, 5 P =0 WHFREK
P =350 anXPh, B a), € FAfifF (a)? = ap, BFFFE P = (3,50 a1 X*)P T4,
RZ % 3a € F~ FP. BB 8.4.14 W] P := XP —a € F[X] A4y, [&m
P =pXr~l = 0. JE5. O

HEIL 8.4.16 A REH 2 T4 H.

WERA A PR EAL SR p, I Q — F. WU x> 2P 2 F RIEREE [
&, Bl {z € Foa? =0} = {0} HOWHSS, AIRVEZ4EWN F = FP. O

8.5 zEr=gmE

AT GG, FATSE M R R

T 8.5.1 4 F A8, N F* WEMARTHMZMETE. HHH, 4 F AH RN
X ZARF .

SRR A §5 I RFLE A8 T — ST S T R, AL R i
BEROLE IR (6 6.7.9) SRIEWL. B A © P> i, RABRISILER, 1742 > 1
WAy | | dy (5 A~ D, Z/dZ. UL {a € A:a® =1} F [T, di 4
e, RIETK X0 — 148 F pEEA dy M TIE 0 =1, 80 A B Rsiag. O

EX 852 & E|F #HRY K, FuecEHRAT E=F(u) Wk u X E|F HARRTT
=

#8.5.3 Jestil “WBURIOETE. & pq IHFRE B0 p 7 Q) = Q+ Q4
HIET TR, Qv V) - Q) = [Q(vE, V) - QVIIR(VY) = Q] = 4. Kk
wi=/p+ /7 2 QP vD)IQ HAFICRAT:

u = (Vb +va)* = py/p+ 30V + 30D+ av/a = (0 + 39) VP + (3p + 9 V4,

M /G = (2p — 2¢) " (u® — (p+ 3¢)u) € Q(u), X /b =u— /g€ Qu) Hl u ik
XTI 5k, RO ER RSS2 T, P14 AT i — % e Bl

T 854 HRANY K EIF LARETLE. 4 F %W E=F(ay,...,x0) #, %
ESE A S
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B %5 F AR E JRARR, £ 8.5.1 A EX MARUE w; B EX = (u) =
E = F(u). £ FREHE AL

ik F 55 B = F(oy,...,2,), BEE n =2 WEE. 2 P, PN o2
HHR N2 SRUEX T “— k" t € F 7 E = F(x1 + tx); EEF
ry = (21 + tag) — two, HIEW x2 € F(2y 4 tag) BIH].

B F(ay, x2) iAREAE F AR F(o1 4 tag) [ X] hEETLE

Pl(l'l +tl’2—tX), PQ(X)

HTHELE F PE AR 2o, 513 841 HWENMWERKE AW R e Fz, +
tro) [ X] W2 deg R > 1. GHBEML ¢ 45 deg R = 1 MM R = X — xo, MU IS S
x9 € F(x1 + tas).

ik degR > 1, \ R | P, fil P, JREAR GXE A LW 4E) vl R 78 F ha R
y # xo. [AFEHL, R | Pi(xy + tog — tX) 4380 Py(xy + t(z2 —y)) =0, BH

1 +t(re—y)=2 z€F: Pi(z)=0.

XA P AR 2 Fl Py WAR v # oo, BXHEME—#f2 T t. BUOMRECH R F JCo5,
SR ¢ 1R B (2,y) BWAWGL, T2 degR=1.
20> 2 8, WM F(x, ... 20) = F(x1, ..o, on—1)(zn) EBIHHSIIE. O
TIRZIE N T AAEA R TR BB A TR, AT i F C E.
FEIE 8.5.5 (E. Steinitz) ARy % E|F 22y % (FHFAELARETE) YHNLNA
HRAFEE FCMCE.

PR Y F GRRAT E IRAT PR, BUE S SR A BRAN N, 1 E P 8.5.4 Wi s A7 AE AR
JFotE. AN R F s mEE.

Sl E = F(u). MMERPEEE M, 2 u e M _FiR N2 Py € M[XT;
T2 Py | Pe. BAVKIE M|F HH Py IR co, ..o em B WA, Py BRSRE M |
ARA[Ly, AE Flco, ... cm) C M _FIRARTZ), I

[E:M]=degPy =[E: F(co,---,cm)l,
TR M =F(co,...,cm), IRBI M WER Pry SEAE. pi O DA B

{hisg F c M C L} — {Pr 7E E[X] PiyE—RHA}
M Py

B, A R T MRAT R
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SRR A RA RS M. &4 M FIRE B R P-asrasi). FHF Jogs
Mz, OIS ARSI ETEAREREDS B, TRERue EXU{M: M C B}
BN A JFOCER. NGRS Soa AR, W E a9 R Ak i & i, IR

k
E=|J{z € E: Li(x) = 0},
=1
Hf Ly, Ly« E— F 2—U64EE P-2eimt; 54 [, Li 24 E ~ FIEF |
FEICEAE M kK Z TR S, X 568 5.6.11 A%, O

i AREU LTI AT, UEI R e — Bk bt B 77K EIF By 5 (R iR
AIRA M C E) JTCHRAZARFICE.

FATIAE TP 45 G 9 5K EA SO R A EAR BT, IRk s e Jo g5 2 4>
[ 35,

8.6 mpmERSH

XTAERY K EIF, &% 783 MER F-REE © L TN E BE F R
Ngip 5 Trg p BIFBLGS, B0 B2 VA L BREAINERER FAS. Xl ik i
L|E|F, ¥ 7.8.5 4411

Npjp=NgpNyg, Tryp=TrgrTrye.
X 5K BIF TR € B, HiHR S v B E PR Em B
Ngir(z) = Np@) r(Neir@) (),  Treir() = Tree) r(Trere@ (),
M E|F(z) Bo@BEmi: WA o € F(x), §7.8 5B BRI
Npip@ (@) = 2 FF@L Trg pe) (@) = [E: F(2)). (8.4)

— PR, GHRRIENFELE Ny p(z) Fl Treg)r(z) AT

EEB61 Lok F EUHAEARA Po= X" +au 1 X" 4 +ap, JI
Np@)r(r) = (=1)"a0, Trpa)r(r) = —a,1.

WERA (MR E L 7.8.3. B F-la i asiE] Fx) 195 1o, .. 2™t (GEADBUR). 2R
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xT - mn_l = Z;:Ol(—ai)xi, Xﬂ‘ﬁﬂzﬁi@lﬂﬁi My 2 Q= TG Eg%ﬁl&i%

0 0 —ap
1 —ay
A=
1 —0an-1
BN Np(ayr (@) = det(A) = (=1)"ag, i Trpgmr(z) = Tr(A) = —a,_1. .

T 8.6.2 Xt THMY * E|F f1x e B, BUERHKH4E FIF, IA

Ngp(z) = H o (z)BF

JEHomF(E,F)
Trgp(r) =[E: F; Z o(z)
c€Homp (E,F)
_ ZaeHomF(E,F) o(z), E|F H 49
0, E|F £ 4.

HEBR  iC x M NE T P = X" +a, 1 X"+ 4 ag. EH8.6.1 H) (—1)"ao
Al —an—1 4353 Pp AE F PEREBSA, TEAEE; RWERE ST [F(2) : Fl (F
N—EM 8.4.8 (v)). Blafmdl 8.2.3 XLk 5 H

Np() r(r) = 11 o (z)F@):Fl:
G'EHomF(F(m),f)

Trp@)r(z) = [F(z) : Fl; Z o ().

oc€Homp (F(x),F)
4 o € Homp(F(x),F) 8| E 4 [E: F(x)])s iR, ZDA (8.4) 44

Npip(t) = Np@p@)PH = I oo @FRER]
oc€Homp (F(m),f)
_ H O.(x)[F(x):FLi[E:F(ac)]i[E:F(gc)]s/[E:F(ac)]s

ocHomp (E,F)

= I e@®=

oc€Homp (E,F)

[FIREE SR AT, RS Trpr(z) = [E: Fli X ettomp .7 () BT E|F A5
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MHAY (B F); =1, WAL RRE p > 0 H [E: Fl; =p™, m > 1, i}

PA LA BT T g L 7.8.7 JRihieryii st

TTE‘FZEXE—>F

(z,y) — Trgp(zy).

X2 B _ERRIFOREAER. ), BV, WORAIRYE F-laEsS(E], BV x W —
OB, sk

B(v,)=0 < v=0, B(,w)=0 <= w=0

MFr B 2ARRr. S dimp V = dimp W =n. 25V B—415 21, ... 2, FI W

1, 1=y
B(xiayj): . )
0, i#J

U FRTGE A, 2B AR A V, WA — XY HACY B JRiE1L,
RXIHERE (4) AT ME— XA

T 863 % E=F(r), £« HRAEARX P H n %, B

n—1
P, .
=Y X' eEB[X]
T
=0

X —

& P(x) #0, WX B Wk La,... 2" T Trgp 34 EEK

bo bp—1
Pj(z)’" " Py(x)

WERA HUE B F R B R 2 a1, o0 € F O P (R, EHE 8.4.3 BHERTC
HR, MH E|F A7y —HFEEENEN 1<k <n &f

Plxy), k=i
0, ki,

Py
X—.Ti

X=zy
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X RWEN, 26/ (8.2). ATEEBF

n
P, x -
LX) 0<j<n-1
;X—%‘ P (zi) o UEIsn

WA, MBS IR 2 22 2AT n AR 2, B < - 1 IRETR, WG
IS, A LTS

2 "(X%x'PZZ@):Xj |

g1

o€Homp (E,F) o(z) =z

WAL o VERITEZ TR E L, HRMEH N P-RREIFEGS E[X] = FIX]. i X
TEWG ) 2 EOF N E B 8.6.2 nl 15

. _bi @ 1, i=j
e (“’J'P;(m): 2 "(b’”mx)):{o, i

oc€Homp (E,F)

LE B AL A 2 O

XTI A RRY K B, B 8.5.4 Wff ik e PR RIHRBGL, MR A Rl RY
HAEA Trpr = 0. PAFHEIEZKENBRMH).

#iL8.6.4 LY K BIF WA R Trpp: Ex E— F FBE4Y BRY EIF 74

QR FURIBTE Trge JERAL, RS AZERE 9.5.1 RERSLA 0 AHGIER], AR idx
TR A AATE SRR S5 B4 T, B K IR AIEIEIT A B A Fefr ¥4 10 .

8.7 w@wFTHIrHk

T AR RIS UG AAERHE p > 0 B, A5 1 AL p, 5 ISk —HE R E p.
EX 8.7.1 (FRFERT) % QF HBY K, #RKT o€ Q WHRASAAR I P, =
X" —ae FX], % m >0, M# « % F £ 2ERAHT.

B 8.4.7 M1 o AR 4T84 HALY [F(x) : F] = [F(z) : Fl; = p™, ZXENT
[F(x): Fly = 15 Beit (8.3) AT 42058 P2 K X — a. AT 253 8.4.14
O EL PR

Wl 8.7.2 BEHFLE k>0 FH " eF. Blm:= min{k; >0: 2P" e F}, a = xp7”7
Moz ZH XP" —a AN RRAHETTATT.
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EX-TEE8.7.3 X TRUY K E|F, NTHH%H.
(i) E ¥ BNTEE F LHESL T 5 7T;
(i) E|F g — KA 5 T0A4 K
(iif) [E: Fls =1 (B2 7 -k BT REG K & A 2 X);
YAE— G RO, 1 E|F A EARA 945K
HWEBA (i) = (ii): B,

(i) = (iii): WA FIF, I [12 Homp (B, F) JE2%5 (g 8.2.9), ¢ €
Homp(E, F) HEE—RAERTT LW ERfE. SeririheC g8 A a4 ot «
M N ITRHI AN XP™ — a, # « € Homp(E, F) &4 x BtE XP" —a 76 F Hi0E
—H a? ", K [E : Fls = |Homp(E, F)| =1,

(i) = (i): W o cE, i 84.6 2 1 =[E: F|, = [E: F(2)],[F(z) : Fls, T
5 [F(x): Fls = 1. #AERTTBATAR SN T « 4048045 O

HHGERBIAE FIE, 52 L F (138 (7 P50 E s )

FP= i ={zecF:Im>1, 2" €F}

oo

W E|F 2R 0 340T B C FP ™ m[, FP 7 523 F O ERTE IR XP" — a 2T
K523, WHRYE F SESAE. > B0R EPREX AN ARTE R B k.

B 8.7.4 WA T4y Kib A EHMT K.
UERA HIERLY KAy Zm (N.1): AR KR E R TR N Z A A — . O
Rl 8.7.5 SA AV KAENT 8.1.9 WEXTEMLE M, s Hx &4 H.

JERR  SEmf MR D BUEREAM FIL. # LC BEP ~, EC FP ™, ME LG
LCFr™ RZ LCFPr™ = (LCE" ")A(ECFP ™) THEEIRK.

FF D.2, R LIF @AW 5SS 2 € L #E M EAUR™ 4 (F2h
o € FC M), liF LAYk LM|M, & -5E8 8.7.3 iy (i) B LM|M SiAH

oy (AR T AR OB IER BHAA Al AT B S T2 2 A n] 7375k O
513876 EREY K EIF B XRALR T4, U [E: F]=1.

WEBR PRI RIS W] 0 KRR AR Y, AUE R E = F(z) WG, &S T
[E:F|,=[E:F); = 1. O

FERAEY 5K AT AR B ST oKl 71475k, dRim 2 2l m] 7347 5K.

877 WTHZRKY % E|F, BF¥ K E|F A F & E B8 ToH4a (FX
8.4.11), Wl E|E> RAXLT 44 K.
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B T 2 € B MBUNEIRIE N P € FIX], 5647 (8.3) BHRAEIEE] Po(X) =
Py (XP™), Ho Py RAT 2 BAEREH 0 ETR AR, kW y = 2?" #E F EW[4,
Fh 2" € F(y) C E* %W o #6 E* 4Rl 4. O

WESR AR T 404 SRS A B ], BT VR BB P i HOR AR AT 40 7K B,
Sf F A B RIERRIS A SHAGR IR, M R&R: BB RET? 1)
BEAT DA 28 1 2

il 8.7.8 N LE, ¥k E|EF W4 <— E=FEE".

W (= ): B E|E® diRA4y, i E|EPE® JRK; FIEH E|ER W54 E|EE?
A4y, iZH BB 8.7.6 A[f5 E = E’E".
(<= ): (WAMES] E°|F W52 E° E*|ER 7] 4. 0

SR E|ES R B T 2 S5 IRMTSUEH IE LY sk B 2 BB /T4y (&
9.2.8).

8.8 mairx

W Pk QIF RR AR BOCRIERBOL. T2 2« € Q @iy HAY
PR

F[X] —Q

Xr—=x
K MR FX] S Flz] € F(z) & F(X); BB BEIT me e R B2 Q &
HHE T, UES L[58, §7]. 2 ek, 228 e IEIRNG QR L.

X881 THXCQFEHRUTAME, MHEE F LREREIXNG: FHA n> 1,
MBRETT 1,...,2, €EX ERRKX P e FXy,...,X,), RMAF

P(xy,...,2,) =0 < P =0.

HEZ, X MR F B 0= 0 S HERECER; S0t F[X] — Q.
5 8.8.2 AR xS Bk 2 T A H A E B 5.8.5, WX FREZ TN eo,. .., en T HL MR EH
4 JaE X
Indepp(2) = {X € Q: {HE )
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7 X @ € Indepp(Q), M H. X € Indepp(Q) %l X B THEWLAET Indepr(Q). 4k

& Indepp(Q) X C MIRAEZ T 4.

EX-EIE883 LEYT K QF BAMAMNRKLXTE (BHNZ), KK TEHME

QIF #yBsE.

WIRFAE IR R HAY QF JERE K.

VERA M E R 1.3.6, (UAHEWf T 4 (Indepp(Q), ) HEAEE {X; i € I} #A L

Fo WX =, X ITAERE 21, 20 € X BEGTHEAD A, RBOCRMN X K

IR O
W B AR, MR DA ErHE T

o RBTLRMESFMT B AWM T 5K F(B)|F AKRMEMT LA B N2 e A
PRIk

o QIF(B) RREP 3K, M F(B) LRI © € Q ¥61F BU {z} € Indepp(Q);
o BRIEAUE, W LA BRI A B A
— MR SRR 2 AU, (HH RO ME A . FoN 1 T RIE]IX A
S|iE 884 & B, B £ QF hwamk#. % B LF N B> |8
WA ANV € B 1E F(B) E#EWM/NETE Py € F(B)[Y]; ¥ REEREK L 45

X, HECHRE By = {be B:1E Py FRPME}. BUt B” == U, Ev C B 1]l
Q|F(B") RREY 3K, Bikss B” = B. T4 B g5, e 1.4.9 205

U Ey

veB’
&/ oAEZ |B'. O

SII2 885 (MR % B, B £ QF WWAHWRAEME, bV € BB, I|# %
be BNB & (B~ {V})U{b} sk

WEBR  fy B JEasaln B dEss. A b € B #E F(B) FARSL W2 — 2=
P, € FIB[Y] B9R. FATEIF O AU IAERD Py e W AR, B4R b e B4R
TE F(B ~{v'}) EA~REL B B~ {V'} @ik, 7).
W be B 5 Y 78 Py dE. X B = (B~ {b'}) U {b}.
(a) 434 B € B #1E F(B") LAUS: 0 Py(b) = 0 Wi 5/ = b (NI .
(b) fB#7 B” ¢ Indepp(Q2), H1F B~ {V'} € Indepp () WIHI b 1E F(B'~\ {v'}) EAREG
R E— BRI O A F(B' N {b'}) RO, 7.

max{|B'|,No} = |B'] - Ro > = |8,
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Pt B” wf kst SaWsEs o ¢ B WEAR MY ¢8B = VUV #b — B’ =
B~ AV}, 5l R AR K PR SO . O
EX-EIE8.8.6 HY k QIF WHEWHBHEL B, B #ik Rk B = |B|; w3t F ey &%
A QIF #@BHUREL, Bk tr. deg(QF).
IERR g5 e 6.4.7 — B AR TOIT AR, IR A5 | HE 8.8.4 AR R
B TET5, WH. (Bl < |B'| < [B], T2 [B] = |B'].
RS A B A TR, 513 8.8.5 Zi Q W BRI e X 6.4.5 Friki
UM, f5 6.4.6 ST ZI% (Bl = |B]. O
2 Q B, Z5 BRI Q 2 F(B) MAEAA, T F(B) 2PA B h2ETsE
AR E . LR Z 2 e,
#iL 8.8.7 % 0,0 K F K, 0, Qe B REKW, NWIEAN F-REARM Q1 ~ QO
WHRELHE tr.deg(Q|F) = tr. deg(Qs| F).
?Eie 8.8.8 ‘L;% El, FEs %]’fk%&(]\ﬂﬁz, char(El) = char(Eg) ﬁﬁﬂ R = ‘E1| = |E2‘ > NO,
W7 EHFH Ey ~ Es.

B 4 F o By, By EHIESE, |[F| < Ro. BUEME B C B (WIE5), IFHERES 6
B 8.1.13 453 k= |F(By)| = |F[B:]|. HiifEe 1.4.9 w40

Bi| <|F[B]| <> |{P € F[B)] : deg P = n}|

n>0
< Z |Bi| = |Bil.
n>0
T2 v = |Bi|, BAMH—HELER B ~ B, O

TEAFRB, FrA AR HEECH 2% = [C| (B 1.4.7) BREPAEHES C R, X1EH
ARABULM & — A /NS, HA USRS, A Y TUUFE p > 0 AR
HAEIE ACF), 2 r-S 5 MR, Hb r 2AER > o MEEG TEI [49, §6.1.1 FIZH
8 #|.

889 £ C £ LIE WBHET B R EIF 8%, Nl BUC % LIF oy ##
# BRI M tr.deg(L|F) = tr.deg(L|E) + tr. deg(E|F).

UEPR 0% TR C AU F(B) € B FRECE XA BUC AE F _EIR
Tk, B KRR (Al 8.1.12) ik E(C)|F(B)(C) = F(BUC) 2R %, fik
LIF(BUC) R4, O
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8.9 mEmmEs

IRy 5K QIF (YK EIF A E P KREBUEZ AR P RS

m:E®QFE — EE' CQ
F

TRy +— Y.

RIS B © E' £ {0} (H#id 7.3.6).

51891 FA m WHARER, EE NWA%FT im(m) #4XH; % E|F o E'|F
HREY K, im(m) = EE'.

ERR B—AWE % T im(m) C Q BIEFERKR. EHEAWERMAEY EE E
2 im(m) Wi & E|F M E|\F AUEP 5k EE'|F JR8%, AL EZE 0
r € im(m) ZWERIELE Flo] 1, AT im(m) 29825, O

X892 WRLIAFA m A%, Mk E|F, E'|F AEELZH.

LM TR A R A Y e AT AN, B [ I SRR 2 B Ry ae M s — A, A
it b2 AR .

B 8.9.3 DT HMEMN:

(i) ¥¥% E|F, B'|F 4EEX;

(i) BEHHAF LEABEFMTE 21,...,2n € E £ B FHERET#;
(i) FEAMN F LEMLEXGTE y1,....yn €E' E E LHEABTX.

WERA TR, U () <= (i), SHEEMTERTT 21, 2, € B, BUF-T
2 W C B G (21,....20) @ W = E. SREBURECAL 8 EIRIERL @ B

(1,...,20) @ E —— (x1,...,2,) ®W)QFE ——= EQF'
F A F F
B EE'

(a1,esan) =D 7 ajx;
Sy Rk B R . a0 (1) JSSEI m S B, BURJZ BT B, X ek (i) (19
Mok, RZMBoE (i) MO REEK RN, T F o B i EabE T e
(@1, 2n) @ B WM 2E00], AIFBE 21, o0 SREETDK. FROCERTE LA, WAL m
PRI (21, ... 20) © BT L P m B, O

SRR 55— AT EN T AP AR REAE R — Ry i 1A A
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Rl 8.9.4 XL EM F REY %k FI|F, Bbo|F, 8 FHEBYT & QF X F-HN 1;: F; —
Q(i=12). H5H, E46 FF £ QFHEEX.

IERR JERTE R E A %Fz dEE P50 il 5.3.6 AIEAHOCEAE m. TH& T
Q:=(F ® Fo)/m J F-RRBUNIAZS v Fy — By QF (i=1,2). O

PATFHUERL F R AR E 6L F.
EX 895 % ANFFHRH; F-RE
o HHEHE F-RYMAN AxF x - x F=F", #w n=dmpA WK A % T
AL HY; .
o % F-RHAQF (BR#k, L §7.3) 7Tt A fl, WAk A K FRH.

IR T UL, Rz — R ER A NE . FF U N AW S 2,
PERIZE MR ERILEE: AR A AU Sk B AR R AR X A A, A AR
5138.9.6 & A B #FR& F-fR#, N A® B ¥R EEEHY K LIF #0F R
-3 A, N L-R& A®L WRFRH.

JERR AN, Al 7.3.11 B4 T F-ARE E AR A

T AL S F =T i A, B S iig. T8 M, BUE L
W T, 0 F AT AR I. @i 6.5.13 1 [ SR IAMIZA

(AR L)@ L~ARL~(ARF)®L
F L F F 7
R B E R F = F i A a6 AR E; XERReIH e BTz O

MR BIF, $5€ B-REGFEM A Ap = AQ B 5 B" H1X4 T4 —
% A, A € Homp ag(Ag, E), fEH g 0HE R &E25E AY, := Homg(Ag, E) —4H
e XMH A = (A, ) BiE. PR FIF ZARTY K, PR A A&
Wk Ax S F A A SAERA KA R T3k E|F b, 9501 Ap W1k,

5II289.7 TR F-RE ARNAARENTREMER, WMATREFTEERNH
TRFR. EREFMY, Y A~ F" 7 AN
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o FRE——XAETARN M {L,...,n}=LU---UL, HEHFREHFEFT
1, iel
ey = (l’i)?:p T; = { . ’ I:-[lv"'a-[?“

AR, BT IR TR A

o BE——NNTFEIC{L,....,n}, HRMELE ef £k, 4 IT#{1,...,n} B
AR B T X A

IMERR JAbEE A = F IR X TFHEEMBE RIS X RS, AR EHRT R

BCA MF#¥% e :A—F (i=1,...,n) R B F4 4 BY = Homp (B, F)

—HAEWIC €; € Hompag(B, F), N HEFE 415 &, 6,,,....6, H4HH BS Fr, ik

B A, S f; R (0., L. 0) € FTAE B = FTORREMR. Qg

85

B:F[fla"wfr} 5‘:‘[]

fF=r > =1
=1
J#Fk = fifk=0;

(ORI IEIE §6.12). 18 A = F™ PHgAFREEX A SE, /I fo, ..o fr R AW
g {1l,...,n} =L U---UIL.
EFREEET, - ® F ¥ A W74 (B3R B A ®F ~ F" i T8 (e
1), X2 H Ijﬂﬂiﬁ F-175l0] B C A Wh (B®F) (A®1) =B®l=DB. H
TEI"J Wr 5 AL 2 2 T X A AL T O

FATRSAT BR AT 347 5K A5 21K 157 14 21 i

898 HMY K EIF 4% HRY E ZFE F-RE, sitg For-REH FH
E ® F°P ~ (Fsep)[E:F].
F

R B ECFJE. LA 8.7.7 4§ E|F JENLAR 400 E|E” FIA[ 40 E°|F. Rk
Bl E|\F W7 A5 p = char(F) > 0. Blfeiz /512 8.9.7: fE[H B gf SFF,
E’ gng XN E A H {1, ,ny = LU UL #WENTRE B. % e ng Xif
B yeF", WHELE m > 0 {fiff y*" € B; ;1T F AT TCEEM— p™- K, M
B W RARATS y € B, M« € B F. h FRAIESR Ll B 9F = BoF
4 B’ = E, ¥ E|F W4},

S E|F W4y, n = [E : Fl. HAFITREHE 854 Ak E = F(u) ~
FIX]/(P,), ekt P, % u WH/NET. HFEF b Py =[] (X — o) BEAT,
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B L= Flay,...,an) C PP, hEFIAZI 5.5.2 408 L-HEIRE

n n

By =EQL~ L[X]/(H(X —a;)) = [[ LIX1/(X = o) = L™,
=1 =1

Ml E © L7 XFFaf; A4 Fer-HE B ® FoeP IRAIR AL, W E PR WiE iyss

ARSI O

FEIC 8.9.9 HyU KR 8.5.4 MRTAH N EHL 8.5.5 RFH: WAk EIF TR,
T251 8 8.9.7 4l E|F {UAHRZA>rha.

RS SRR R GRS IE— P IR R R L5 Pk, B SR AR USRI R
X7 F2 2 ¢ MacLane (1 T4F, xfigiz il Teichmiller 5] AR p-F. X EHIRIHN
%, N PARIE S HEME I — 32, EARE AL EAL B,

WER A AT R EIC, WFKZ VBRI, B8, BRI T IRt 2 BRI,

Wi 8.9.10 T HMAXHET F-RE A, TREHEN.
(i) A RFRKEK.
(i) *HEZBET % E|F, Rk Ap % HEA.
(iil) K% Ap B4
(iv) #E F WWEARTLY K Er,...,E, (n>1) 5 A~ E; x -+ x E,.
AW, T Ap BTR E-RE [F

iEBR () = (ii): MA%A%F:FdimA

PERH Ap BEZY.

(i) = (iil) J@ld sk, Pk (i) = (iv). & A KEN A|F w45, X2 H AHE
Hou€ A T Flu] ~ FIX]/(P,) #2448 F 52, BULn s P, 78 F P ICER.
W AR, WAFFIESEEM o C A BN A BEAH {0} # o® C a; B a Z 485K
W/ MEFERIE o? = a. SHHEFERSIC e € A i a = Ae, WRENA P E
B A=eAx (1 —e)A, iiEHT dimp A HEEERF A AT 59 k2 B

Ba AT aq, - .. am, W o? = a ZTEAERE B € M, (a) f# (ag,...,a,,)B =
(a1, am), TR (a1, .. am) (lmxm — B) = 0. iz IAERERERE 54780 R R (el
7.8.2), #r—HFH

det(1 — B)(ay,...,am) = (a1, am) (Lmxm — B) (Lymxm — B)Y = 0.

T2 Vi, det(1 — B)a; = 0 (UEEHE 7.2.2 B EMIFAR). SR det(1 — B) XA[FEHN

l—e 2, e €a; KHHIE Va € a, ea = a, A Ae = a i H. e ZIEFBESEIT. iEE.
(iv) = (1). FRABWERIIFR, N 8.9.8 WZISH Ei|F,... E.F A

FRA 5 250 By x - - x By PR O

UL, BRSO PIE e g T, B s IR R AEOE IR
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\Y
[

Y KEAR, SIA MRS RR? — DB f R R AR R (512 8.9.6), oKX
P PV R BACRA A — A AR, 55— Bl W2 P-AUBOT A TE G 240 T
AR T -G, XH Tp & F (4R Galois ff, i Krall #hb. ACHESAES L
el e SRR

>R

—

AERRHEEY I QIF PIREOT a € Q, # [F(a) : F] R2P5L W Fa) = F(a?).
W o, € F NATLAYE LR P e FIX] R IEAY degP > 1 J#AHH a+ 5 ¢ F.
#e=a+peF M PX) M QX) = (1) P(c— X) A/AIA, HLIEH
P = Q, RIGHME © < ¢ — o Fix.
- RTALERE p > 0 (98 F, WSR2 K o= FP T HET KP = K (H: K 254),
i A E hseatdini E|F AR5k, W K|F it Ak E|F 795k
4. (G. Elencwajg) & Fo = Z/2Z, WA TH B E I, F = Fao(u,v) KZTizL P =
X® +wwX? 4+ u € FIX]. #iE:
(i) P RAZY, MiH E = F[X]/(P) WR&T [E: F] =6, [E: Fl. =3 i
Eisenstein J|#E (GEH! 5.7.17) UEHH P A0y, SR)JGPAS|FE 8.4.7 v1H ] 43k KL
(i) diAT4MMf B C E %F F. UAHE B € E, B2 € F = B e F. {LFif
BHE 1,X,..., X" mod P BIFHHELE B2 € F [l Ior.
T RILGIT E|EY Ru4y.
B p NEM, Fp o= Z/pZ. %EICAMENIR K = F,(X,Y).
(i) B K? =F,(XP,Y?), K = KP(X,Y), lfiH a € K = [KP(a): K] <p.

(i) Fyaps 8.1.5 F1 8.4.6 i

N

w

“o

(K« KP] = [Fp(X,Y) : Fp(XP,Y)] - [Fp(XP,Y) : Fp (X7, YP)] = p7,
(K : KP]y = [Fp(X,Y) : Fp(XP,Y)]s - [Fp(XP,Y) : Fp(XP,YP)], = 1.

(iii) BHE {X'Y7 .0 <4,j < p} Mok KP-fE2sE) K —4E.

(iv) UEHIY c W KP IR (B 2A), W KP(cX +Y) #5852 &
i o B HFERER PEE M, B4 (c— )X € M, NS X, Y € M i M = K,
H1 T WL I -

T K|K? AR 53975, A Te55 2 halE, IF HARERY 3K, WX ER 8.5.5 1

8.5.4 HIIETE.

6. W TAEEE F LA oA RO F(X) o u:=1% € F(X)\F, b r,s € FX] H&.
(i) IEM X 7E F(u) ERAREOC, v £ F Lo
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(i) SIAHMATC Z, W, WEH] P(Z,W) :=1(Z) — Ws(Z) {8 F[Z, W] ICRA R Y, 4k
i P(Z,u) 8 F(u)[Z]) BIGEARZY;
(iii) B [F(X) : F(u)] = max{degr, deg s}.
7. & b, W Autp(F(X))°P ~ PGL(2, F) := GL(2, F)/F*, fER R X - (28) = <55,
8. (Liroth EH) UEW] F(X)|F W7 ¥ 3k KIF 8(& 2 F, 8 EEMEX K = F(u).
BXTEK#F EPAERNZIR QZ) = Z" + un—1Z" + -+ + uo; B i
i u="L=u ¢ F. {MTH Q(Z) | P(Z,u). iEW] P(Z,u) € F*Q(Z) DAMFH K = F(u).

9. XFPAFHIARY 5K E|F #iE Ngjp(E*) C F*:
(i) E, F N4 Rt Al Galois FHi.
(ii) E=C, F=R;
(i) £=Q-1), F=Q.
10. & b, X FHIE B, F iEW Trpp(E) = F.
11. % F WEWRE, a,b € F*, c € F, IFHATEE (z,y) € F? {{i15 az® + by*> = c.
12. %4 o € Aut(R).
(i) IEH >0 < o(z) >0. [BF)2>0 < FyeR, z=y
(i) XA AL o <b BH o([a,b]) = [a,b].
(i) JFEH o = idz.
13. JEH] Aut(C) J555.
14. {EW] Q A RRAE S K Tk A ClQ.
15. W AFMMFAE 0 REEA Fi, F2 (153 |Fi] = [F2] = No.

16. 4 A Nl F_ErA RAEZHATE. L A PRI FE SRR E S 7.8.7 Ay H 51 X
da # 0. PRS2 BB (2,y) = Trapp(ey) JERA, AR AT RAKE
A ENTERE Y I AR Y R 8.6.4 Al 8.9.10, I{EREE] v € A WENW Trap(x) = 0.



“bi- Galois it

Galois eI 5] H #2015 2 000 R i, Jr ke B M . 24 E.
Artin 2 ANRIECE, AAA T Galois BT NAZMAEEIE I — MZ DA, BERTE
TR IR 5K (B Galois §75K) KA R (MK T Galois #f) AIBTE, 124G
W I Galois xR, (E2E 9.1.7, 9.2.4), AY5RF 2 BEAR IR IS A e e —
AR A =R
(a) ROBLAEIE ML,

(b) AHCHEAS 2 PR S UL,

(c) ZIX TR AR R FIE.

XM=, SR @ TEA N [58] Bk RAERT, FATH (a), (c) ML, (b) WIRME
RIAI R B T i 1A, X2 2% B QRO A E B “afUBAE” JEH2— A 3
AEsR (R R A1 C ATRai B E ), HEF 70T TRABAED R P RIS, Bk
A BT W] AR A S s L. AN R H 1y R R — T B b w5 1,
HA — RS PE RIS T, IR T X A% &, FATRHE Galois RUMRUEFIE (F
H9.7.3) L2 Kummer PSR, I+ HAEEAIICYT Galois §3K, 5 25 H b

w.

BT
ALPRTEET Galois K AR UE T-5 25 | HE—LE A A6 FMEIL, F-h Galois b
i Krull $64h, W14 T Jengid, JATE &S] 56T 155 Galois # ik 5 LT
SR E RS R AL BE. T Kummer FIE, RIS 28] A Calois
RV HO, HY FRFMEERY Pontryagin XHEIIIE R AL, T k% T HEE, 75
§9.6 FHCRE SR IR ST 1] Y Ak TCAB AT b B, SRR P B R B AZ BG4 2 B Y
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Hilbert 25 90 FH.

9.1 &R Galois 35

12 Autp(E) Famd ok E|F )8 AR, Aut(E) £nig E 19 E RWEE. W
E WZEEHN k, N Aut(E) = Auty(E).
EX9.1.1 TAHEMY % E|F # % Galois ¥73€. 4 5B Galois 2 4 Gal(E|F) ==
AutF(E).

KM I BHA Gal(E|F) th# bl R Ek#HR E|F, flinfk E|F kX% (ZEH, T#
&) ¥ K, R Gal(E|F) fEA BRI (B, THE).

SRR 5 IEMLERY E S, AT Galois 35K T AR @ — IR L AR AT 49 22 4 70 2
. Al S B ZBRART A R, IR Galois 33K —LLgI R

5|3 9.1.2 Galois 3 K i 2 L T M.
(i) #7% L|F % Galois = xHEZEF A E, ¥ % LIE 174 Galois.
(ii) % L|F, M|F % Q|F #F¥ %, Il L|F % Galois =— LM|M % Galois.
(il) E&%ZH K QF #, f£—ik Galois TH KL LA 5 ZKAZ Galois § K.
IERR Zh e 8.3.9 (IEMIME) 5 8.4.10 (MI4rk). O

PATF e R FIF. BUZAHERIEMY K EIF S F, —HIEERA,
FE S EHL 8.3.4 I b3 8.3.3 F4A 1 Homp(E, F) = Autp(E).

el 9.1.3 XA R Galois ¥ % E|F [E4 |Gal(E|F)| = [E: F).

SERR 1A HE BT | Homp(B, F)| = | Gal(E|F)], T 44 5 | Homp(B, F)| —
[E:Fl];=[E:F]. O

FAIF12E Galois BUEH —Xf REEMERAE. MW TLEY K E|F:

L X Autp(E) BTH H, 2 XHARHE N B = {x € E:Vo € H, o(z) =z}, 5
W ER|F & E|F 8195

2. MF EIF BT K KIF (@A), €30 Autp(B) 9 T7H# Autg (E).
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TRIEAFH
(il K} —— (T H C Autp(E)}
K|F —————— Autg(E) (9.1)
EH|F " H
ORI AT DA R R0 2 M 5

Lo _ESCWI#ERRT C Al e 4R, sk s 2 Sy -

H, C H, — B D EH27 KiCKy = AutKl(E) > Auth(E).

2. ®f1 K C BA(E) H C Autpn (E).

3. W Autp(E) 7EWSWLERA Z2EH: FEh g 2 (0, K) — o(K), TE7H#f 1
T (0, H) = oHo ™!, Hirf 0 € Autp(E).

4. 7K b, % o € Autp(E) FIVERA “G5itihs” R uR:
Auty(x)(E) = o Autg (E)o™t, E7H7 " = o(ET).
SI329.1.4 x T Galois # % E|F f ECIEN — p mHBH K — Autg(E) =
Gal(E|K) £ %4

IR 55— SAE TR ECEIR) C B 4 o e EOIEIR) g N 1 X L
£ P, € FIX]. IEMMERIfR P 75 E EP/\@ZHJ—{J\IT, PR ORI P TR EAR. X T
T—WR yeE, fffE F-xA : F(z) — F(y) C E Wt x 2hy y, DA 8.3.6 #E47 ¢« Ny
o € Gal(E|F). ¥R IS y=0(z)=x, ¥ degP, =11 z € F.

CLH E|K {2 Galois, 85—y ECPIK) — K T2 K — Gal(E|K) 2
FRIR O

513915 &b, dEMyEE K fn o € Gal(E|F), &
Gal(E|oK) = ¢ Gal(E|K)o ™"
i Gal(E|K) < Gal(E|F) ¥ A% K|F £ Galois ¥ .

WA RUBE 2RI TR BT K = Gal(E|K) 28 o WAL, Gal(E|K)<
Gal(E|F) 2 HACEXEEA o B o(K) = K, XA KIF IEAL (iR 8.3.7). 7
— IR TR IR T gy (i 8.4.10), BURAFAEN T K|F &2 Galois §75K.0
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W (B F) Joo5mt5 B 9.1.4 ML, AT BEEXAT IR Galois §75KUER] (9.1)
B AU

SI32 9.1.6 (E. Artin) & E A3, H £ Aut(E) ¢ A RFE, Il E|EY £ Galois ¥ %,
B Gal(E|EY) = H.

IEBR E45RIE E|ET Ol Galois §75k. ik Aut(E) S E T R EE N E 2 WA R
EIX] b, WEHR o(fi + f2) = o(f1) £o(f2), o(fife) = o(fr)o(f2) %% Lz € B,
HO={r(@@): 7€ H} M Qz = [[,co(X —y), Ti& Q. € EXH = BH[X] 1fij H.
Qu(z) = 0. WH Q. ¥ E L h—wHFHILER, hitd E|EH 24 Efy
ik, —IEET deg Q. = |O| < |H|.

T BB KR T LA

[E:ET] <|H| (9.2)

FBAGIEER 2 € E = [EH(2): BY] <|H|. Wz € E i [B(z) : EF] RATHEK,
¥ E=E(x) {5 (9.2); #HEAK, Bly € E~ EX (z) WAy

Ef(z,y) 2 E¥ () > B,

T E|ET W4y, 2 e 8.5.4 w[¥f E¥ (x,y) G E¥(2) B, 2 € E, Wkl
42 H C Gal(E|Ef), & A F455R155] E|EY £7KR, H

i 9.1.3

[E: BY] (952) |H| < |Gal(E|E" )| === [E: E"].

&

TRESIAHOL, H = Gal(E|ET). O

I 9.1.7 (IR Galois #BI) % E|F £ R Galois ¥ 35, U (9.1) % i 7 3 by W4
{HEH K} == {F# H C Gal(E|F)}
K|F —— Gal(E|K)

EH|F \ H

3 LT P
(i) KF: Hi C Hy < ET > EM™: H Ky C Ky < Autg, (E) D Autg, (E).

(i) H T Gal(E|F) £RWU AR ZELMW, FHLHEATH H < Gal(E|F)
Fu Galois T4 % K|F #y——xt .



§9.1 AR Galois iz 341

(iil) xH AT E3 KA WA

Gal(E|F)/Gal(E|K) — Homp(K, E)
o-Gal(F|K) — ok,

mMH (Gal(E|F) : Gal(E|K)) = [K : F]. % K|F & Galois ¥ %k #f, FXFH
GAEke
Gal(E|F)/ Gal(E|K) = Gal(K|F).

FAIH, | Gal(E|F)| = [E : F].

JERR ZiA5IH 9.1.4, 9.1.6 WL (9.1) BSEL M. ROFER (1) B, I (i)
a1 9.1.5 BER.

FF (iii), 0,0’ € Gal(E|F) ¥ K FRBRFIAAR Y BAY o~ 'o' |k = idk, 2ZVH
B} Gal(E|F)/ Gal(E|K) — Homp (K, E). 5—7J5H, {1/ Homp (K, E) BICEANGE
I F| Gal(E|F) (i 8.3.6), #A50UH.

A TUEH] Homp (K, E) IHEECH [K @ F] = [K : Fl,, BAH0EREAE FIE FH0
%% Homp (K, E) = Homp (K, F): X2H#EE 8.3.7 X9 ik F|E|K|F #fai s H.

X K|F 2 Galois § 5K}, #fEi 8.3.7 X9 1Kk E|K|K|F 41 Homp (K, E) =
Homp(K, K) = Gal(K|F); I 0 = ofx 2B BIFTEE. O

AW Galois i .5 B To 55 16 T B ftl, FATTHE — A TR A AN o — 20 (%) 1 s 22 41
Tr §9.2 Ab3H.
f9.1.8 HEHHH 8311 fr X° — 2 € QX] MR Q(V2,w), WEF w 7 Q LIk
INETA R X2 + X + 1. il
Q(V2,w)
Galois

Q(V2) Qw)
Galois, }%i=2

Q

oA [Q(V2,w) : Qw)] < 3, 1 2 = [Qw) : Q M 3 = [Q(V2) : Q] #hHEE
[Q(V2,w) : Q], ME—HTTfER [Q(V2,w) : Q] = 6. HZ G = Gal(Q(V/2,w)|Q) £ 6
WriE. T3 o € G MEM RN w = wtl, V2 whV2 (k=0,1,2), 3 H o 524
(£, k) #i2E, 2LF 6 Fpilt, T4 (£, k) #REAE G L.

— R, AT 2T 4 S Galois HE R A AREE FIRIFREE; BEAR |G| =
6 = 3!, BIFER A% G S5HR4E {V2,wV/2,w?V/2} FRIRITREE Gs. FI2 THEH-HEHX
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YO TREDTIE E e, W ERE 9.1.7 SLAR PR

G : Q
s 35 : Gpléis o
SR N
((12)) ((23))  ((13)) <H'_H—£’> Q(w?V2) \@(\3@) Qwv/2)
\/ e § \( | )/
! E=Qw

{1} V2

X )RR o R R A 2 B, I DB IR & X &R, MM & X A B A
. =AhiaE QW V2) (k= 0,1,2) BRILEE, SXARES— 1A I %2 I .

9.2 X5 Galois [
FEB 055 Galois ¥ 5KkAg Galois R}, 5IAHFIMERNES (FX 4.10.1 ZHFV
i5) EAEAN T ER.

EX 9.2.1 (Krull 353b) xt T Galois % E|F, BF Gal(E|F) 344, 45T £ 1F
BETLE o i — 44 HEA

o Gal(E|K), K|F: AR Galois F4 .
Wz A Gal(E|F) 5 Krull 3F3p.

o BMMAEHE, Krull FHFMRCRAN Y Tl “UAATETE 2 REAH IR Galois 173K
KI|F {fif} 0|k = 7|k W, o T80 77

o T Gal(F|K) ZIEM-TFH#E (513 9.1.5), E XMW PAA Gal(E|K)o BUR.

o AP A R AZEI ), X S Gal(E|K) N Gal(E|K') = Gal(E|KK') ik,
KB 9.1.2 WiE KK'|F KK ZEAR Galois §3K.

o X TARATAE WP 5K LIF, BTH L 7 E vy MAe L' O L (2 X 8.3.10,
L'|F G BR), H52 Gal(E|L') C Gal(B|L), FARS 5 A DAIUE o Gal(E|L)
2B, i LIF BOEARR595K.

o 1 Krull #i M E 55 DL BT 2 EZE 1 X FF AR o Gal(B|K) &
Gal(E|K)o™' = 07! Gal(E|K); 2, LM o Gal(E|K) x 7 Gal(E|K) K
or Gal(E|K), I MESE. T2 Gal(E|F) #i5 2.
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5|32 9.2.2 x{*& Galois ¥ % E|F, {38 Gal(E|F) 2% X 4.10.5 T # pro-H &
B, WY ML, FERIEG EREM

Gal(E|F) = lim Gal(K|F).
K|F: AR
Galois ¥¥ %

WEP R & B R Jim  Gal(K|F) B3
UERR WMz 8.1.12: B|F 2T K LIF Z9F; %A L EMME K Rz, &
et E|F NAR Galois 975K K|F Z3F. MY KAPERAIG 2 8.3.3 i
BRI o — ol 4IIAZS Cal(B|F) — Gal(K|F). %k, 4% o € Gal(E|F) 124
THE—IR o € Gal(K|F), fliZ W 2HANE K' O K = oxr|x = o JIBGIRR
AT B R UL 2 B A

Gal(E|F) =  lim  Gal(K|F)

K|F: A1)
Galois 745k

g —— (U|K)K

e R F i 5 B[] 5 A2 BR AT Gal(K'|F) — Gal(K|F), o K7 D K B[r] Az ik
(ox)x N o okg(x), it K|IF 2% » € E WEEAR Galois 795K, KR Z
AIRARE N [[ Gal(K|F), 44> Gal(K|F) B b, WA 5E X 4.10.5
Hi) pro- A BREE. J— Ty, ATEAES P 4.10.4 H54 31T pro-A FRIELE 1 Abi)—k 4R
WAL XA, X2

Up :=ker |pr : @Gal([ﬂF) — Gal(L|F)| .
K

HEXEADHIAERR, W U NUy = Upm; WA Up TEFE T XY T
Gal(E|L) = {0 € Gal(E|F) : o|r = idp}. BEAR AL TO ) 41 3 B 6 o BF 10 #1245
My, T4 Gal(E|F) & hm  Gal(K|F) e lm . BH ARk, O

S|¥E 9.2.3 4 G := Gal(E|F) i# B TR
(i) G & Hausdorff %= Jd, 3 A Y% E|F A R #H B #HIED;
(ii) AERARTY K LIF, T# Gal(E|L) K JF;
(iil) M FA H WRHE, HHER (G: H) < oc;
(iv) X EZETY % LIF, 77 Gal(E|L) # H;
(v) FBT E B#dadh, WA BS Gal(E|F) x E— E ZHSH.
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JERR  EFH 4.10.6 PEAH pro-f5 FREE M 2 Hausdorff (1, A FR4E_b ¥ Hausdorff 3 FM%
SREH, XUIER T (1), 5138 4.10.3 RPZIZ5H (iil).

S TUER] (if), SR EIXMER « € B, BUE TR Stabg () = {0 € G : 0(2) = 2}
I, XA F(r) & T— AR Galois 795K K|F (FlanC e, B
PA Stabg () & H T8 Gal(E|K), # Stabg(z) AFF (U553 4.10.3). BRARY
ik LIF B{E L= F(x1,...,2,), W Gal(E|L) = ;_, Stabg (z;) I FHE.

X (iv), W LIF RAEE 5K, W Gal(E|L) = N, Staba(x), f4> Stabg(x)
AR ARG, R Gal(E|L) & 7.

BFIE (v): #F (0,7) € Gal(E|F) x E, WFF4E Stabg(z) x {z} ME|FLE {z}.0

— V) THAS, 7T ABRA AT - 245 R
EIE 9.2.4 (75 Galois MEI) % E|F £ Galois 77, M (9.1) % 1 & 3 B W 4T
(WA K} — {HF# H C Gal(E|F)}
K|F ——————— Gal(E|K)

EH\F  H

I R LT
(i) RF: Hi C Hy < E™ 5> Ef: § Ky C Ky <= Autg, (E) D Autg, (E).

(i) M4 T Gal(E|F) AW AW AR ZFXMH, BB EAATH H
Gal(E|F) fu Galois T4 5K K|F #——xt .

(ili) * AT B K & A A

Gal(E|F)/ Gal(E|K) — Homp(K, E)
o-Gal(F|K) — ol|k;

4 K|F £ Galois ¥ K#, EX 5 HImIEHFEY
Gal(E|F)/ Gal(E|K) = Gal(K|F),
H o 22 AT .
(iv) FFFax R EHRTH K.

Y E|F ARE Krall #4MAEgEg, —eaF e 9.1.7.
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UERR X LUERE 9.1.7 HIRIE, Tog5 WM T2 B2ERIAE T 20 M T8 H AR
Gal (E|E™) = H.

WEXKFR O CHL ik o € Gal(E|ET), MMERAM Galois T4k K|F, &

H :=im[H — Gal(K|F)],
olx € Gal (K|K N E™) = Gal (K|K™7).

HIR Galois XTWiR4AH o|lx € H. 552, o WIFAE 0 Gal(E|K) 5 H A% HH
K w{EHUn H A4, Nt o € H.

PRI (i), (ii), (iii) P9HERA RS E 52 AR, DU IS UL (i) S idh b X4
K|F j& Galois §" 5k, 47 BRAF A IEL BRI A Gal(E|F) / Gal(E|K) = Gal(K|F);
PR SRS B RS 55, T AR 28 (0] 3] Hausdorft 28 [a] i ELBURF L R R (B8, I [57,
et 7.2.9]), MFEAEERFMEER R,

RIGAEE (iv). BRIT T H C Gal(B|F) Wiy, 3 H (G : H) AR, Kt
Ban H = Gal(E|L). k¥ (L : Fls = |[Homp(L, E)| = (G : H) AR, B&#&
[L: F) Ji55, W LIF A8 5 kB A R85k Lo C Ly € - -5 SR AT 4R
WE [Li: Fl=[Li: Fls < [L: Fls, 7). O

it 9.2.5 (BETEM) U4 B Q|F, % LIF ZH ¥ # Galois ¥ K7 M|F 2EEFY
K, W LM|M 42 Galois ¥ %, 3 B A ML HY Ay

Gal(LM|M) =5 Gal(L|L N M) C Gal(L|F)

or— oL

HEBA 53 9.1.2 28k LM|M 2 Galois §5k. WIHE o € Gal(LM|M), WK LM
(e E B RER M Sttt Hot g0y € L, yi,v; € M, B of = idp ZE3%
o =idpm. FrIREISE ST

%W S B R &S Gal(LM|M) — Gal(L|L N M) JE%E. Rt HA% g 1 140
. # KILnM & LILNM WAERTY K, B KMIM 75FBR, 0 HIF 74
Gal(LM|K M) C Gal(LM|M) B A% 5% HIFFF4E Gal(L|K) C Gal(L|L N M).

T2 IR F S ERE Gal(LM|M) T8 H C Gal(L|F). FEIEH LY = Ln
M. B3k LOM C L. &8 v € LY Bk LM 759 Gal(LM|M) &, E 3
9.2.4 TR € M. %k, H=Gal(L|LNM). §J5, Gal(LM|M) — Gal(L|L N M)
RN R TESAUST, HETAF N H T AIE R [ IR O

i 9.2.6 & Q|F B Galois T4 % E|F, E'|F. bt EE'|F 4,2 Galois ¥ 3%, 7
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HAHABEZ 2R A

Gal(EE'|F) — Gal(E|F) x Gal(E'|F)

o+ (olg,0le);

& ENE =F AR

MEBA 53 9.1.2 iR EE'|F 2 Galois K. Fis [FZSHIESMZ A, Rk
DA 2 BIIMERIER. &8 ENE = F. 53— #EeT

Gal(E'E|E) — Gal(E'|E' N E), Gal(EE'|E') — Gal(E|ENE')

{1} x Gal(E'|F) #1 Gal(E|F) x {1} HAEFAE RSB E, WrET S, (0
IME RS Gal(EE'[F) — Gal(E|F) x Gal(E'|F) 4 [l O

5 F ] 3 HAL FRePIF ZIERLY 5K, T2 Galois 475K, i H'EAE Galois 473K
HR R RY: AEAT Galois §73K E|F #REEIR A FPIF (JLE X 8.4.11 R HJF11E). H
WY Galois #f

Ip:= Gal(F*P|F) + Krull #ifb

A F 43S Galois B, BAEFME TR F5P Bl 2 F = Q sCHARY
3K (FRR%UR) W, Tr 25 52— i 4, W BEne, BRI LS54
W) FE AR Z — XI5 AR — B S5 SRR 2 2 5. PATAY Neukirch—phy [H & B
(1969, 1976) Jg—MEA BT, EHZINEE BRIV EA 2 —.

FEIE 9.2.7 (J. Neukirch, REI) & I, [> A%, B R&HE i, F. #1#
B EM Y :Tp, S Tp, MEAE—HHREH o T

]
T T U(g)=0ogool

F1 — Fg
U|F1

e A48, Bl 45t Galois 2 T 2, i 2| F A
W BRI PR Galois HEZ A [, BTN —DAER) pro-A R I' B
PR R F, W2 — AR AR R A, 22— TR SR 2 5 AR
HAY, \IZAE A TAE [33].

FHIHIEAR, R R B 5K 4.

EIR9.28 % E|F AEHMY %, N
o E|EAwr(E) 2 Galois ¥ 7;



§9.3 HEE 347

o EAr(E) &£ F [ 4 B b s R 4 A EF;
o E’EA‘”F(E) i Galois #%& T Autp(E).

MERR kb BESE— 4. W oo € B, fFIEGIH 9.1.6 I EE N O = {r(z) : T €
Autr(E)}, %2 {y € E: Pu(y) = 0} )74, Wi O R &L Qu = [[,co(X —y),
W Q. € EIX]Ar) = BAY D [X] YT Qu(x) = 0. B BRI Qu 52,
WHh Q. £ E EAM—IRIA T HEER, i E|EA(E) 2 Galois § 3k

BAESE — 4% WoN ER CB2HNT F BN HR e — MR, T2 E° C
EAE(E) 5 WHER ¢ € BAY B EMMRRE AN E TR P, € FIX] 1E
E LAl — KA AR y #RFEAE o € Autp(E) flifg y = o(z) = 2, T2
[F(z): Fls = 1. Bk o WERGE EAF(B) ¢ BA,

SRS Autr(B) {8 5 ERIFEFR, 1 Gal (B|EAYF () = Autp(E).O

FEAIH, BB EIF HRRPBE: JERAART ik BAY )P, 4k Galois 45k
ElEAutF(E)' ﬁ‘ﬁ—ﬁ:ﬂ 8.7.8 éﬂ%;?l%‘[ E= EbEh-

PSR — IR, FRATAF 2P B ™ 221 i

WE9.29 &k E|F RRET K, HENMEHBE AKX PeFIX] £ EFRAR U E
A B

SERR 5 B A F IOREAE F. 55T815 8.2.6, (AR ES £ T Q € F[X]
16 F s 288 K W) K © B. R EAVHE, K = K°KF, TR S K|F
HY 4 AR I 4 .

L. FZE K|F W EIe, @i 8.5.4 WS fift u e K fiff K = F(u). #&M /N
WX P, 7 E WA v, TR 0 € Homp (K, F) §if3 o(u) = v. IEHMERHA
K = o(K) = o(F(u)) = F(v) C E.

2. Y K|F SRAISME, 8 p = char(F) > 0. 4 o € K, H/NETR P, #4001
B b, MAUR T HRELR P, 78 F el L 52 o € B.

HH I AL O

9.3 =#mE

— B4R T AR 5K AN Galois X RZREEA TR, S IR B W] T8 S5 AN 17

HIRER AT IR, P #RAREE p > 0, MURFET R T2 Q AN F IR
T PANHUEREC p. WA SIAERI, DA RIS, SR AR 28 AR Fy 1Y
R S
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EIR9.31 HMEIE p hHRE F #E F, :=Z/pZ HRY %, |F| = plFFrl. gk —
FoEE q=p" (m>1), ERHMENTHEAER—HERE F #4& |F|=q, itk Fy;
TR T, B Galois %, 2F X9 - X cF,[X] HoZs, A HETEEHE 29 =1

JEBR RAE p BIE F R F, By, W |F| = |F, |5 = plfel . gifesyE m > 1,
FATVE AT I i A IR F 2 |F| = p™ = ¢ B X - X € Fp[X] 1452
F. fAANK (x+y)=27+y? (W (5.3) WHEHMRE {x € F: a7 =2} W F 1Y
T, BRSNS F, (ERFE TR, B2 F e X- X WRE. 5Ty,
(X1—-X) =¢X —1=—-1eFX 5| 8.4.2 ik X! — X TLER, FHIL |[F|=q H
FIF, w755 R, F|F, & Galois 475K.

BGULHIIA L [F| = q B9 F #0& X7 — X 19532488k, 40t 8 iy 43 2438 1 ik
—VESEMAER. A [ FX | =q— 1, iyl 4.2.11 FHE z € F*X B 297 =1,
2 v e FHWE 29 =x; T X9-X 18 F 10— RAK [[ep(X —2), H
REEET F, i F 1IR3, O

i¥i8 9.3.2 (Fermat WEIR) x5 i AR A BRI F, = Z/pZ, & FLL H DA F M [7] 42 455
R WA 2 €Z %H 2P =2 (mod p), MY =z 5 p HEMN 2P~ =1 (mod p). XTI
R BOE Y Fermat /NEHL. S8 EH EYIEIUEH.

AR EH 9.3.1 =K EILLEL. ¥ ¢ =p™ W L.

L XHER n € Zy1, FFAEBIRA Fg — Fon. 2N Fy (8 Fer) 2 Fp, EZT
X9—X (8 X" — X) (5388, Rl q— 1] ¢" —1 2830 X9- X | X" — X, %
G BRI ME— M FEAFTE Fp-ti A Fy — Fon.

2. K b, HBETCRNMHOLIL [Fgn : Fy] = n.
3. HEM) "2, & a,b € Zy1 HHALERIHRA Fy — Fga 1 Fy — Foo, T2
Homp, (Fye,Fp) # & <= a|b.

e =+ FAFAE Fy-tii A Foo — Fo, 384 a = [Fa : Fy) BB Fp : Fyl =
b.

W =, EEE Fpe (8 Fp) 2 F, E2TE0 X0 - X (3 X0 - X) #5)
%%7ﬁzﬁa|béﬂ%?@qa_l|qb_l7y\ﬁﬁ

X" X=X <X‘1a‘1 - 1) | X (qu—l - 1) - X7 X,
[ 20 R ) P — AR ) Fy-ik A Fga = Fp.
U Galois g Frobenius B RMIES. el 1/MET 15 LHIA.
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BN 9.3.3 X HEERH ¥ A, % XL Frobenius HRE Fr, € Endy, (A) %
Fry: A— A
r— .
WT (53), Fry HERARAS. XHT VeelF,, o9 =u, B Fry HERE F-LHEH.
IHEM AR Fo- BRI ¢« A — B, F EIH RIS RRIR i 52 i

@

A—*5B a —— p(a)
Frql J{Frq I I
A—— B a? —— p(a?) = p(a)?

A FEWGE T, Frobenius [ AR BB “H AN N4 — & BRik: Fry 4 HESFR
Tid: FAlg S FAlg 0 RS S8BT BIF, L 317 833 w2l
Fry € Autg, (E).

BHZEIRHMETE n € Zx1, BAFAEBIRA ¢« Fg — Fons AL Fon- B A Fd 0 1800
Fo-U&L, XINAE Endr, (4) 28

Fron = Fr:;.
T 9.3.4 4 E|F HHFAE p A RN K, |[F| = ¢ W E|F £ Galois ¥ %, #
Gal(E|F) & Fry &R # [E: F] W83

EBR © %0 E|F, 2 Galois § 3k, 313 9.1.2 #fiff E|F g Galois #"5k. KK
|Gal(E|F)| = [E : F| =: n, UL Frq 20 n Brochp 2.

BV EFIEN © € B #WE 297 =z, i Fr) = idp; % d | n A Frf = idp,
NE E iy 29" =2, Bk X9 — X € FIX] B2 4 @ MB, # ¢" = |E| < ¢°,
MIESZERISFH d = n. O
EIL9.3.5 4 E|F HHAE p WARBET %, |F|=q, [E:F]=n, IXEMNEEK
din #FEEE—WFER Eq (5% [E: Eg) =d, ETRAE

Ed:{xEE:an/de};
TMH di|dy <= Eq, D Ea,. XFRT A E|F &85

ERE 9.3.1 Mic's, HIEICR MR Bk ik Eq [FFT Fon/a.

R BT Gal(E|F) ~ Z/nZ, Galois ¥t (B 9.1.7) $—YML 2 AN F#ES M5
XEEAS d | n BAAEME—)THE Hg C Z/nZ 15 |Hy| = d, W H Hg, C Hyy, < dy |



350 $ENE Galois BiE

do; X Hy WPIRISGE By = B 92 E Hy = 572/nZ, ¥ RAZH) 4.2.10. O

WA Fy = For, HAFFEMEEAEHIC 9.3.2 Z GUEH. IRAEHE 9.3.4 FYHEA
PIE

Gal(Fgn|Fy) = (Fry) ~ Z/nZ.

iﬁ—_‘ﬂi‘a % d | n? iﬁ/ﬁg Fq_ﬂu‘,j‘(/\ ]Fq’i — ]Fq"7 mUTEEA?ﬁﬁﬁ

/w\

Fr, " € Gal(Fp.[F,) = Gal(F|F,) > Fr,

1 S

1—|—7’LZ S Z/nZWZ/dZ > 1+dZ

Y oalb b Foir A Fga = Foo BEA IE—F0, AW AR RHELE R (HEREEE
— IR A

Fo > Fpr—=- o o Feno e

A By BATHRASEEKA By, SHSFABERRIFL (Zo1, | ) PHIR— T LR
FogE 10 20| 31| - (REECRRIE IS )P4 “PIED”). XX A i A GRS, B T i b
PLIIERE R (6 5.5.9)
F,:=limF, ..
q ﬁ q

KE—A Fy MREE I, BEbrsg F, AR5, FEREA Fy 8 A BRY5KES
TR Fom, HTTRERA Fy. IRENS Galois B T, := Gal(Fy|F,) DA Krull $i$h
(€S 9.2.1).

WEO36 £ 454 B W& LT, St Galois # Ts, — Gal(fF,) FHF 2
@le Z)mZ, HRAE m|m = Z/m'Z — Z/mZ Z XHR.

WA AT Z > lim | Z/niZ (RS 1< 2 <o E 3. I EAG| B
9.2.2 ik T'p,. - O

H5LE 2 ERBI 5.5.7 4210 Pritfer FRIGMERE, CHLFMT [Lpy Ze, Hb 2,
% CHEEROR. SIE Z R —FORRRE, 1EREA ARG R ETEE Y05 T
SR Z MRS, N T RRGE A, R 2 A MBI IEE (1 mod nZ),s1, BIE
(9.3) XMW E| Fy ) Frobenius H[F# Fr, : 2 — 2% 50, (1 mod nZ),>1 & JoHet,
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A (Fr,) ~ Z.

SI132 9.3.7 Frobenius § [ £ &% 8 75 Z ~ (Fr,) C Gal(F,|F,).

MERR RS EIEIRUEIAHE, FRATTE BL 2 H e s Ab i — e Bt Rl
B Z FAbER. By (Fr) %RET H AR

Z%%nZ/nZ:Z

3
—_

5. 0] 5.5.7 O Z @Rk Z W T TREE (nZ) s> M50 —RIEERN Z 75 Z
I O

HET L, it Fry 2 Gal(Fy[Fy) B—MHFMERTT.
A B _E T A IR AP BT RO, VAR B, X A A R A AR ]
A2 TR

@Rl 9.3.8 (C.F. Gauss) ©HEE n>1, AWM F, Lo n KE—A T4 S AR NH
W, (q) AUT AR ,
d|n

Hd p %k Mobius & %K.
KT Mobius pREL p HE L5 Mobius i A=, EZ LG 5.4.7.

B % P e Fy[X] 2 d ORTT LI, R EHE 9.3.1 1 Ty (9355 F,[X]/(P) ~
Foo BHIGATTE « B 29" — 2 = 0. fRA 2 = X + (P), HINETRET P,
P XC X FHd |0 WIRE P | X - X, XEREN ¢ 1] ¢" — 1, AT
xa'-1_ 1 | X911, gk xa' _x | X9" — X,

H—)5TE, EE n > 1 AR—A X — X WARTARE T P 1E X9 — X Y5248,
Foo BH R x; TR2EP 9.3.5 201 d := deg P = [Fy(x) : Fy] g n = [Fgn : Fyl.
PSR (X" — X) = —1 AT, X7 — X REAR, WEERT. 41, 16 Fy[X] s
X" — X WE—H RN — R AT AT, R

x"-x=1] I P

dln P€eF4[X]
A
deg P=d

| |
3w, (q) T

FEAP IR ¢ = 3y, d¥alq); BT 1 € Zxq WEHL, JEWrS di Mobius SR 2
LT O

PRI ¢ PEAETC. BN Ua(e) W2 T BT 2B, B T A
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A A Z RN b, e dE () WISEAE A P RIORARS O (R, K g
FHERT-REFEH LM BN n iI6E), PAK (b) ¢ ZERmIE=S1A] B A iy Lie MO 4EROT
S (FRk) 3 Witt 245X).

9.4 smEE

X 22 i, AR ERE 5.2.6 AIERN At — . PR 2 R S Y
it

X941 FER¥AG FIF o nels,. T CeF WHER (" =1UHKAn K
BAR, v (Y =1 < n|d W ¢ A n KRFREMR.

Rl 9.4.2 Xt THEE n, 2K n KEFAR T =M KA HE w,(F). % char(F) {n B,
BANVE pn(F) C F5PX T p,(F) & n WA, H4AKTER n KRR EMAR.
R T |pn(F)] < n, B0 2 EH 8.5.1 W EEMEIL. Y4 char(F) { n W,
(X" 1) =nX"1 5 X" -1 BART, 53 8.4.2 F#ff Z/nZ ~ p,(F) C F%P. %
TA BOTHIWT & 2K BRI O

Rl 9.4.3 % char(F)fn T (o £ n KAREAR. W F(()|F £ Galois #7%K, B2
X" —1 W38, 3t EA A HA

Gal(F((,)|F) (2/n2)"
w v (9.4)
o r———— (a€Z/nl: V(€ p(F), o(¢) =¢).

WEBA KR G AR pn (F), 8 F(C) S X7 — 11953 280, LA e ai g R F(C)|F
"oy, 8k Galois §75K. LR 0 € Gal(F(Go)|F) HETE G EMEME: o(C) 752
pun (F) BRI, BB ¢, Ko (a,n) = 1, b2 FORIGEEHRA. O

PR F = Q MfHE.
EX-FEIE9.4.4 W n>1 HHBESTRE XA

o, = [J(x4 - 1)t/
d|n

HEH opo Zer — {0,£1} KBl 547 /- # Mobius & 4 @, BRREA o(n) =
[(Z/nZ)*| (Euler ®&) WERKE —LTRX, TKREZAAGENZ B Z

Vn € Zs1, H‘I’d =X"-1.
d|n
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WA WIE @, N ERENR Q(X) MG DATUI] @, i — B AR
A XHR R Y QIX] iR AR (WLH 5.7.16):

(X*-1,x"-1) =X —1 ab>1. (9.5)

FRIPA T (X - 1) =aX* D A1H X — 1 BER T AHEX

i)n:(an)/H{PeQ[X]:

B R, }

3d|n, d#nflifgs P| X1

BRI 5.7.13 WIATRBUEN P RZECHIE. TRE o, WRERKY —2Wt. g5,
TN a #b0 = (Pu,®p) = 1, BHAITF: (9.5) T8 (0, Dy) BB X (@0 — 15
#a < b, B2 (a,b) | b, (a,b) # b HEl6 &y (158 LGB XD 1 f1 &, B, M
(Pg, Pp) = 1.

AYHEIE &, = @, ARHLLHL Mobius AR TMERA, XM T

VnEZEh H‘i’d:Xn—l.
d|n

HeRE, X7 — 1 MR R TR ARG &g, K d | K2 g | X7 — 1 ¥R
WK DA EARMATEZ LG — WS RERT, b QUX] M0 2 kS
st

X ERXBTATE T no= 3, deg B H Mobius [ 3 23 RI) 44508 h g1
Bt 3 g (d) = n (W (5.9)) 3215 deg @, = o(n). O

iz @, BPRREEOT UIREL AR C EEE, W X -1 =T (X —2),
152 2 1503 20 e B 2 25 1

‘I)n = H (X - C)v
¢ IRARJF BT AR
Frag il {2z € C: 2" = 1} £ B, SEaf e <403 2.
AT AR L2 A 4528
ER94A5 HFMn>1 fEEHAR @, £ on) KATHE —ERZHETA. ©A
EEn RAREMR (, € C @R/ Z TR

WA BUEWTH P G, /N2 TG P, W P | @, SIEEIERIEEAS n YA S
¢ HRE PR, W deg P = p(n) = deg @, Mifli @, = P AFLY. Sy I UIE N
CUERAE ptn BRI p, B P(() =0 = P(¢P) =0 BIE; BEMM ¢ K, i
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MXETFLEITR 1 (C) WA E BT,

HEH ©,(¢7) =0, HHAE @, = PQ, T Gauss 5|HRAIZIZAH P,Q € Z[X]
HE®E M. %5 P(C) =0 1 P(CP) # 0, MFA Q(CP) = 0, L} P(X),Q(XP) H
AR ¢ BRIV Gauss FIERRTHIEANITE ZIX] A RE > 1 23— oW1 %
JEZ A mod p ik P,Q — P,Q € F,[X]. {Efi] z € F, B 27 =z, N2 A
Q(X?) = Q(XP) = Q(X)P; NIt P, Q 78 Fp[X] HAH AN T. i PQ=X"—1,
Mptn = (X" —1) =nX""1 €F,[X] IEE, W\ 8.4.2 H L X" — 1 1 F,p[X]
HICER, F)E. O

EIR9.4.6 ff— n WAREMAR G ARHT K Q()|Q & ¢(n) %k Galois ¥, ¥
BAFA n REMR, HFH (94) &l A FH Gal(Q(¢.)IQ) = (Z/nZ)*.

HFATFE Q(Cn) AEE n A5 B

A ERE B QG) = QIX]/(®n), # [Q(G) : Q] = deg®, = ¢(n), XWBZ
Galois #EHIBTEL. 5 —TJrTl @(n) = [(Z/nZ)*|. P itanE 9.4.3 BIRHRA B 32 F4. O

B 9.4.7 % EXEH m,n, RERKAEHA (m,n), BAXMEHA [m,n], N4 H
B

o Q(Cm)Q(Cn) = Q(Cms Cn) = QCfm,n));
o Y (m,n) =1 BﬂLv Q(Cm) N Q((:n) = Q
MR #5E mn A BNIAR Couns FEEF G = (s G o= (s T2

YA 7 __ nZl+mZ __ mn)l __ L _ L

QG Cn) = QCm,ny)- L Grv == Gal(Q(¢w)|Q), i N € Zx1. Sk Galois
TRl A AT A ST E 5

| : s

(Z/mZ)* «ﬁﬂ_— (Z/mnZ)* —ﬁ» (Z/nZ)*

TEHELK B BWRHRELE Z/mZ « Z/mnZ — Z/nZ. AT (m,n) = 1, W[
REH 5.5.2 45th Z/mnZ = Z/mZ x Z/nZ. bR RR A

Gal(Q(Cmn)1Q(Gm)) = {1} x (Z/nZ)™,  Gal(Q(Gnn)|Q(Cn)) = (Z/mZ)* x {1},

1M X P TR G KRR PRIA VUEBE 9.1.7 BENIIE, IR A A8 5 AR M,
AR ISR SR R R SE, XA ) Q(¢n) NQ(G) = Q. N
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gi b, B Q(G) #i Q Mgy ik XEIE Gal(Q((n)|Q) A& AT Heite, AL
Galois X1, Q((n)|Q MFP 3K 4 AW @ g 5k, A EF L 3 2 1 Kronecker—
Weber 5@ #EWT & Hid: AR Q BA R KBS THED QG), HZE n “Fisn]
Br7 XA T UL A o R A G (BRI, PR 2 B A IR G52 40 BlE) 45k T
Q WAy 5k Q*, WL §9.6. 4410 Hilbert 25 12 [Tk K*P i) @Ak, X
B K AR, JRE Q A Rk, 3T R K = Q(vD) (D < 0) 11k
&, Kronecker 1] “HHEZE" (830 der Jugendtraum) JHHH B R BOIEHE 00 BUE 5L B
T K. eI s AR, — Ml X5 Langlands 4440047 5 U1 R

9.5 TEmmimE

PATR B — bS5 SR 4 E. Artin I TIER] Galois X, 248 5t 2 58 & BRI ).
FEIE 9.5.1 (Dedekind—Artin) % (I',-) 4 L 3BT E A KK, E X3 ekt ik £
$#. Mo X :=Homypn(l,E) £ E FRETX: BERMH, FAT 2| E o &40
H % X

> ax()=0, ax€E (EHHRNMEHK o %),

XEX
NXEN xeX BH ay=0.
AR RS Y, ax () =0 L, & T = {x € X ay #0}, MIGMHST J=0 {1
L. BEEASR, B2 B (ay)yex 15 J # o H |[J] RATge/. FA x(1) =1,
RNJGE AT AHERE [T = 1 M. M2 |J] > 2 WInTBHSRIC & n e J Al g e T it
£(g) #nlg). T2

> axx(@x() = ayx(g ) =0,

xX€J x€J

D aé(9x() =€) Y axx(-) =0,

xeJ x€J
HRA R L2 2 D, s ax(x(9) — E(9)x(-) = 0, RECIEZE x M J ML T4E
JU(HEER T ), AR I AR (0 m), X5 (] AR M. -

EBPH x T — E JBRFCIERESRE B FRRIERR, 20T T AR, 5
WHRRILE R HNGER A Sy AU T o= (A, 1T E O F RS 5K, R)5% 8
x € Homp.ag(A, E). 8 9.5.1 FESLHEZL NG 40 R A

EI952 % F ALFH, AKX F-RE&, EIF H3EF %, N Hompag(A E) £ T

REXTEE ERELX: & X1, xn € Homppg(A, E) h—RMEFEAE,
PeE[Xy,.... X, wRT Ve A, Plxi(z),...,xn(z)) =0, 4 P=0.



356 $ENE Galois BiE

JEBA (Bourbaki [5, V. §6.2]) &8 9.5.1 Wi E™ T4 {0 (@), ., xa(2)) 1 2 € A}
AN TAEAT E-m i 1250 ¢ B, Wiz rELEkd B T Wb A
a,...,an €A {4 e (Xi(aj))lgi,jgn i (bij)i,j~ FM1E E-REm H

E[Xy,..., X, = E[Xq,...,X,]

f f(E?:1 x1(a;) X5, 300 Xn(aj)Xj>

g (Z;; b1 Xy, 2 ban]) g

BQ EARAEWRA N TAH P < Q, MEANIE Q = 0. MEE y1,...,un € F W
Ti=y 0 yiai, KHIIE

Q(@/b oo 7y’n> = P(Xl(x)a v aXn(‘T)) =0.
R F oo, Ty 3 Q = 0. O

513953 % ARTFHF LWRE F QeAXy,... . X, ] FRELMK, NFHE

B W THEZEN Q = 30, caX® (ZIIBWTS), F1E b (15 cp € AN {0} HIRH
PRAFTE F-T) i S EAFES A0 A — F i3 Mep) # 0. H

Q1:=Y Mca)X* € F[Xy,...,X,] {0}

firdh 5.6.11 Wis A TE (y1,-- -5 yn) € F™ 15 MQ(y1, .-+, 9n)) = Qi(y1,- -, yn) # 0.0
GEH 952 R F L RUFEM: & F ~F, ln=1x=id: F = F Al
F(X) = X9 — X (G5 LA

IAEAh S AT O
ENX 954 % E|F A#R Galois #7k. # F-HEZE EW— &M {o(x):0¢€
Gal(E|F)}, £4 = € B, N2 4 IEME.
fmd 9.1.3 WiE |Gal(E|F)| = [E : F], & X2 &5 A AR, BE07E T Uk Ik L
FHE.
SI3£ 9.55 E AR Galois ¥ % E|F, B G := Gal(E|F). —#% W G A TirM E F
TF {z,:0€Gy B EMELHERY G A TA, BUEES E WiEMHE

T = (T(zo))UEG

TG
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Wi X EAGE o AP, T A LAT.

WA BN [ F] = |G|, T4 {20 : 0 € G} WEFNTELE F LR, 5N
TERAENSE. WAXRKX X, arzr =0, Hf ar € F AEAE, WEAN 0 € G
A2 aro(zr) =0 (3, arzr) = 03 EAAA T T ZERAMEINE (ar), AZE, T A
B

Pk, W T AR, Hit T AR EFERRE (00), FRhE, Hf
ac € By JF2Z, VT, 3o, 0(xr)a, = 0. 3 x € B GERAE X2, bray, Hifr b € F, U @
T

Zagg(x) = Z Zanga(xT) = Z br (Z J(xT)aJ> =0.

Hit {2z, : 0 € G} ToEAM F-lEzEE E, WG Y, as0(x) =0 X » € E
BOSL, BT E L 9.5.1. O

E 9.5.6 (L H} Galois ¥ % E|F #H EHE.

IR 54 G = Gal(E|F). A1 F o5 e, Wi bAs 8, W T e B,
ERE {o(2) 1 0 € G} MFRELARA G A TR (07'7(2))o,req I (R 0!
A REHAERTT, TRER). BHETIAA |G| MU Z TN FIX, -0 € G].
FIEHE (Xo-17)0r ZATHISC

A= det (X,-1,)orec) € FIXy : 0 € G-

KA X1 =1, X1 = 0 RN AHEATHIX, TR A # 0. B B|F JCIEMES, IB2%¢
T4 v e B, EZTA A FUE Xo ~ o(z) 58] A((0(2)oec)) = 0, XHEH 9.5.2
.

S F AW, [E: Fl=niii F~TF, kit G = {Fri :0<k<n} T
15 ARV AE s i 1 B WL B O FIXIEL RIREN f o = f(Fry)(z), Hrh
(f,2) € FIX] x B; X482 FRAE AL, MRAEERE 6.7.8, f-1E FX -85

ExFX]/(P)&--- @ F[X]/(P), Pi|[Py|---|Ps

H [E: F] GRATAEA P B, AUGBChE—20. i annpx(E) = (Ps)
Frl =idp W[ Py | X" — 1. % deg Py < n, W] Py(Fry) = 0 44 {Frl : 0 < k < n}
AR LR X R, BEER 951 %5 Po=X"—-1, W n=[E:F]=)_ degP
HM E~ FIX]/(X"=1). &2 e E JILFEMFXN 1+ (X" -1) Wk FHHh
{(XF+ (X" =1):0<k<n} & FIX]/(X"—1) 7 F L3, Mgl X5 33 B
i) Frk A, bk {Fr’;(x) 0<k< n} Wl B R X4l . O

MR BRI R, B 9.5.6 TLlERU £ 18 G I— 1 30s, LT



358 $ENE Galois BiE

PRI IENIZoR FIG]. e i ek 2 0 2 fp s SO, FRATATAREL Galois I
[IREILR, 3 B R G AR “FS” /9, A -F LAY [R5

96 Kummer I£i¢

0128 Galois ¥"5k E|F FrAscHe (B4GFF) 1), (R Gal(E|F) 2328 (Si1EH)
.
Y7 9.6.1 FRaciey 5k EIF A58 n > 1, 1R G = Gal(E|F) 2355 n BT #uft,
XEIEEA 0 € G AL 0" = 1.
Bl 9.6.2 % E|F A (B ¥k, WEEFEE M, 5 BE|M f0 M|F 4,
R (RER) B Xy KNEEEGHN, FHEH n WY KES B AREE n.
BUR 2, FoAi10T ATEBUE B A 43 B AL FooP il AR R RS Had 3 Fab, FIdRKEE n
¥ F, C Feb.

VEBR X TR S 2 Galois XV HRIERLNE. BT R A, BUEY 5K QIF JHh
—J& Galois T3 (Ei|F)ier. B B =V, Ei & F [ Galois 73K, W #ERTIA

Gal(E|F) — || Gal(Ei|F)
i€l

o — (0lB)ier
VA T8 -

SIGHBUE F R4 Foop; DURNIR K F RS R RE 7 Foor . 78
F A& n WHANARITH n Ml char(F) .2 (8 n = char(F) > 0) BRI T, 4t
Kummer ¢ (8 Artin-Schreier #it) iR T F BFTAEE n Mz 5k, A4 7
PAGE— AL, AR S5RE W ATE— 45 A B Galois §75K L|F i#f, X BLALH
TG, P MU A X IE55 Galois X[ H4R.

HGHC4xT Galois B R Tp = Gal(F5P|F), ZEfETE F*°P I B, F*°P 24T
BTk EIF R, SRHE T i= Gal(F*°P|E). 445 % A EIE

sep X S > iu SEID
gt 4o | 0 (BRESMAORE) 06)
F=ep, (s AT IR -

PAR —HF A B ESE + 8 A EAARK Te-fEH, BRI, TR
ola+a’) =o(a) +o(a). FF (F*P) WEEEHEE + BIPHLERE, HETRIET
SIS —. XEIIE A AR FERRE A, PRI [35, IV.3].
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NPT H CTr AMER TP 5K EIF , i2

A .= {a € A:Vo € H, o(a) = a},
Ap = A'P = E S B, # A IR E.

Hit Tr 7 Ap FER BN Tr/Te 2, T H

A= |J A& (9.7)

E|FA7HR

o MLHHFREIE I — AL, SE A EORIFIHESSAN Tr-fERRS T A DAL
LI p s, X B Z[Up] 32 Tr WS (€ X 5.6.3): #EAE I FIBRIAH

Z[FF] x A — A
(Z ay0, a) — Zaao(a), (F BRA).

FHEAAE. TR (9.7) WHCH Z[Dr]RE A B BRI A0 F2AER S BIRiER
R, BN (o + 7)(a) = o(a) + 7(a) 5555, KRR 007 (9.

o ¥ LIF, E|F #/2 Galois 195K, [L: E] < co. % UMM ATERIMS N

Nie: AL — Ap
ar— Z o(a).

celg /T

o BN HEMS A ol PP (T4, MTEETE S C A BTNKIEETE F
AT H F(S)|F.

EX 9.6.3 (Tate EFEiA) T (9.6) F 8y A FfR Galois % E|F, & X H#

I:I_l(E|_F7 AE) := ker (NEF)/ Z (0’ - 1)AE
o€Gal(E|F)
R RER: MMER o € Gal(E|F) & Ngr(o(a)) = Ngr(a), Wit Ner((o -
(@) = 0. 1 Galois F[H8E . A 92 Tate ERWMETH A M5
(i € Z); A URE) T, AW BRI
BII9.64 % B|F 2ENY K, X, cqupm (@ — VAp = (1 — 1)(Ap), XE 7 €
Gal(E|F) Z1ERE 4 KT



360 $ENE Galois BiE

TR B Z[Gal(EB|F)] % 78 — 1= (7 — 1) - ) 7 O

HATEH L E — D2 Z0p MRS o 0 A - A AT AN &4 777E
n € Z> ffifs
b =ker(p) ~Z/nZ, p, C Ap.
AR AET S, (A, 0) HATPIZGEE.

il 9.6.5 (4288 Kummer IBi€) 1EE IEHEL n, FFHL A == (F5P)* (WALKBEE B 5 W
Feik), P 8.6.2 KU Npjp @ = [, cqurm (@) LI Galois 4 HK AT EIm
B Npjp BAMRE
o m{# char(F) =0, B3 p:=char(F) >0 ptn;
o F* AE G n AR
VAR
o1 (F9)% — (Fr)

ar—a”.

A (X" —b) = X" 5 X" — b ¥ FIX] FRART, 8o RS sk
pp = {¢ € F*P : ¢" =1} C F* AT Z/nZ.

fil 9.6.6 (Artin—Schreier ¥i) % n = p := char(F) > 0. Bl A := F®°P. EH 8.6.2
RUIMI Nijp TodER2 Galois 7 5KIEBRT Trr p. I

o1 FSP —y Fsep

a+— a? —a.

S pla+b) = p(a) + p(b), MH (XP - X)" = -1 #ff o AW W e = {C €
Fsep . (P = (} =T, W pp ~ Z/pZ.

Teit (A, o) ATes, FA1—HKT pp BEERTS, I HE X

Home(T'p, pp) := {AZS £ : Tr — pp, BHLENHIRM Gal(E|F) 4}
= {[A% € : Tp — py, M Krull #fiFhgESE} (9.8)
= Hom, (Gal(F,|F), pp), FolF : BKIEE n 373K

iy (§+n)(0) =&(0) +n(o)  Home(Tp, pg) BOAACHRAE. FfaE X

X Arp — Hom¢(T'r, pp)

ar— [xa(0) = (0 = 1)(@)], a€p(a)
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PATR U FHIBT X 2 R Y ] 25

o p((c —1)(a)) = (0 — Dp(a) = (0 — 1)(a) = 0 ZEiH Xa(0) € pp;

O piy C Ap I Xa(0) oK o IAEEL

o Hor—1l=o0(r—1)+(0c—1) H Xa : Tr — po HHEFEZ;

o i (9.7) BUABR Galois ¥'3k E|F {3 a € Ag, W x, & Gal(E|F) 5 fi#;
o BHE Xars(0) = xa(0) + x0(0), It x ZRERIZ.

Sl sl AtE x(a,0) = xo(o), EXPHDNETT a,0 BHME. &5, xa =0 <
a€Ap < ac p(Ar).

EEH 9.6.9 A1 9.6.10 Hr, KE53 %] 9.6.5 Fi1 9.6.6 HEH
B|F RFsy K — 0 (E|F, Ap) =0. (9.9)
FNTHANX — REEPER, ok PRid Kummer BEHH> 3 E H.
FIL9.6.7 47 (Ap), pp ~Z/nZ, FFX x ok, WARHBH LT (FX 4.3.7):

0= p1p — Ap — Ap > Homo(Tp,pp) — 0.

e — |
=Hom(Gal(Fy|F),1e)

MEBR AR ART 0, WIE&PEE A EiFie i, ¢ BEAEIE I R T IE &, JRE x
I %4 f € Home(Tp, pp), WP EIE, M (13 ker(f) = Tar, W f 2 f#H
Irp — Gal(M|F) < pg; HILIRIL M|F 2436580 n B9A R85k FI A R A2
WML 2 H (MBI 6.7.9) K G := Gal(M|F) /R NESR THMER [T, Hi. %
Ki =[], Hy. TRAUAEE i, BEATE H LAEZ, I5HiEE G — G/K; 5 f
BRI, Eerp el £ ffifS Gal(M|E) = K, A4 Gal(E|F) = G/K; ~ H; 2§58,
TEWHEIASE R YR n MGG R TP 5Kk E|F, iGN f : Gal(E|F) — py
HBJET im(x).

Wi Gal(E|F) MARUT 7, fir = f(1), T/& Neip(n) = [E: Flf(r) = 0. 53
0.6.4 Fil (9.9) Wizt B (BE|F, Ap) = 0 %I

Ja € Ag, n=(7—-1) ().

B, K (= 1)0(0) = ol — (@) = pln) = 0 Sl a = plo) € Ap. FRT
Xa(T):U:f(T)a S Xa = f- O
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EIE9.6.8 4% (A p) fun tuk, WAL

{F8 A:p(Ap) C A C Ap} =2 (B|F : 484 n W84 %)

A F(pil(A))

p(Ap) N Ap ' B,
FEHY A EIF BN x 5B
A/p(Ap) = Home(Gal(E|F), pp), Gal(E|F) 5 Hom (A/p(Ar), pp) . (9.10)
E 9130 20 A T 2 X Hom #3731
MR MSEHIE X x(a,0) = Xa(0) HIRE—XFBRGT

{THEA:p(Ap) CAC Ap} —— {F g Ip: Tp/T 3289 HA TR n}

& (T C Gal(F,|F) : HITRE)
(9.11)

A r:.= {’yEFpsx(A,’y) Tﬁ%O}

A= {CLEAFZX(G,F) i 0} 1 I

W« RUERBAM. BENET — dRE: HTREZA Nsea ker(xs) = T 5.
XN = x () BFRHEA T /T — Hom (A/o(Ar), p), 1 Tr/T #8502 H 14
n BRI,

M x R SCATIHL X(A,y) = 0 Z0T v Bl Flo~'(A)), i x(a.Tr) =0 ZHT
a € p(Ag), THTE Galois X I' = Tp < E T, (9.11) Tk BTN 5 BIRUS.
FIAES RUENT (9.11) WU ERG, HEH x S A/p(Ar) = Hom (Tp/T, p,) Fil
I'p/T = Hom (A/o(AF), f1)-

JREEAE TR AN FIE B Pontryagin XHHYE (63, 55 =] AURRMESEE. JLAFFM
B A, FIEARWTS (P BT HOG TN RT5%0 n 08B A, HRAgTEEIC
H L. #H N pro- A FRIEH A (2 X 4.10.5), MM JEBEIE N Pp, X A BNE
Hausdorff B, MAHBUEELRLS. BEFRM pp ~ 12/7.

L % AJRT T, & X A := Hom(A, p,) = Hom(A,Q/Z). —fikiis A = @Ab, H
AT BUE A A R TR A R (A7) ER AR TR AY ~ lim(4%)Y
HIRSE P N4
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2. WART P, X AY :=Home(A, pp) = Home(A4,Q/Z). — %A, Hom, 7
W FASHUE X AT 8 U M5 A/U Ko XB A/U B3 A REE, i
UEFIG B 9.2.3 (iii) sE4MF. M Hom, fJE X5 AY = h_ngU(A/U)V’ WAE Z,
FIXT 4.

WS D= ()" il X T I == Po - AV AR 4 A AYY B
aF A Ma)] € (AV)Y; 24 A BEINIRIE ta(a) € Homo(AY,Q/Z) 22 T HMER. H
KM BT UL o = (La)a AHEF RIS idz, — D°P o D fil idp, — D o DP. 4
THoa B2, 24 A pro-G IR ca B2 [FE.
A GRRIN AY AR, MM AR TSRS 6.7.11. —RIEET:
o M A= li_n>qAb BT T, M AV = (l.&nAb (Ab)\/>v ~ @Ab(Ab)vv'
o % A=lim AJU RF Po, W AV = (@U(A/Uw)v ~ lim, (A/U)VY, & E A
2 A .

FEE AT HATERUE T BIAZ e, Bk T R e A 3 A BRI TE.

A LA A\/V A LA A\/\/
-l 1= o) I~
limg A” — lim(A”)"" lim A/U — lim(A/U)"Y
ligleb I.LHLA/U

SETPITRE H C A, 0 HE = ker(AY oy BV), 552 AY WFITRE f07e (9.11) of
DASEER 0.6.7 %] Ap/p(Ar) = Gal(Fu|F)Y, (Ap/p(Ar)) = Gal(F,|F), B A4
WA H o HS SRS T3 B = HYY C AV, i A %
Ap/p(Arp) 8 Gal(F,|F). ¥t H- = HYY BH#fEe 6.7.12 (iil) /022, it 4
SRR — USSR IR o I, W ORER A TT LA RS 6.7.12 (1), (i) e S, O

EH 9.6.8 EAFART F M (a) 1880 n 32y ok, Hrh F FREANER n,
H F & n RN (b) 1550 p &2y ik, o p = char(F) > 0. X EE45 R4
§9.7 /MR BT

FATEISAAT (9.9), X AEPAF P4 BE PI 28
IR 9.6.9 (Hilbert 38 90 EIR, FtEMRA) & E|F 4 ARG Galois § K, 7 # Gal(E|F)
H—NERT. #acEX R Ngjpla) =1, UHEE a€ EX £1F a=7(a)a™ .

FEHG4 T Hilbert /Y [19, §54, Satz 90]; Kummer £ [ E PG 8] TiX 4528

WA 4 m o= [E: Fl AR {77 : 0 <k < m} BRI (B 9.5.1 IR



364 $ENE Galois BiE

L= (E*,.), ff1E v € E* ({34 E HF

( II - ) -7 (y) # 0,

k=0 \0<h<k

5 B HABRGA T8 (y) FKE HIFHR 5 £ 15 7% = L BIBIEE A [hes)me ™ (0) =
Npjp(a) = 1, 14 7(8) = a=' 8. Bl o= 5. O

EIE 9.6.10 (Hilbert 5§ 90 EIE, M{ERRA) & E|F 4 AR5 3 Galois ¥ %, 7 4
Gal(E|F) W —NMA KT # a € E R Trgr(a) =0, WFEE a € BX F4

a=71(a)—a.

HEBR Y HACYE (01 + 02)(a) = o1(a) + o2(a), FFHA m = [E: F]. fEEH 9.5.1 HEL
= (E,+), \IFfFTE v € E 15 Trgp(y) #0. X

Wi( > ) T (y),

k=0 \0<h<k

HP2E k=0 = Zo§h<}g m'(a) =0-a=0. FfEH

=y ( > ) -7 (y);
k=1 1<h<k
U35 B HAAA 8 (7) MREL HIFE R 78 A 1A T = LR (Chegjmz ™)(@) =

TI'E|F(CL) =0 H‘l‘f.

B—7(B)= Z at*(y) = Treir(v)a.

kE€Z/m7Z

o= —Trgp(y) 6. O
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9.7 #mmue

HIRE X 471, WA REE G ARARY T G —3 T8 G = Go D
<D G = {1}, Hp Gigq < Gy, HEEATR Gi/Gigr B Imdl k&30 (& L
4.6.3) JE AR SEMTUL G A TR 2 EEN IEEAE.

AR E X 9.1.1 2 295, FATATDARIE— A HBR Galois §5k E|F 2w AidAE
AT, KIS B AR ATk S . DUN R E RS F HRiE EC F.
EX 971 HAMRTLY K E|F ZAMBY %, w R A ENWE ET\F 2T M, T8
G = Gal(ET|F) 2R M@E. SMtitEg: EIF TUHN—NF R Calois ¥ %
L|F {3 Gal(L|F) 7.

BHETIHL 4.7.6 Wis vl ORI A TREES A, 123 F|F i Galois 7975k L|IF 5
E 2 HACY LD EY i) Galois X4 Gal(L|F) — Gal(EF), Xt FEE X
F) T b U A AR

EX9.7.2 H—AT2Y K BIF ARAM, wRFETHT KiyE

F=FEyCFE C---CEyg

#H ECE, MAXEMN0<i<k WITHMEHLEL—
(i) Biq1=Ei(a), EF o £ X" —a IR, a € E T n € Z>1 7% char(F) ¥;
(i) Eiy1 = Ei(a), ¥ a £ XP — X —a $§4R, a € E; T p := char(F) > 0.

B (i) MRS R L, (H DAR F2E B2 M 2EF- 5 48 edh, Db e SCHRER
T E = F(Va) 1 “WR07 §75K, Kt p = char(F) > 0, A BER NS 251
AERTEIE, il 8.7.7 W] AMRRE i, A BATA TSN AR

IR 0.7.3 (E. Galois) #HRT 44 % E|F AMRKMY ARYEELTHET K.

MR CIFMAE A — W W F=FyC---C E, & X 9.7.2, B, O E ifi
Eip1 = Ei(aipr). Bom RICEEE (1) e n Z 5/NAR5EL, char(F) fm. Btm
WAL ¢ € FP IFE XL E] = Ei((). 7K B |F fIEMH 2 —4 Galois 4"
ik LIF. 32 Gal(LIF) = {ni,m2, ..., mr.p }, A LIF ZFH ni(E)) 2824, STk
TCERA

Cmlar),ne(ar), ..., m(ae), n2(2), .. m(az), m2(as), ...

fEFem F g2 XA eER, ey KIS F=LoCLiC- CLy=L. [fTH
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B Ly = F(Q), ERE—BRL N (1), (i) PIRMETE, 1 HAETE (1) # H 3L n 1)
Ef ONMTER) A, NI B K Liq|Li.
=0 BE P (m.p) = 1, @0l 943 I3 F(O) = La|F Al ik,
> i >1: 18 (1) BAE Livyn = Li(¥a), Hi, i > 1, a € L 1 char(F) { n. ZEf]
9.6.5 (£ Kummer iSH L A = (a) - L™ H I HEH 9.6.8, WHIME A5
on AR IK.
> > 1: B () GE Livi = Li(a), o —a=a € L; M i > 1. 76 9.6.6 1
Artin—Schreier HISHHL A := Za + {2P —x : z € L;}, [RHEATHILEBZHE8 p W)
A K.
Ziz, v Gy = Gal(L|L;), W Liy1|L; 2k Galois §5K, i Giy1 < Gy, A HHEIEIS]
Go DGy D HTPHH R Go = Gal(L|F) n[fg. 1 E C L 58 E|F KW@
Pk
BAETETIR — AR, RO E|F AT Calois 579, B G = Gal(E|F)
GBS G =Go 2 --- 2 Gy, = {1}; AFHFHRCUIEAD Gi/Gir B ZEH A
. Galois X425 HAHN. 2

F=FEyC---CE,=F, Ei:EGi, Gal(EZ+1|EZ):GZ/GZ+1
X p := char(F), it
m = {(Gi: Git1) : 0<i <k, pf(Gi:Gip1)} THIAEWER/NARGEL

HHCm WARJFERAR ¢ € F*P. & E] = Ei((). ™~ Ej | E] %) Galois ##f 2
Gi/Giv1 BT (iR 9.2.5). #E—2:
o #pt(Gi: Gigr), THI 9.6.5 A Kummer HIgHE n = (G, : Giyr), MW
EH 9.6.8 7[5
Eiy = Ei(e), o"=a€(E)".

(3

o ¥ p=(G;i:Git1), MBI 9.6.6 1 Artin—Schreier B¢, [RIFE5H

E ,=FEj(a), o —a=acE].

i

ik, YkEE F C F(Q) = Ey C -+ C Ep WS 9.7.2 W&, il B}, O E i EIF
AR WK O

By —3, BB IE TR E B 9.6.8 FEA ERYIKIF AT, HAEM Al AR R 1k
PAEGE NG KA T BRI LEEER.
BKEIER2 U P e FIX), € P AE F EIREAR, icHA 2880 L, A4 L g
F R34 2 3 Gal(P) := Gal(L|F), Ayt P 1) Galois fif. PAEEPLRIIAE
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FEX9.7.2 M SCT, PREEIIARGAERIE (FFAE p > 0 WPA{E, M2 SCHRY (i) )
2 HACHHE Gal(P) AIfg. 75— 7, Gal(P) MICE 75 AR M EAL, 117 H.5¢ 42 dy M E A
i, NIER P IIIRGS N ca, ... o € L, MIAAHEHRA

Gal(P) < &,,.

SI39.74 AL AEREELHAA PeFIX], Wl PAAHLHANY Gal(P) # P H#
W F 1R R R L.

UEBA WA PR X o # B € F, iR 8.3.8 Sl 0 € Autp(F) £
o) = B, £ o RiflF1 7328 L B2 Gal(P) WtsE. XZi P = QR ),
deg @, deg R > 1, ] Gal(P) MIEMAREG Q Ml R RS, HAfeik. O

SEREE P RAAMER. A ERENR: Gal(P) BE M7 )z Hbil,
WM P e Cal(P) MBS TER, LI e e A 77 £ T 1k 8, 5055
Gal(P) fEMR4E &5 {1, n} FAOFEF M. AR E B A B X 5, (H BT B
— LS AL AR 5 . SRS 16 2 B RS P P R B AN, Lagrange,
Galois %468 247 W . 328 MR U FRAE F RO 4HR, 252071150 Galois JEAY &
2 . FoA IR BIFEIE SC R AKIR, [H— 2 E AR FE AR,

IR 9.7.5 (N. H. Abel, P. Ruffini) x{ FHZ n > 1, #F F t# n THES K
F(t17---atn)- )”\'Jgiﬁih

Pi= X" —t; X" ' 4 1, X" 2 o (1), € Ft1, ..., t0)[X]

Y, HH Gal(P) = &, #AlH, 4 n>58 P REARIKAE.

XA tr, ..t WSS, BHAATHE F LB n g —20. 1
AESCE, “— " TRk b B2 i R oA S

MR R 0 TR AR Flo,. . o), REAZE G A o f = f(Xo@ys s Xom))-
UL n JTCHIRERFRZ I e, ... en (B §5.8) i1 H %]

[[(X—z)=X"—er X" - 4 (1), X :4TT.

i=1
R TR EAER 5.8.5 4 F-REU 4L

S e;+it;
F(zy,...,2,)°" =F(e1,...,en) = F(t1,...,tn).

EI F(z1,...,20) N F(tr, ... t,) B3 N Fzy,...,2,)% = F(t1,...,t,)
FEIFE 9.1.6 H1 F(z1,...,20) & F(t1,...,tn) 1 Galois §75k, Galois #ESLI K &,
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1 {zr,..oxn) EROSRIER. AW {z1,...,2,} TR P WIRE, TE2FH
F(x1,...,2,) /& P W03, Gal(P) =6, 1Mi5|# 9.7.4 2808 P AnlZ). 24 n > 5 i
MRS 4.9.8 W P JFovk AR =R AR O

mFE Q b FEHIHIERKEL n 1) P € Q[X], W (P AA[2y A Gal(P) = &,) )
KAREFAETE M A2 1; X2 van der Waerden F455 [42].

AN, TOAR A ARBAT B SRR3R, 2625 — 01, M REAE C A, F. Klein
£ C. Hermite SF5GEKZ KA, 78 1884 4E42 ) T —EMBTEA M LU B T3k, IE
TR B As AR ORI B T A SCERA BB R B AT L [34). BB
R EARFHR PRI Z A R, X AF K Klein [HfFEE R IME IR TREE AT
A EAEMEH TR s T AN S G — . X I A ) ok R B
HE S ). Klein BHRF—T1 2K, X Tk o B FNIE — 1A A R EAE e
KRR S T X FE .

T Galois IR A] AT ] 2% 45 — AL, 40 Q sl BB Q(2) 4%, i)
AR LA PR RE S LA A 3K 1) Galois 7 ik 2R5 | A ARERIMEEEAR N Galois 131 i)
LT Q _BIE, R AR S

o 6, A, (D. Hilbert),
o HRRAfEREE (I R. Shafarevich),
o PSL(2,F,) := SL(2,F,)/ £ 1, HH p 2 e 528 “ BRI ar R 4L (ot
E)
o MAPRBERFIY S K BE R M (J. G. Thompson).
XA FN R T WUTATRIEERIE AR e 4, A R PAUEIH PR ZI G, BO8 5 ILRHEOR;
S AT OGBS 40 [38]. (A4 20 T FrEA R Lie ZUBERIETE, 10 Edkm
PSL(2,F,) J5Z T H—fki) PSL(2,F,) 5555, Mk rWFsml 5 ikiE Galois R FIEIE
LB AIRZIZE R, J5EH NG ERTTIEZ A r#Er—3. XERIT Galois FIEHE
BRI AR T, DA SRR 45 i ) ST 224 SR 1) L3 7
KT Galois #UEHYH B LIRS, B9 K f#i L, AZiE [58].

9.8 RurmEIAE

DA f5 2R U i SRRl 1. 8 TR R i s — BRI, 1 55 2 T
FROAEEIRUTE L. g P — 1% S, B2 AR
o JHEWI A A, B € S WHZ;
o DAz e S ML, AF-LB: AB 2K (A, B € S) JEEMIA.
FH X VE LRI, & X S S 5T Sz it
o MR HLZA,
o MR %L,
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o LH5RZAZ.

WA, BAFER THEME S S 8" C -, HIFHEHE Con(S). f73CE I, AHER]
F Con(S) IE2M S ik, M BR (m£k) MM (FFE) Fraefs2Im pr g stk

AT LA 22 o, A I S AE 4 1 R AT O —, B0 BUEAE R A 45 E 17
/AN, B B AR i B — MR 555 i T IR OFTE A 2 AR 1R ]
W, T2 A ROR AT AR ) o, TE A4 CoaxX ST 56 TP LR 5 4 B 1) R P R AT
1, [17] AR A A2k Buclid ZIARIEAE.

TEFE BB AR AR FARHIE, FA1EK S WEEEREA (0,0) FIHLE T TR
FAZRC (1,0); XA — R WAEAE DAIAE  BLAZ IR, v BRI (0,1). ARWi%ER R? 5%
i C, b (2,y) & o +yv/=1 € C. T2 Con(S) C C, Mt{EAMEARLY THIE AL
I _E A . R A 25— 2

Sl39.81 4 F 7% {0,1}CSCC, N Con(S) £ C#h¥H. MAA
o’ € Con(S) = a € Con(S),

a € Con(S) = a € Con(S).

UERA 5] Con(S) XTPUNZESE . B o € Con(S) = —a € Con(S). &AL
IE AT BT B SR MBI o # 0 J& T Con(S) 24 HALA |al, 157 € Con(S).
BAESE o, B € C, Bl B BRI BN IRAZ I SEMEZ . MEZ 520
PRI IR, ZEXHE N AT AR =B AR 38 o, B > 0, TG v = af:

[ B, BRIRIRE IR EIE. 4% v, a > 0, EEDFEIHAAILE 8 = /.
EHAFTF7 o € C BIEA, ~FITRIEIRSSS o > 0 BIHIE. imie T -
P

|AQ| =1, |QB| = a.

A Q B

AU IPER T | PQ| = Vo e, I8 o — a JodR Xt sehfEgist. O
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5| HZR i /1 € Con(S) 0
z € Con(S) < Re(z),Im(z) € Con(S).

EIE982 %ETH {01} CSCC, £FEAWNRALBE S HALMEN, B4
KT HIEA QS), MEH 2 # 2 2 € Con(S) 4 A YF AT KL

QS)=Fchkhc---CcF,cC

Hze P, MAXNEN0<i<n BF [F: Fi] =2 FAlH, 2 £ Q) LR#&
by & 2 RIWEEB AR GUR Z A IE 2 MU S EATCF 7 R

ERR FAFE A — R 25 E = F, fil B = F) SR A0 W kY 5Kk EE AR 00,
WA G EE" IRA. 3% Stk % max{n, m} l.E[ﬂﬁlEHﬂ

Wz JEEW B Fy o RO B RRRE B, IRk Fia|[Fy B
Fiyn = F(Vag) 2, a; € F. Bl&518 981 33 2z € F, C Con(S). 24
z € Con(S). [HlJEizE X

Con(S) = U S(k)7 SO — S, Sk+1) (S(k))/
k>0

WE—IRA 2 = 2y +y/ =1 € SV (j = 1, om), FEBCENHHEAER Ak

KEE Q(S) = Fo C -+ C F, CC oy RE ARG o MEIFEEH]. N 21, 2m

tH%Zf’EE%%?’FDI, Eﬁ%}ﬂﬁ?%&%ﬁm zj,y; WZIE, WNIMEETE F,. é\fﬂ”,ﬁ\lﬁlﬁ)fﬁ
RS RL, 70 LSRR TS %

(a) AL AT F BR8], Ay ik Fo

(b) ZAZB: AR THE—DRBAE F B RO E, SCRARPRIETE Fr B K9 3K AL

(c) BIAZI: dnAemiad, [R5 REAH IS o 5 R Bk )T — g A Ik, L2y
LA TSI

gz, SUTD W TR ST R KIS, TEE. O

AR, 2 € Con(S) 4L (Q(z,S) : Q(S)] € 27, (M —fAE. e % m
A Galois BIEZG . W5 REIE R 9.8.2 %) 2 Y% 54 MR KA %) (7 X
9.7.2 MIERE 9.7.3) WML, ZFOFET AL Fiy 2 Fy AT IR, &
PFEE™. AR AR e ZIE s (T F = Q(S) C ©).

IR 9.8.3 %I F WML # 2 T BIF 2 4HRY K, Tt
() BE_KBY $WE F=FEyC--- CE, £/ E C Ey;

(i) E#MHA ET|F 8 Galois 2% 2-# (H < X 4.5.1).
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IERR A 9.7.3 MIRIERH (1) FhT G = Gal(ET[F) A/ G = Gy D
D Gy = {1} BT Gi/Gipr = Z)27, Fiih G & 2-8F; bt T char(F) # 2,
AT Artin—Schreier BS B RN AAAR, ARG, Rz G 4.7.9 2T
B 2B, AR E . EE (1) = (ii). O

I M. Isaacs [20] ZE— AR KGR BATAHZHA P e QX] M
MRS S8 s —M o AT H SRR GE, XY TULAETEE L 9.7.2 Hl i
Q=FEyC---CE,>a HEK E, CC HE—K BB dWARRESRZSZE, A4
Gal(P) & 2-Hf. @Hox 2 U= A MR & RALAT A4 7).

XFIRARESR S = {0,1} WHHIE, 5 Con := Con(S) & M5 U Frfy RALAT 4
I ECA L. IAE P DA EE G 4 TR 2 b3 SR M T iy A i = RAVE . Ak
AR EATTHE RO 293 — e i

> ESIHE Gk a MIEST TR, WEFIVE S —ANIE ST 5 A AR RS2 AL
FEFVEIE ST R AL . BT RN S = {0,1,a} HEHIE b > 0
75 b3 =243, Bla=1, M [Q(2'/3) : Q] = 3 ¢ 2% {iH] b Toykh RAM1E.

> WEAR  HE—AE, BB AR E — N H AT AR IE T BT (AR
R A TS DT R, FoATR B A BT 1, (A ko AR LA 7R
V. WS R E B A VSR R

> ZESA HE-VE ERME 0, SRUARMME 0/3. wiim i MIEmE o M
BPHAERAE B w = e =S4 MIEMAY TN S = {0,1,0} HAkH
o= 08 P = w HTHRMA—RE n ¢ Con(S), ATFEL O == 7/3: 5
W ow= @ € Con, F#IHE AU n ¢ Con(S) = Con. B A, N
a = Re(n) = cos(0/3) € Con, kil =5 F /A cos(3z) = 4cos® z — 3cosz T

4a3—30¢—0039:4a3—3a—%:().
e B=2a 451 B3 —38—1=0; BHHIE X° —3X — 1 € QX] JofHMK
AUy T2l
[Q(a) : Q] = [Q(B) : Q] =3 ¢ 2°

H o ¢ Con, FJE.

DAL = % 4 F O AL B 1] T D RE 28 S A D R RS E o AL T ol R
Y57 XA M ARSI A N BB n € Zoy WRT G = 5 € Con? (Wi
B)

TATEEL TS B0 p = 22" + 1 Z ZWHN Fermat 2% FEEFE A > 1
24 +1 B A = 20, XRENE d & A WHZET, W b4
24/ 4124 + 1. #Z 2026 4F, THIN Fermat FHAA o =0,1,2,3,4 5.
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EI! 9-8-4 _]—_E%Ek%k n j%/% Cn S Con %ETX% n ﬁ;ﬂu 2ap1"'pk7 ;EL:EF P1y---5 Pk %*H
By Fermat % %%.

TEBE L 9.8.3, UL ABA Y K Q(Cl)IQ By Galois B G Iy 2-BF.
Lo =T g ™ BRI i B £ 0.4.6 i

Gn ~ (Z/nZ)* ~ H (Z/p"rZ)*.
pRH

JE RS (Z/p2)* Tt 2-3. T % pm —p L =p™ Hp - 1) At
#, 2 p =2 BHERRAMAL. Y p > 2 BAEER m = 1, T ELICHEE] 2B R4
2 p—1=24 Hrf A€ Zsy. IEISMNT p &2 Fermat F4L. O

XFFHEG no= 17, 1E 17 B RINEE R Gauss 75 1796 445 1A, 0L (17,
§29]. DA FIERHIEAE —ANRIBRAAEZZ .
MRE9.8.5 & 0cQn Il cosd HHEHYHNY 0 {7Z, L.
B sinf = cos(5 — 0) AlHfEH sin @ WL, 2R,
B KB 00T . # a = cosf € Q FR4 e = cosd +ising €
Q(iv1I—a?). 40 =22 (n,m) =1, W Q(¢,) = Q) Wik Q 1 < 2 P ik.

HIFRI Gal(QUG)IQ) =~ (Z/nZ)* F%1E n K9 H TAHBAMLI LA 1 = 2,3,4,6,
ATUAE— R -

>

1. WRES X WA Te-fEH, If H Stabr, (z) XG4 2 € X &2 Tr MIFFHE, WK X
H Tr-2. 2GR Tr-EX0 45 WM W Tr-Set. 75— 75T, ic F-EtAlg 4 {47
& F-RB0 (X 8.9.5) B piiitims, 4k F-REUFZS. W Tp-Set® [ F-EtAlg %4
EXHET ©: T'p-Set® — F-EtAlg WIR. 5% X, I O(X) K (F*P)* 1 I -3
TAE AW £ Y = X BRHEES £ (F5)Y — (F5°)Y, i S O(f). flieR
F A Hompogiag(—, F*°P).

2. Wp R F, CF. ZMHE5H 8.4.14 (I, IEW] XP — X —a € F[X] ANul2524 HAH
a¢ {b* —b:be F}; iFBE FIX])/(X? — X —a) & F [HIEHP 3.

3. & F WFHE p AR, n > 110 fi,..., fm € F[X1,..., Xa]. RENTHRUEN L
deg f1 + -+ - +deg fm < n.

(i) WEW] f1 =+ = fn = 0 7 F™ HEfR%EL = 0 (mod p). 4 q:= |F|, A
Bomod p A4 Y e [T (1= fix)T ) ANO<k<qg—1 = Y  .ad"=0.
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M
&

(ii) HEHAT (0,...,0) & fr = = fu = O WUME (BIRIY fr,..., fo BFFRIITEIE), W7
AL — AN TR
BLERFRA Chevalley-Warning iEHE. EBCRBIL NS 71l F o Gy 19, AR F AT
BHBE SR FF RS TER # (0,...,0) K. NZAREE C 3. B2 E e
T Cu 3, MR FRARREU LA TR,

4. SHMEREE p FIEHEEL n, UERA

Pn(X?), pln
Ppn(X) = 4 @, (XP)

3, (X))’ pin.

5. IEPY n > 1 4 RZ WL @, EEIEE 1.
6. [E5E n € Zsy, WFEWI:
(i) & p REH ptn, WHTE a € Z #1153 ®,(a) = 0 (mod p) 24 HALY a mod p J2
(Z/pZ)* HEy n Broc, B p=1 (mod n);
(i) UEPIEI 1+ nZx>1 PH TG ZANFRE X2 Dirichlet & FEHIFEBI.
7. 5 EE Q(C) HEM Q(6n) NR = Q (Cn + ¢ 1) HHRERT Q M9H TRIEL

8. B p NWHEEL LM Q&) BEMMWME [E:Q =211 E, MH E C R YA,
p=1 (mod 4).

9. DAERE 9.5.1 AT EH 8.6.2, FHHIEMI AT BRI (z,y) — Trp r(vy) FEELL.
10. #5E Q(vV2,V3) 1E Q LB, Hiik Galois BEH45H—41IE M.
11. iiFW] Galois §ik E|F 23c#d ik HACY MG NG R Tk M|F % Rscidy k.

12. % Di,..., D AW ERKICTHHEFELR. 4 L:=QWD:,...,vDy). bA Kummer #
WIER] L]Q 2 Galois #75k, H Gal(L|Q) [F#4T (Z/2Z)".

13. & P € FIX] Jyn > 1 WIEEMRZI, HHCH o, ..., an € F*P, p2U8ECH L. B2
% 5.8.6 PHERYHIHIK 6 =[], (s — a;)?, B P IR 20, 1 H I AR HER.
% char(F) # 2.

(i) iEW Gal(L|F) N, = Gal (L | F(\/S));
(i) #£ n=2,3 WIETER §(P) MA, TR e =R E W Galois B —EINE.
14. JEFETH#E H C Sp &A —ARHRI—A p-TE3F (p AEED, W H = 6,

15. RBUECHRE p AWAZIK P € QX] 154 p— 2 DFAR, U] Gal(P) = &,. Aik
it p =3 MplT.

16. DLFHERIURE T P = X* — a1 X% 4 a2 X? — a3 X + as € F[X] 1y Galois B, bk P
AHTLT char(F) # 2, B 288001 L.

(i) WERA F_ERPUUCOA AT 2 IR D EAR, i HL e DA B
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(i) & PAE L BN 21, .. 20, X

U= T1T2 + T34,
V= T1X3 + T2T4,

W = T1T4 + T2X3.
F G = Gal(L|F) ¥H Sq ITHE, U F(u,v,w) = L9, Hrfs
Vo= {1,(12)(34), (13)(24), (14)(23)} <1 &4, V =~ (Z/2Z)*.
(iii) JER
Q=X —-u)(X—0)(X —w) =X — a2 X” + (a1a3 — 4a4) X — (aias + a3 — 4azas),

mH P, Q AMIFRFIHN 6 € F*; IEH] Q ) Galois #Hg G/GNV. —i#k Q i P
i = X

(iv) 732K &4 WL THE: (a) 64, (b) As, (¢) V, (d) 4 BriasrsiE (PIPTILHE), (e) Sylow
2-FH ~ Ds (MPIILHE).

(v) # 3
5§ | QeF[X] G |G/GNV|
¢ F*2 | Ry G4 6
€ F*? | R4y Ay 3
¢ F*? CIEL Ds 5% Z/47 2
€ Fx? CIES| 1% 1

17. kg g B 6 ¢ X2 i Q WARE, I Q MARERE F(VG). # P 1 F(V0)
AN G ~ Ds, BN G ~ Z/AZ. KT IFARME—I XA
18. fhaEs 9.8.3 HIEHT.
19. AFFEHERE— MR F it E—DT748 P C F (FRNIEHE), W2 T
or,ye P = z+4+y,zy € P;
o F=Pu{0}u(—P~P).
LR
(i) EX z<y < y—z€ Pl (F, <) BIEFE
(i) 0<z<y = 27 >y >0
(iii) z <y, 2> 0 2= 22 < yz;
(iv) fEZFHFE > 0, $5[H char(F) = 0;
(v) —1 AREER Tl BIER C JeyAp 74 7 st
20. REAIFEL F &0 (a) P=F*? (BT H F OIS0 582 1E); (b) AR
Q € FIX] 7E F A, #KFUED]
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(i) FIaBRE Ry kG F AL,

(i) [F(V=1):F] =2 H F(V-1) H4EMITEEE T H#;

(i) RHIHE 8.2.6 Fil F(v/—1) RAREA.

’E) % Qe FIX] MAWAZITN, 4 LIF Q- (X*+1) MR, G = Gal(L|F). 1%
fil Sylow 2-F#f H C G B MAHRY 3k L7|F, i G /2 2-#. 3% T8 Gal (L|F(v-1))
P UL, MG 4.7.9 Fl Galois XFRCKEG Y F(V=1) 1€ L i 2 WY 3K, FIE; & m =1
Wty L = F(v/=1).

B F=RFREEMN (a) fl (b), M C=R(v=1), T2 I CECRA & B ik,
S IANEORS R A VIS i B =R Tl o i T o B B 0 B Y PSP ORE  FE [  (E0)
FHAMT A B, TFE X S 4% R S5 A BT B A A s B IS 2, H S . W
SR (a), (b) WIE F AR SEHANE, WL [49, 55 9 %5 Artin Hl Schreier BE5E T 92 HE Y —
RIS, WL (28, Chapter XT]. sFfHAG— A& SCHEIERBZLE T oM NasHI Je
P, JEF AR U A R






by 1 SERYNEE

)5 W2 W, IRAEAEIE o2 F SRR 42, il

o HE T EE p, X Q MALEICEK « # 0 A[AKIE p AEH RN 10 b B I
B vop(z), FINE L vp(0) = o005

o ZfHh, XFF Riemann i X FAY—m o & X RV ARE f, WHE f £«
REFPITHBIREL ve (f) € Z U {oo}.

flEim )2, WAEIE % B L —E A PFI BB v+ A — T U {oo}, Hofr A ZX0#edfim I
A PRI (BIANINARE Z, R). ARy & it 2 Krall (98I, i
I C RGP AT LR R A AT mdhhaiiy, B FRAISE &1, a0 p-BERO
Qp 1E52 Q X v, Mgl e NEICHIFFFE I M T — R A TR, Bz uit
SRR Hensel 53 (2 10.8.4). X LARSAEABBOEHMARBU LT B S,
AT AR 2.

WL 1R MR Z AORES RAHE, B Q WIHL |- [, = p O (p HE
) ST EILRME | - |oo, MR ISR PSEE T 5T

REIJE A Witt [ R p > 0 MYse iR THEIRRE 0 A TR,
A T RBULATHERE p ARGER) EFREIE 55, ERYEPIBRAER 3 428 A
p-IEH T R BE Qp MIHARTMEY SR EEE T B Witt XFBurF 7445 SOR b i)

[l .
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TG §10.1 RS TR YT ARAE X, WEEE X e s E A R 512
T, Pl Cartan BUE T E A TCaAL. FATLE §10.2 71 §10.3 £
PHBUEAE— 4 P Ac et T PR IRAEL, JRED Krull IRAE, ARIMTEVFZ W AW
=k 1T

§10.4 BAETHEAEIME L HT L. Fif5 §10.5 LM S I K (t), 80 &L
HLAA BB P B B9 i 2 Archimedes AT LA EEAKER, [l p2—
BURKAEIE T3 A R ) 1

MRAEAE e (§10.6 A1 §10.7) BTUK M HAF 257, JLHRAEARSE A HITEIE,
SV R A A Bl . AR GBI TR0 R 15, i [62]; AEdt2 i
PAABEE ST ORI S, RS T RATANXE A IRR S T8 1 H O AYSHEA
IR, AHXIH18 57 T (28, Chapter XII] A1 [35, Chapter 1] f it

10.1 =
JEFHIML S BN T H. Cartan, TEIANL [4]. &M TUCSPER TE &R & — &4
SRS GRITE S, RO U th 2 A W . AT I B AR A — SRR A
EX 1011 524 X LW MEFEFALUTLABNTFER FCPX), T+ 9:
F.1 # ABe3 N AnBeF (T4 AE);

F2 # AcFWM XDA DA N A €T (1 LHAR);

F.3 o¢3.

ETHRRB#£0 BRFHFHOT, Wk h X LHiRFE:
FB.1 # A, Be®B, N F&ECeBFHF CCANB,

FB.2 o ¢ 5.

NTRTEDB, K F:={FCX:3BeB, FOB} A B AKHET, TAKD AT H
—NEEFCT ERX EMIRT, MR T E T .

B10.1.2 ¥ (ze)i2, A X FHFA. B F NEERBLETRANZ T FCX
AIN>1, k>N = x, € E.

%t § BWULE TR SR {og, 2pg, . TS (B> NATH, Kb N > 12
FANTERE IR MR A § )5
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$110.1.3 & X AR, A 2 e X BN, N o AR 1§12 Ec X
B o MABIA Y THEEHE U 5 e c U CE. G0 M, M X Mg fEHh
FE T o AR (U0 [57, & X 2.6.3]) AR UET N, MEH.

FE L N, v e X} BARMET X WG, X2HEAV C X HIFEY
HAY V @R A HRRRIENSE X ERIMEYS T4 8 — kg1
Mz € X}, X EA « BH

o &H EeN,, Nl zekE;

o H EeN,, WEFLE FeN, fiff FCEHyeF —= FeM,.
AR O, = (B o W4IR) ZIE. S0 (57, AR 2.3.3]. PR PN g
THIBET NS, D ESFE XS KA.

WEE X 4.10.1 AR FHTME. A1 A% 1E Hausdorff X2 Heifif b, BRI S/
R X LEREA TG TopAb, HASHT ISR RIS, B2, W] PATS 2] Hausdorff
IHPIRTEWE TopRing 1 Hausdorff #i#Muii TopField; X134k, FATZR Ak
B K — KX g, dE—2, @ DARIEIHTNA LR ML

PATR L E NS ) X, A A AREE 1050 N, @ € X ARG 10.1.2, (£ )7
B (zx)pe, FAERL X ERGUET, T X _ERIE T AT S i SR )

> WS R X RIETE §UHT © e X, WA o AR E S A F e,
GIE S — x4 § 2UETH, XENT § 2 N Bngl. stk FB.1 45 = /T
B F e § WA, B R A DR F I 2 AR .

> SEM W X 2 Hausdorft Z3[a]2Y HACY NS T EZWSE] Al
> ESM XTRE X oY X ERET S B

f§={FcY:3E€g F> f(B)},

B Y FRNET (B £(A) N F(B) D f(ANB)). H: f LS EAUE R
NreX HE E o) = (3 f(2)

> Cauchy J8F & (4, +) /2 Hausdorff A4 M, LI
No+z=N, =x+Ny, —MNo=No.
PR A _ERIET § /2 Cauchy J&F, QIRIMEATLRER U € Ny WAL E € § {15
E-E:={x—y:z,yc E} CU.

PAIRIFEE I E S Cauchy & T4, ‘148 Cauchy JE7-.
(a) i€ XL, Cauchy JETHIMAR{I & Cauchy J&T.
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(b) XTAEE = € A, &% N, & Cauchy JET WX, MIRHLEE N TELLNE, X
4R U L Ey € Mo 15 Eo — Eo C U, NIl E:= 2+ Ey € Ny WET
E—E=FEy—EyCU.

(c) &b, Wk 1 § w2k Cauchy JE1, FIMIGET § 258 0N, @yimad.

AN, FFMERIEZEFZS f: A — B WYL E Cauchy J§ § 4 Cauchy JET f3:

53 0 € B &Rl V, DA f MITESLIEER 0 € A By&Rlk U 15 f(U) C V, FlL

EefMiE FE-—ECU, TH F:=f(E)e fF L

F-F=f(E—E)cC fU)cV.

[, 5 e b VIARA T Cauchy Frail i 2 .

> SEEM WA IME A YA Cauchy JETHMREL, WFR A 2E&M. —
X Hausdorff 28 A1 #1584 1.

T © e X, JET M, WA AL, MIFR X 58— TR B XA dE
TR RS (X, d), WAL @ FERD, d-B5200 5,5, ... FFERG T4
B FESATBA R, i M T G 2] e e] DU R SRR T, X RN
FRUERIIR, 2 [57, §5.1].

X+ Hausdorff Z2uffif i A, HFE& W ZEE TopAb F)— S8 0 A —
A WRT
(CO.1) v: A— (A) HFEE,
(CO.2) 1(A) C A B,
(CO.3) A 7F Cauchy J& T2 LU R5E4.
AV 10.1.4 FAERX A FRE—ZIE T (A, o). fEAEREIMTETE §4.10 A A, AT
M AYE TAb P, KRG (41, §8] AUHERK, 528 R P25 [4, Chapitre I1T]. 32 /510 Al
TR, EBA IR 2 2

1. %, WS A FIgETiR B e

Bo= e T {B+U:BeB, U>0: FFANK} 4 RmuET. (10.1)
B 2 Cauchy JET § HUEL, W B AHAST § /MG Cauchy JEF, SFESHIH
JET I FRAEMN Cauchy JEF.
2. BRG] B = {{z}} WA B =N, #i N, #HEM/N Cauchy JET. 4 5E X

1A — A= {F: A FM Cauchy 3T}

T— T =N,.

KB/ Cauchy 6T §,® AHfE Cauchy 3 TH: {F +G: F € §,G € &) fil {~F :
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F € F}; FbA (10.1) BT R I/ Cauchy 38T, 75 A b R AC 3 shtl. 3%
i o ASRBERZS. BT A 2 Hausdorff 25[], ¢ 2 5. AHERAE 0:= Ny 2 (A, +) iy
ZIC.

3. 0T AIMIT. XTUET 2 € A R U e i, X

vhi={§ed:veg}, n={U Ui (10.2)

M EEWELEE U cV o— U c VI WRET A Mg, 5
Ny %t & MOSSEREL. LSk, BESR A dii Cauchy JETHN, BATH Nyem, UT =
{3 cA:3o mo} — {0}, T4EM (4.10) 700 A J& Hausdorff 25,

4 WFRAE « BIIFIE A S 0(A). % v e X WIS U € & = Ny B
MUY = {y U e N} = U, AR 0 2RI JE—5E o(A) Z BB, B
i Cauchy JE T B, Mk B % BILAR UT (U € B): 40 U nu(A) £ 2. &
Wik U=B+V,HPp BeBiMi Vo0& A SMEEbeB, Mb+V CU #i
U ey, JREI o(0) € UT.

5. WJGRIRGERME: W § A b Cauchy 36T, &
Bo = {UcA:U;AQ, UTeg}, L (10.2).

A DAIEW] &0 J2& A L Cauchy 3813, I H § e FH FIH/IN Cauchy 3 & € A.

P RE A RIINR, FEMUH S m. XEFNRI ST UES S A T,
MH A S ALY A SHf. BEAETIEWIR §,6 & A L Cauchy 3§75, W3
B m(3,®) JRIR. A

a'y —wy = (@' — )yt 2y —y) + @ —2)y —y) + (@ —2) (Y —y).

HETT/MIBI 0 e W C A, HE z,2" (8 y,y') BUE § (3 8) hen/ T4 F
(B @), iR (2" —2)(y' —y) € W. I (21,51) € F x G WA (2" —2)(y' —y1) +
(z—2)W —y) € W+ W. &EE (z1,01), WHAREESERE F O Ff e § Al
GOG e 5 o2’ € Fl oy € GT I (2 — )y € W, 21(y —y) € W. L,
2y — vy € AW, BORBN] m(3, ®) £ Cauchy JET-H.

1014 F40 1 A— A B& TR MR HEE T &M Hausdorff 3 #4E 402
B )& TopAb #7454 f:A— B, HEE—MAS f:A— BETEHXH%

A—s A

Y
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YA BT, R (A1) EE - E—RMHEXTRE—#, 4 A WL
W7 = %¢ 768 TopRing {7 & or.

EBR R M CO.1— CO.3, B (A, o) MR 2T (4,0 M2
TEREIE I — MR, I §2.4. 40 & € A, AT « AW (1(U) - U € M) AW
—A~ A Fffy Cauchy JET 90, # B 524 Hausdorft #I f HESEALIR £V, 50— B PR
F@), MHS W fo=f. BT, ROUEEY f(2) BTEA f1U)) %€ B
W, U € N;.

BHVIIILL L X f S, BT iR R ST S, RV R
y = f(&) 4RI, b—BEMIEAEFN U € My 115 f(NU)) € V, A7 HuE
fU) c V. XEH U BEGTEMSE, FEAH fU) @&T F 1)) MR
AT V. (BE13E 4.10.2 Wi v 4 4UAAREL, BFTAE. O

Y, # f + A — B j& TopAb =% TopRing H i &8, Wz T & S5
) X AL B
AL B B ey fEEE | el BRI T L
A - B
THBEIEIE R, A — A 152 T M TopAb 524 BERT K~ 4 Tl ComTopAb [f)—
T

RIS, N K VERRRsEAL K R0 235, G100 [41, Example 8.59]. i

K AR NS B 4 AR
K" =K iy K~ {0} > K ~ {0}, (10.3)

T —> x_l

XA R FEALEM, HREL o = 1 = zo ! HOESWERT K, I8 [4, TIL6,
Proposition 7]. Y43HFhEERIE [ IRME S 460 HE T (10.3) MU, X2 §10.3 F1 §10.4 %
A LA

10.2 «krulBESESK

AFFPHE I N AT AN, HIMBI 8.1.3 RPIAS S B SR AE Ay R 2L

5 10.2.1 (p-388%) 45 Q _F3AG 14 Nt T 0 bR R0 I B R, e Bl
A oo WIAFREL x,y MEGETEN 2 — yloo < 1. —BMTE, Q LAYZXHHTIIE L2
(@) [z 20 H [z[ =0 <= 2 =0, (b) [zy| = [z[lyl, (c) ZAAFX |z +y| < [z] + |y
RYSSERREL. MAXHERNTE Q LR d(x,y) = |y — |, AT Q PARTD. 4478 R4
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p, BAVAE Q L L —A4xHE « — |z, € Rso, 7
By = |z —ylp, <1 <= m—yEp"-g, n>0, (p,s) = 1.
it SEAEE a € Z WY p-HHAE K
vp(a) ==sup{n € Z:a € p"Z}, w,(0) = .

E x4 00 = oo TMKHE, T2 vp(ab) = vy(a) + v,(b), I HILAF v, HIRHBIESF]
Q — ZU{oc}. B p-iF4aXHE

||, = p_”l’(”’), 0], =p~> :=0.

AKERIE vp (2 +y) > min{vp(x), vp(y)}, MR |2 +yl, < max{[ely, lylp} < [2lp+|ylp,
PrffEs = AsEs. g Enl W |- |, B Q ERYZENHE, s Uit 7 “HiE” p—Fh
JER. R, 23 Aresr Cauchy FIREREXT | - [, ARG DA Q 2 R AYF3K, W]
(B gla

L~ L, Q~> Q.
EAM AR ARA G5, v, (5] - [p) A5 2 . B limg o0 p* = 0, T F51
Lt pt o pt = 52 A Z, T (1 p)

WF R EE_ Bk M v (A 10.3.5), AIAl Z, 1E2H) 5.5.6 FIFSEFHER
p-IFEEER, 1 Qp MEEFT Z, 15z FE L Z, = {o € Qp: vp(x) > 0} XEM
¥iJ2 K. Hensel T 1897 4K AY. XT Q WA BRY 3K, AEBBA B EBth &
FILER. KT p-EE—inl, £F §10.9 356 AR

#10.22 455K SCHEmER C(1). SIUER—4EgHE s P = CU{TLIF LA}, 5
H Riemann BRI, X2 B REBICIEALES. XTAER © € P E SURME [ — va(f)
Hf € C(t) 1 x AR BLUEL, TR

ft) = ap(t —x)F + BRI, k=v.(f), ar € C~ {0}.

Y x JIRGFIEFE X v (f/g) = degg—deg f (JHZ). WL—K, v, : C(t) — ZU{oo}
A FEE p-EREAR U PERT, RYTE 2 = 0, XFHEXHE | - [, == e >0 fE5E4&
1153

C(t) ~ Laurent Z%3F C((t)), Cl[t] ~ ENHEHEES C[1].

)2, %A Riemann #ijH X AFAERE0H C(X), KHAE » € X AHIiHE
UL (TEJRTRARAR T E ), AR FI BEE.
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B RE S IBIRAE. B0, FTIRZ (i v AfE— Ay scffie T p. A%
SHIEROR T ) i, ARifEfl 12 R S HmE TR

EX 1023 £FRELHEE PR (O,+) BETE PCT, AT

o I'=PU{0}U(-P),

o P+PcCP.
HUHET T L4 F o<y <= y—zcP, A P={zcl:2>0} FFULE
(I, P) A4 T4 (T, <).

AR A 7 A AR BN DR T [F] A AG 8 — W, ] DAIR 1B 42 3 A 5 A 1 () A AT o A\ 55 45
DA BT B 4 A el T B s
ox <o,y <y &M r+y<a+y
o <0 <= (—z) >0
o T KHe: (n€Zs1)AN(ne=0) = =0, XEHEN 2 >0 (I 2 <0) $FEH
nx > 0 (8] nz < 0).
KT AT SO, AT T 274 T U {oo}, i Vo € T, o < oo, FHF
T BEy el Vo, o+ oo = oo.

EX 1024 (W. Krull) 3% A A3, (T, <) A4 FR#E. T A LT HEEHRE
B TR K2 S v: A TU{oo)

v(zy) = v(x) +v(), Y€ A, (10.9)
v(z +y) = min{v(z),v(y)}, (10.5)
v(l) =0, v(0) = oo. (10.6)

BAh, BATE K v(A) N {oo} £ERH T. BHFELFRBHAHENT < R, UK v AT
1 8.

Bk 1 —3 S PAERER R, TR0 HR A .

LR 10.2.1 FY vy © Q — Z U {oo} B RIRE A 1F. 7ERE 1 IR{ELAY T
JEF, AIPABL g € Rox I X |- | == ¢7v0), WITRFIRME R & LEER [2y| = |=(lyl,
1] =1, |0] = 0 Fsi =AAEX [z + y| < max{|z], [y|}; TATRAE §10.4 FEAITHEIX—
A, Wamdt 10.4.2.

MR, AR T MRz, B P8t DM 0 U co AT RIRICR, 2
SCHRIIURIX AR HIX R UIC S, RETE TR 251
I 10.25 % v:A— TU{co} HHAE.

(i) #xze A M o@t)=—v(z) €Ty

(i) ARG BEE AT £ y" =1 (n>1), I v(y) =0, FHlH v(-1) = 0;
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(ili) v (o) ={r € A:v(z) =00} C A REHM;
ERR X T (), WA v(z™h) +o(z) = o(1) = 0. XF (i) WAE T @It m
x4 00 = oo, (10.4) F1 (10.5) FLFIZH (iii). O

HHT v 2MRH Ao~ (00) = T Li{oo}s HCBFFEIRE Y ehE R N 283 5 vt (00) =
{0}
A (10.5) 52 BrRge 0 S SR A PR o

5131026 # v: A>T U{oc} MM WHEEn>1HH
v(ry + -+ xp) > min{v(xy),...,0(xn)}, x1,...,2, € A.

EEE LR AT = v(ry) > o), Woe +- -+ zn) = 0(2).

R A n = 2 BRI Rt S {v(e))} ), (O R § B
ff,n>2 Bai=w,y:=>,,7. T&vy) >mnfu(z;):j#i}>ov). B
v(T1 4+ xn) = v(T +y) > (), WA

v(@) = v(z +y —y) 2 min{v(z +y),v(-y)} = min{v(z +y),v(y)} > v(z)

FHTE. O
TR v B A LRGSR S IAAS A BT, AP A=

U:={xeA:v(x)>e€}, el

AT o v BEAREFREZISH Ue + Uy C Uningeny, UUny C Ueyy Il —Ue = Ue.
LA A BA ISR 15

o TE 0 pify—HABIEL R IE Ue 451

o BRI (2,y) = 2+, (x,y) = zy M o — —zx HRIZIELEBYS;

o N, Ue = v71(00).
4RI A SURIENE. B4 L (4.10) WK A 2 Hausdorff %3[A]24 HAL Y
vt (00) = {0}. SIEFATEMEE v (o) = {0}

I 1027 X THEyel, TE {zcA:v(@)=) AFE; {r€A:v(x) >~} H
{reA:v(z) >~} ®REFXHH.

WEBR 518 10.2.6 S5 ih {2 1 v(@) = 7} = Unu(e)—, (& + Uy), BOATFE. R
{zv(@) 2} HIF l {ziv(e) 29 = AN U, o {7 v(z) =0} Fl {z:v(z) > 7} =
ANU, <, {z s o(@) =0} SERE AW, O

e g A LIRINE e R 4 T C R (B LIR(E) A |- == e O KT A
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RERLAS A dz,y) = |o— yl; BEHI A W ARENE RS T, B MR
FT A9 ISP AR, S0 LA 5% 4 A B K T DA B RS .

DT R §10.1 A0 38 T 3030 1 W ) — b . 5 S A 10.1.4 26
w5 TopRing "l fise ik o - A — A 55— R4 v: A - T U {oo} A
0 A - T U {oo}, HUHRILL R,

5|13 10.2.8 & § & A E#—/ Cauchy J&F, DT FE UL EH—
() FEFeffiyel,ghreF = v(z)="1;
(i) ¥ENMyel, RFE FeF 4/ FCU,.

B (1) Fey vy BAE—8. B (i) KENTEFHRZ T 0.

IEBR SEBCER—Y) (v, F) € T x § BAEAE © € F 2 v(x) > v, W Cauchy JET
ME L, JeliUE v BHLF 58/ NAR R F — F C U, HRAE513 10.2.6, SHEE y € F
®AH v(y) > min{v(z),v(y —x)} >, WHY (i) BIEE. B4 () F0HT §— 0.
H—BRE AL, WAL (n, F) i € F = v(z) <n. RGN F L
ff F—F C Uy, WIMERE z,y € F % v(z) = min{v(y),v(z —y)} = v(y), icHEH
v, BERI (1) ITEE. B AR FLF € § BACHEZS, i v MfE—. O

PZX} Cauchy JET § w] A RLHLE X

o) {% A

oo, T (ii).

HZ 52454 (A, o) fORRE. [FRRZE F— S ST A MERRIE, AL AT DAS:

© VoL =uv;

o i A—TU{oo} R,

o 0 R A AN
WRE10.2.9 % v: K — DU {oo} AH K WM, W K & A6 8. B sk 4t
z ot TESEEE K {0} b, 365 K KA

B T ot -y = (ay) My — o), OSBRI {2 € K @ v(z) = 4}
W ESE 518 10.2.8 i K LAY Cauchy JET § & AISCT 0, Wb & & A4EFA
{z:v(z) =~} BAIETE, HILIBIESAE (10.3) USH K h#hFME. O

FERI, AL HEM 2 A— AL o H o

Fi1210.2.10 24 o(A) > 0 1, WREHIERI R T4 € > 0, T4 U 2 A U84l
W e < AT ERIORIRAS A/Uy — AU, BBCHTE XIF lim | A/U. (. §5.5). 4
VT 5.5.5 HOCTHEBI ML 52 & ALI TS S 10.1.4 g AR He, 7T TopRing
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AR B AR S e

lim A/U ———— A

~.

A

(10.7)

WA FT 75 S PR A R 2 A JE T 2 A2 i P T, AT (10.5), Blans
10.2.7 73 A J2 4 A iEmAsa); R e 7 — A .

el 10.2.11 3 A BRE v T4, WEFRE Y o0 £ A PR RELER

VB EX A= S ap B lim A AE(EN] a; = Avr — A0 0, AU

(AN HBE R . SR lim a; =0. i ee I, UN ffifFi > N = v(a;) > ¢,
1—> 00

i >45>N B}

v(A; —Aj) >min{v(ag) : j <k <i} >e.

FrPA (A4;)52, /& Cauchy 751, BHFTAKIIE. .

10.3 = twiwE

PR i, K JRME v - K — DU {oo}. MRIEHIHE 10.2.5 Rk HCHEIR, o
H3f v (c0) = {0}, i H v(K*) =T.

EX-FEE10.31 #ZEH K flfE v: K — T U{co}.

(i) K°:={r € K:v(x) >0} & K BT, 4 ELBIEF,
(i) (K°)* ={z e K°:v(z)=0};

(i) HFHEZE o €Tsp, FE 0 (Tse) ={zeK:v(x)>a} £ K° WEER, T
Ke° =071 (Tsg) & K° o — M AR, #f k= K°/K° K48 5 8 RlR I8

(iv) & (I, <) ~ (Z,<) WA v 4 BHEE (2K 1), bt K° 220, &
BREH v (T5a), £F a>0.

AT o FREE, K° KL LR EEAE A F I AL

SEBR  phIRALAO A X5 L (1), A2 o € Do i o' (Tsa) 2 K° HELFRAL. fh
ve™t) = —o(e) il (). PSR Ko\ K°° = v71(0) t K° WAL, S8 K0
FEME— A RCHEAR, BUED (iif).
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2T (v), e 0,2) = (2,<). WTAEEIESFHEM a C K°, la € a fl
= v(a) € Zso /D, MXHERE 2 € a H za™! € K° = v 1 ('s), JREl a = (a) =
Tsa). BEXRTHIMEREWF S 251 10.2.7 fHE LS. O

P v B3 K> /(K°)* 5 T 40, T H v(z) > o(y) < =/y € K°. W LFEHHEH
1y, IR K° C K SEaffiE T v KR T T E X

EX103.2 % v,wh K RE. SUATE—EME MR o fnw ZENH:
o HHERBAMKRTFRAM v:v(K*) S w(K>) #HF yov=w;
o v A w % HiAHF R K°.

S PR AEL A HH A [ PR 9 MR ), ol — N G Bk 1 IREA S TR T il 10.4.4
AL

XTI K P HERAEEIC o, F o € K° s 27! € K°, Pk K Wil K°
73 200 ACELE LT §5.3. WWE T T R K° IRA— ot K.

131033 T (K,v)Wwt, % we K~{0},y:=v(w) HET {ky:k=0,1,2,...}
T HEER, WA ERRAY K = K°[J]: sk K°[5] RER K° HRETE ol
W R AR, T §5.3.

B BT K 2 K° iU, KoL) WHRA K. WEE v € K Bk > 0 fiifs
ky > —v(z), M zo® EKO,jTEI]acEKO[w] JEEe. O

BEFFEA K W5E T K ffhfh: 3 K°[L) MBI Uy @ "K°, BT o FK°
RIS, I HiBid @ - ofe FRT K.

BB ek, A 10.1.4 24 K — K fl K° — K°, ffi v 10.2.9 i3 v
Jg KB, 050k v. FHBEH] (K)° = {2 € K : v(z) > 0} WIAHLF K°.
R 1034 FAEIRMEMN 2 K0 5 (K)° T E K

2|

Ko (K)° K
i T
K° K

TE E %S R4 LR RN K°/K° 5 K° /K.

R DA LA KO - K - K BEBENN (K°) C (K)°. HEWEEE
1 K° — (K)° Boescth, g2 K° — o(K°) 2FIEHHEGE Ko hiis. X 2mHp
LR K = K g0 v > 0 8B HEs, T v > 0 #H B A F3F. @ 10.1.4 3%
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5t TopRing Hh iy 5e i &1 2

Ko —2= 5 (K

N
KO

BCEPES — AW . O, RIS K° N K = K, § Elge FHEARS
K°/K°® — K°/K®; XA o(K°) 76 (K)° g Koo PRI, A BT LR
A O

WEE10.3.5 WHM a C K° 4 0 BARBIE {a" )1, 3 H we KON {0} #HET
{kv(w): k> 1} ET $RLR, WK K 3t v 24 K T4ERT

2] - () 2]

By v: K > ZU{oo} ABHREH, TH o 8 v(w) =1, i a:= (@) = K°°.

B &k K 5 K ARIAMERD. # = B K e, TH25H 10.3.3 %
K = K°[LX]. RHEi—4558 % (10.7) il K° = K° ~ lim, , K°/ak. O

HiZ T vp 1 Q = Z U {oo}, 328 Qp = Zy[5]; XIER p-IEEUNAE §5.5 T,

PAES TEXIRR 1 IRME v SE IR K. XIRT 0 R B C #SEU%, FE0aRAT
WAEN K BRSSO P B 18 10.7.2 F5UEH] v AT DAE—HIZE 4
FIREAE K b AN K —RHFREH; 4 K = Q, B2 [45, Proposition 5.1]
WE. TR, M-8 K s K, @i

=Dl

Ko KoK Kes---

LPARAT R BT RIS 10.8.8 A1 K MR OBGAE. 4 K = Q, i,
IR K = Cp BRKSE p- ISR IR, AR A

10.4 w3E BepEmnsdE

Bl 10.2.1 2y Fp et A BEUR Q ERIPIAD “CAEXHME" FEILRME |- [ &
pELEIHE | - [, = p~ ), v p RFEG F—WE A vp ST Krull JRALAIHES.
ARATAE ] SR ol P 48 X
EX 1041 (BIHE) B K EoasHER 2 — M EHK || K = Reo, #RUT &4

(i) || =0 < z=0,




390 £+E5 HomE

(i) [yl = |2(lyl,

(if) |z +y[ < |2 + [y (ZAFFR).

BxtE || & dry) =lz—yl A K LBRREESEHEMN ATE K KA
Hausdorff 4N Rk K EWAGXE ||, |- FRAF S EIEH, W CTZE
.

WELHE] (i) F (i) 250 1) = 1, W H. | — 2| = |z|. = PREHSITER ¢ 40 = |z =
1, M3 K P ETHEATN, & aRATRHERR X METE.

5132 104.2 T8 K LWA%EE ||, |-, KT HEER:
@ [ F0TF 115
(ii) |z] <1 = |z|' < 1;

(iii) F#& teRso EH |- 1=(-)"

R () = (ii): MTARMLERHE || HHAIRIN, B4 (2] <1 < lim,_ 2" =
0, FRA&ME () 280 2] <1 < |z < 1.

PUIE (i) = (ili). 5 (i) Rz ol |z) > 1 = |z > 1. BUE y € K*
15 |y| > 1, IARHEE © € KX HAFLE r(2) € R 15 |2| = |y|"@; $=255E r(x) #£ 0.
A B

m;

i 4 lim 2% = ().
p >r(z), n; >0, JLim . r(z)
W J] < [yl
bk x| , ;T

BB R (] < (lyl)™@. e A B 2 < r(z) @I r(o), BER |2 >
(ly|")" @, % |2 = (ly|")" . HHIHEE z € K> BH

loglz| _ r(z)loglyl _ logly|
loglz|"  r(z)loglyl  log|yl

BTy >1 = [y > 1, TAVEE (1) B2 wE e € Roo. s, (i) = (1) A
2o O

EX 1043 T 43{H || K = Rsq, 1 {|n| :n € Z} C Rsg BREMFK || £
Archimedes #, WH £ |- | £3F Archimedes #.

BEATE T SE 501 Archimedes #E/5: XL o, B € Ruo, BAIERE n 15 na > .

Rk 10.4.4 43 || K — R 4 3F Archimedes % H X% %&£ X 10.2.4 T #y
BE v: K> TU{oo} R (0,<) C (R,<) (EALFR#LH), MH e O =] |; &
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BAHE e =0. UHAER=ZATER
|z +y| < max{[z|,|yl}, |z| >yl = |z +yl= |z

WA, KB ANBRE o1, ve 0 S B AXCS AT B 4 X (B F 0

B AERE LR v K — DU {oo} (OFEN (0, <) € (R, <)), B || := e O, MR
o e BIRFERI (R, +) 5 (Rso, x), PR |2y| = |2] - [y] 71 o +y| < max{|z|, |y|}
Sy IR E] (10.4) A1 (10.5), i H v~ (c0) = {0} (H K 2I) MEF z #0 —
| > 0. &b, Bk LIRME v 0 K — DU {oo} ——%F R i 2 3k = f R 22U 4 X H
|| K = Rso. 22 |2| > |y = |z +y| = |=] TIERTII 10.2.6 yFEE.
nl =1+ + 1] <|1.

JLBEAFAE N i3 Vn € Zs1, |n| < N. 3HEE v,y € K

ool < 32| (3)] ool < o+ DN (ol )
k=0
PRI n WO, % n — oo BIESR =M A4 |2 + y| < max{|z|, [y} H&J5FRTH
ESFM RIS 253 10.4.2 (i) P E 45 O

EIE 10.4.5 (Artin-Whaples EEER) % | | 28 K F— %R EZ AN th 3
(i=1,...,n). & z1,...,2, €K, e>0, WFE v € K /%

v —zi)i <€, i=1,...,n.

R BAIWEAE 2 € K [ifg [2h > 1M 2<j<n = [2[; <1 A n=211
IR, 518 10.4.2 ZEIAFTE o, B € K lify

laf1, [Bl2 <1, a2, |l > 1.
FiPA z = Bla Wi |zl > 1, |22 < 1. fEHIEH, & n > 3 HEH w € K #if5
wh >1Mi2<j<n—1 = |wj; <1 Xhn=2@REARy WL [yl > 1
lyln < 1.

o M wl, <1, W m >0 & w™y BIFTEK.

o W wln > 1, AN m — oo B w™/(14w™) X |- [ Al | AERELIT 1, X
|+ iz, BMEEILT O, #iCHL

. 0
1+ wm y, m>
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HIRTK.
B oz(m) = in € K. % 1<k <n, &iH

1, k=1
lim zl(m)—{’ k;él, (FEXTT |- )

m——+oo 0
)

T [l2y - oo [l AEIHIERE] 22(m), ..., 20(m). BT, W x = z1(m)z1+- - +20(m)2,
Hl m >0 RBpw]. O

TEIE 10.4.6 (A. Ostrowski) 17 2| %4, Q L#y 4t RA p-HLXE |- [, £ p
BRER, FEWENE | o EMELFN.

WEBA Bt || : Q = Rxo JE Archimedes; ¥HMTE n € Z>1 WA n| =1+ +1| <
1] = 1. WAFERE p 15 |p| < 1, BIMAHEBRE Tl |- =1 8=
AARGEREM {n € Z: In| <1} N Z WMRBER, M THEA pZ. FHEE o € Q° GiE
a=pb ¢ B a b 5 p TR W

la] <1 <= |p|" <1 <= k>0 < |a|, < L

FAG I FE 10.4.2 236 | - | 0T |- |
B |- | i Archimedes ZEXHERTETE. 5 EEE n,m > 1. {5 m i n-#t
HRIFHN m =ag +ant + -+ + aknk, Hrr 0 <a; <n NEE. IB54

m
, lai| <a;- |1 =a; <n.

TR A
k k
ml <Y lail - [nf" <D nlnf’
i=0 =0

MIXATTPAFH [n| > 1, B jm| < nd 2, |n|" =n/(1 —|n|) 5 Archimedes &7
J&. 4k

logm

Im| < (1+k)n-|n|* < (1 + > -n - |n|legm/losn,

logn

AERGRFIA mt At m, Joft ¢ € Zor, 58] |ml* < (1+¢- 22 njnjtlosm/Yoen, g
[ ¢ RTARIFAL t — oo, BEH W15

1 1
|m| Togm < |n| Togn |
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MAFFRIEES ) |m[t/losm = |n|l/loen, SEE RN 5. hTF RSN n € Zx BA
In| = es 1087 = [n|s,, Sif5 || = |- |5 F1 s > 0. Fe5, WA 10.4.2 2 (ii) 5 4%}
B |- | EAZES (v BUBEREE oo). O

I EETE. [EL §10.1 MIHE, XHETNE (K, |- |) FESE & T iS5E &40 A K.
PAF MR BT
o K 24h Mg,
o K FASHEESHIESR N || K — Rso.
PRy B A5k 255 i) S35 S 55— TN 3, K BEWT AR AR/ Canchy JE TR H9 75, 78wl {5 13
M Q 1 R TN Cauchy FIIEMAE (I [57, §8.1)); ZEMARIUE TES. B
£ @ & K bRy Cauchy JET, BIMAEAN e > 0 MAFIE E € & i3 |E— E| < & i
2| = [yllg < |z —y| W51 {|E] : E € &} ¥ Rso LM Cauchy JETH, TG W
& € Rso; VI T || R HE. BT o' —y 7Y = |ay| ™' - |y — 2|, BUSIEH
ATELEHAE SR F R DA 0 g FREHR/ N Cauchy JET. A (10.3) F:it K 52 4AF M.
X ERME I SR RGBT T & o Ky = Ko iiRA, 3 H K1, Ky F87E
LRI [0(2)|2 = ||y, W o ESHER MR A K1 — Ko, HAME 10.4.4, 3
T4E Archimedes #5XHH, X—PIFIFRALE §10.3 HIHIHE S VERLIY).
AT T HIPRIEE X
EX 10.4.7 B8 %% (K,|-|), B K-0EXHAE0TLE (B, -|), £+ E £
K- E 0, st |- : E— Rxo (FAEEE) #HRUT MR

NM.1 |v|| =0 < v =0;
NM.2 |[[to]| = [¢] - [Joll, #F ¢ € K;
NM.3 [lv+w| < [lv]| + [lwl]l (ZAF % ).

EXE LK NN FEEK e € Rog R arll | < - <ol - I, MARF
FREM A

R BSOS K-t as i) Hapndh i B d(2,y) = (| — yl| BiE; Fiuili, £ /Y
WA PSS 2 . DA PR AR B, 2 [53, e 1.4.17].

5132 10.4.8 WA S 80 A E AR CATE S0 F 8 3 4N

w1049 % (K,|-|) &4, E RAR%E K-\EZE, U:
(i) # E = K™, N sup-|[(x1,...,zn)|| := sup{|z1|,...,|za|} B X K™ W36 %k, /K&
WA K™ i R4E
(il) E #y9E 5 7 F 14
(iil) E SHEZRE YT T &
(iv) & |-1,]2: K = Rxo B K T&MENENE, (B |- [:) BEXT (K,]-1:)
HAREREERE (i=1,2), WEM K-ZMEBE B — B, B#4.
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UEBA X T (1) MIRIERAS M, RN K SE# 2000 K" X sup-|| - || TR5e 4, 407158 7
B REAETE (). BCE BE o, o, MR B~ K. Hit K* B/
sup-|| - || fEFEMRIEE] B _E. FATUACEN £ _FATMREL || - (| #F0 T Hhml; an
W B~ K™ AFEE, Wil E R 5e &), s 1 (). 80 XaEEgh—1
7 Bk

n
larvr + - 4+ apvg|| < (Z |v1||> sup{|a;| :i=1,...,n}.

i=1
MH n =1KHAEL AFX o ji@H=: & n > 2, XA =1,...,n fiy
By = @, Kvy. S4B E; 524, MR B B T2 B UL, (B + v) 2
E RS 0 M. Bl
I €Rsg, inf |lz+uv]|>n, i=1,...,n
zeF;

T (a1,...,a,) € K™\ {0}, #F sup; |a;| = |ak| M

al Gnp
||alvl+"'+anvn|| = |ak|' HU1+"'+UIC+"'+UTL
ag Qg

> lag|ln =n-sup{la;|:i=1,...,n}.

B (ar, .. an) = (0., 0) WHBBGE, OBt45 55 —J5 it

PRI (iv) 450 ATfTZerEms K™ — K™ MxEF K™ K™ _ERBERS (h ||
o |- 2 HT) HRELR. 5 m MR K™ — K GG, W2 AT
TEIEBR K™ — K W HELE, X2 A 5. 0

B 10.4.10 W sEa RN K Eidhh i s (BRK Hausdorff PET, H.
K AREHO) A RIS R: A IRYE K- 250 B HATME—RR i, 32 52 &1,
17 FLHC ] LR e A B Lk, HAEMELBGE ], X K =R 50 C IS %5ZK
NIRRT

Archimedes ZEXH{E A MLAB] T2 K = R, C EFTMERILEXIME | - [, UAENTE
See. AR Archimedes 588 {2tk — 1.

TEIE 10.4.11 (A. Ostrowski) # K %t Archimedes &5t{8 |- | 22 &H#, WEAN K
Z| R CHHEFEN o UKt eRso, FH

|o(2)]|oo = |l’|t7 r€eK.

MEBA  Archimedes 254251 char(K) = 0. H#EER 10.4.6, E&5HF5 K 615 Q Xt
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W) Avchimedes 454 |- oo HG5E41L R, DU HEN SZHER
E 2 € K BRI Q. € RIX] 1A, degQ, = 2. (10.8)

HR M K =R, FEFE RABIIIRA C — K; fEF—HE, A Q. £ C L
GRS —RIA T, WA ¢ HET C R G2A RABWEE o - K 5 R 8 C.
ML Frobenius EH 7.2.9 HHEIL HRZA W], HIXBEITE R RAGZ. &G,
10.4.9 (iv) Zif o WRFERR, HILAXHME [o()w FEMT |- |-

N TUE] (10.8), [EE = € K, iS4

fZ(C—)RZO

z— |2 — (2 4 2)z + 27|

G 2|0 — 0o B} f WEITIIT, # f BEW/IME m € Rxo. (UHIEW m = 0. &
S = f"Ym), X2 C FHRAERE B we S i e HK BE m >0, ik
Be € Rog > K FEAHGE 0 DALR [e] < m; ZEFHIATTH g(X) = X? — (w+
)X +tww+ee€RX]| AR a#a B cd=ww+e TJH || > [W|oo, a & S, NI
fla) >m.

PAEREE n HHIE G(X) = (9(X)—e)" —(—¢)" € RIX], WHIRHN a1,..., a2, €C
(FVFER), T HAE o1 = o HTE ISR E, AT

2n 2n

G2 = [I(X = (X @) = ] (X* — (@ + @)X + o)

i=1 =1

|G(2)]* = |G(2)?] = H [f(ei)] = fla)m* L.

7351,

|G(z)| < ’xQ —(w+ )z —&—wu’)‘n + | — €™ = f(w)" +|e|” =m" + ||

BB B
Ty (Y
m m/) "’
PR n — 400 15 fla) <m, 5ERIFHT f(a) >m FIE. O

1 52 46k, Avchimedes 48KHER0 4 JEHLMIRII 4 70 KBS 24y, i Archimedes
(K, |- ) HR EFIA 0 K CAl || = [1()]oe.

B2 b, B AR AR, PRI HE R I AR T DA 2551 Archimedes HE,
ARTITEIEFIRE 1 IREAITII. SRR |- oo OB A0 2 SEE0G: FEXORTY
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W, RARME SRR AT T — 8 HARMBNE, ik [ |2, |- [5,. -, | - oo BETEH
Ragreacei}

EX 10412 ¥ K ARELXHE |- | K — Ry ABEHE, Wk (a) K 5t || &
%, (b) K 1fE4 R4 = 6 2 R # & 8.

W2 R B e S [57, §7.6): B « € K #f B4R (W6 10.1.3); 2 (K, +) B,
X} © =0 BRERPAT. XFF Archimedes f§7%, B K =R, C Mg R E, HE
F 10.4.11, X R T A Archimedes J&EFE.

XoF Jey e S AH S5 R QIR GL(n, K) KIS 545, W] RAFF R I 7043 B () B
5%, iX /& Langlands 24 FEEALSY; X Archimedes Ry 5 e, X E & S8
() Lie BERAER BRI AT BRIS. 2N 44 WL [63).

JaiR B R AT BRI S Q 5L Fo(t) MARRY 3K, X B F, #n ¢ HTE
A BRI, ¢ A BRI AE T, AR 4 22 T BT IR 2 B AR O e — 4
XA SE AL, W [35, IL (5.2)]. XTF Fo(t) BINETE, JarfBAlse (A m T LA 5 2 24 (2
XIS RO BT, AL () S8 Fy BR—ZESTE 2500 Py bR A FERR 4L
FRRHAIHE | - |o = ¢, H vo FEREHE t = 0 BB S (IR G 10.2.2), W
SERAL Fo((t) TEARRBUXLEREAE ¢ = 0 FHEAY Laurent JEIF, KBA A2 Py 7E
— JSAL 1) SRR AR

10.5 4= supEs

MAEEE S, K J¢E Archimedes Z8XHE | - | : K — Ry, IR K X |- | 5845 XF
R ARAEE N v K — RU{oo}, &FIRATEAMULHILAE v F |- | Z APk DUFE
PAFS ¢ % K FRBEEFRSH R AT

EX 1051 = X

K (t) = {f =Y eat" € K[t] : lim |en| = o} :

n>0

Fxtdn ke f e K(t) &X

[f1] == sup [en],
n>0

A K (t) £# Gauss J2G EREEF |cn| = 0 Bl EH R sup,>q |en| B EHEAN |cnl
BE.

HRATA W AMESS, —2Ae K (1) &2 K] 8 K-8 2657 || - || s
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51 10.5.2 )l b iy K (t) & K[t] #yF R, SFH || - || # 2T HA:

[/l =0 < f=0,
1+ gll < max{|| 1], llgll},
leflf = lel-WIfIl, e e K,

gl = [1£1 - [lgll-

W2 1 fall = IFI1- gl MvEgset n etk v

PR A (K |- |) PERTSE K () XEIER K sl ek, m || - || ini=
FRAEFHZ AR, ERAEREE. 2 f =2, ant” M g =3, bat™ N K (t) HICR.
P fg =73, cal™ HIREIE

Z aibj

i+j=n

.. n
< max {faul - llgll, 171+ 101 5,5 > 3 }

|en| = < max{fag| - [bj| - i+ = n}

eI 0o — oo BTS00 K () X FGEEH], RATEMFRd T [ f9ll <
IS Nlgll- 2 TS AL, W EMZAFAE ¢ d € K {645 [c| = [If[], [d] = |lgll, T

Il = - | £

WOR AL 2R (| f] = llgl =1 = |Ifgll = 1. PAFYS Gauss 5|3 5.7.12 1)
TEBA G SCHE T fg ARMARAET K° = {z: 2| < 1}. ZEHHS
K° — k:=K°/K*: P} f,g € K°[t] BRECE#LE 0, ENERAS OB f,9 CE
) Ml fg LWTELE wlt]. BESK w[t] NHEFFR, fg=f-g# 0 fg A REARET K.
JEEE. O

HEF —logll - || ey miFF K (t) EMRE 1R, EEHT v: K > RU{cc}. T
WRBGEROA R AE S, K () #HA H AR K-,

51321053 i K- K (t) RE&H.

IEBR  HUIHIERRAS Cauchy J751 (an)ie, BULCSL B ao := 0 F fi := apq1 — ag, W8
LIRIETCIT B Do fr 1E K (t) TURSTHA £

B [ = Ypso Chont” EEE] limg oo || fill = 0, LR cn = 2 js0 chn FEFE. T
RIS [ = Y psoent” € K (t) HEHHE Y07 fre

MHER € > 0, ;U M BN REG k> M = |fill <e RN f#HY0<k<M
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M h>N W Jepn <e T

h>N = (Vk>0, [cpn| <€) = |en| <k,

W f =20 ent™ € K (t). HaRk, £ K (t) 1%

M M
F=> fe= (Ch_zck,h> th=Z<Z Ck,h) t",
k=0 >0 k=0

= h h>0 \k>M

l-|<e

M f =300 fe: O

#i810.5.4 EFaAf 10.2.11, WHER v € K 1 f = Y50 ant™ € K[t], BELAMKSE
FHRHOT fTE t = o ASRKIEM TR

lim |eg| - |z]® = 0.
k—o0

oo ol AP K° = {o o] < 1} MICRN, 28 TIERIEATE S AR 0K
A2 limy o0 x| = 0, JRE f € K (t). WHEEEHEXM C LR ESRH.

PR — AR WHR PRI O T B sl — LT 5 X gk,
DA X B 4 A ok R, SRR B LR X 2 s B ) 2T Ox ik BT
X = K°, MRl PARAENFAD K _Ef9HE Archimedes f##frJLAT, 1 K (t) #i2
LA PR B L 00— AR AR B 2 BT AR R AR JLART, S R A ST TR SR IS SR AR R I
BRI R, AT ESF R, BT Gauss WA, WZHEREUI E T/
> 1 ZIRfEH = B AEY.

AT A K (T) R JURIRAE; BA17E Huber Bk 2 [B#IE b — A
T OK° WU, S TSR AR, THBRE K AMUGE b2 B . SHMEE
x € K flreRso, EXHEE B(z,r) ={ye K:|ly—z| <r}

L M5 WA v € KO WU f e |fle = [f(x)| 50 K () RRYSEIEEL AR HY
wy : f = —log|fl. gth K (t) Fk 1 IRME, FTRAIE 2 =y <= w, T w,,
ifii H. w; ! (00) = my := {f : f(x) = 0}.

IL RO <r <1 Fokee K HrelK|l MHARE B = Bz,r): Xt
f=2s0cnlt —a)" € K(t), VAL |flp = sup,>o [ea|r™. FAM
AL SCRHI A RR 1 TE

wp = —log|-|p = inf{v(c,) —nlogr:n=0,1,2,...}.

or=0 = |flp=|fle, HIZ| I WIEE;
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or=1 = |flg=|fll, W% Gauss JLLL.

I 7@ F, HEZ - ¢ |K|. WDAE TS r BHET K|, B4 |fls = sup,es | f(2)],
M |- | B H S5 HAREA B A X, MS5ELG o PHE5EREIGX.

IV. R3pi: & B1 D Ba D ... 2 K° —FABE, I H Nysy Br = 9, & XM
BN Fl(Boyrsy i= nfisn [fl B, [FHERD, FATEA RN AR 1IRME ws,),.,. EEEF
C iR AR By D Ba D -+ WMKE AL, TERLI A L.

V. T T = R ® Za £FFZHBERILEEH (o (U2 DN EAFS), AR
r>0 = r>a>0;
g o 2 CTETRGS/N. BFEXN) © € K° fl 0 < r <1 & SUR(E

Wy, — : K (t) — T U {oo}

f= ch(t—x)” — inf{v(c,) —nlogr+na:n=0,1,2,...}.
n>0

ARG TR H] B(x,re”®), HpPR/NTHEIGH HE . v DAIEH w,, - K
FEE {y: |y - <r} HXR Mr ¢ |K| B, we— FNT I H wpe,y) =
—log |- Bz, M r € |K| B} w,,— 5 AR JUMIGE B A4

IR, X 0 <r < 1 MRS TS /N —a, WIFHIRIE w45 B R B(z,7)
AR, I BAE r € K| -5 A0 LMIBEA SR

LRI EZ —FE T BN ] K° (t) = K () N K°[t] 14f >0. AR TA
RAG R, BN K° WooR, A 1 BE M Bmmihasia “seanEm” (W (63,
X 1.7.3]), MRS EAREI L Z 8 TR 55 4h, 11T I w2 ) i DA FEAREAR
BOUfPArr i R 9z 87 24 1L I ALY r € [0, 1] FESEAR AL, FEiE 2 i #hTh
T KA (SR 1 —BRICTT A

o BPA Gauss JusL (r =1) N,
o PATHI IV B Ry,
o DA IT BN Aihl, JEAREIE —RETCIT IR V BN,
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r=20

v 5T

T !

r=1 . |
Gauss i N1

Ak T—IV B SR R T 0 B T B A B 4 1) Berkovich =), xR VA SO Y
T > 1 ZIE, BT R LR R, SR EAE O, A A BRI
AU, X IE R A S HIE P2 MY Zariski-Riemann ZEFAZ. X EME=
AITERGE, REUUA 53 RGBT T Z . BATAEA 1.

10.6 —mirammE

BB RN IR 4 AT PR R i

BRE 10.6.1 % K° A, K = Frac(K°) AR R HHdFER v e KX BA
reKe R ot e Ko, MAEARME v: K - T 5 K° BAH NN RER, TH o £F0H
(X 10.32) BXTH—.

ERR MEPEE A E X 10.3.2 ZEIFEE 7. AFMGE v BT = KX /K (Fik
), ESUFHi Ko <yKo* <= 7'y e K°. R matAER (T, <) 22875
BB v KX — T ORRRS. BAETRE (10.5). 4 2,y € KX, a:=ay !, AR
Wr+y#0, 1A

vz +y) <vly) < L—;y:aJrlgéKo — a¢ K°.

FH, v(z +y) <v(r) &= ot ¢ K°. XHHEANEERAT. O

REX10.6.2 #ATH i R AL 10.6.1 o 44 oy B30 K© Hoh MEIR. &40 1 oy WE &
#, AR Ko B AR

MG 10.6.1, @ LARER DL §10.3 AERIE R Al 2, 38 S ad e de s T 4 53k
K = Frac(K°) JeJL ERIRME v HoAME—ROC AR A SC AP 0 R BRER, 5 L B
10.3.1 Wi S WKEFR A SR ER.

FEFRIRAE R AR T 22 AR T S R i B

EIE 10.6.3 (C. Chevalley) #% L 4%, RCL 4F5,fip & RWZHEL. LHELE
L HaRBBRE o, £/F 0 DR MHAMAEL m HZ mNR=0p.
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UERA W12 §5.3: A p € R AL, S = R~ p 2T, B2 Uik
Ry := R[S™']. i 5.3.13 {4 Ry 2 Rseh: & A ME——MRRIE p[S™!] = pR,.
S TG L N IIEIFRIBORE (A, a):

R, CACL:T¥, aCA:HMME adDpR,.
Gk (A, ) AR P, HA ¥
(A1,01) < (Ag,00) <= (A1 C A2) A (a1 C ag).
XA~ (A ) € P, 2% an Ry #6028 Ry, MEIE, WA 1 €a it an Ry, = pRy,

M
p=pPR,NR)=anNR,NR=anNRk

(HMZarRE 5.3.13 M EZBIITHE). FIHZERIRIL, A Zorn 5BEER (P, <) BIHK
JC (0,m). FEREFRAMEZR m C o BRI, SUTIEY] o SHMEERH H sk
L.

B o~m=0%. FFyco~mifiy~' ¢ o, MAHREY I o[y~ K HIHAE
mly ' 0wy CAEIFENA (P, <) HERHICE, FIE. W my~t] > 1, Wt
HEX co+ay™+ - +ay =1, B c; € m. WAFEF v~ HH

oy’ + eyt o =ob

Hi (o, m) ARATHT m 2 ARCORFHAR, it @ RBAH, #Aes R T m A SUA 4,
T

B4 o RRELA L Ko Ik AL ER, WAFEAE ¢ € L fifg 2! ¢ o, Bk
o Colz* C L. i (o,m) fE P PR AMELA m - ofz!] = o[z®!]. FRAFFEEN

n m
Zaimi =1= ijx*j, a;,bj €m, ap, by #0.
i=0 §=0

H IR AF A n,m BN XM @ < o7 REHRGE 0 > me iR L5
1 —bo € o, HAA T E

m
1= chx_j, cj =0bj(1—by)" !t €m,
j=1



402 BHE BERE
ZEARTRA o™ G5 2™ = 30 e T

n—1 m

7 n—j

1= E a;x" + E ancjx™ ™’
i=0 j=1

X5 n B IMETE. BTBRLE. O

EE106.4 % EH K folf v: K - TU{oo}, WEEHT K LIK &F ERE
w: L =T U{oc}h, VDT, 4 wixk =v.

SER R Lo K. {EEEL 1063 I (R,p) = (K°, K°°), 53D\ L H4hatisig
TRAEER 0 O K°, AR m B2 mNK° = K°°. FATHE Kno=K°: &5
KnoDK°, % xecKno, & o ¢ K° MG o=t € K°° Cm, Mifij z, 27" € o*, {HfF
TRER o AW R 0X = o~ m, TJF.

WY& 10.6.1, 73 o HIERE w: L - T"U{oco}. BT {z € K : w(x) >
0} = KNo, EHT & X 10.3.2 FIA EWiE L wl 0T o, T HAESMNE SN
IO T I wlg =v. O

XFF LK, XIS FEICA w | v, AHR A PR A A
Ko L8, K =L°NKS k) — rw).
EX 1065 *tTHY K LIK fREHESE w|ov, & XEHK

(

e(w | v) = (w(L™) : v(KX)),
I

w|v):=
w | v) = [5(w) : k(v)],

SRR w | v B R R RIS R A

WRE10.6.6 AL, HEAMLIK Foi | 04 e(w | v) =e(w | 0) o f(w]|v) = f(i] ).
TEBR 45 §10.2 (M7, SEAMLAAFHTRERES, Sl 10.3.4 FERIA LRSI AZ. O

RE 10.6.7 & LIM|IK HBF %WE, wlv|u AEFREHZSE, N e(w | u) =
e(w | v)e(v | w), f(w|u)=f(w]v)f(v]u)

VERA Zrph it K UCBORI B SRR R A BT (Al 4.1.13, 8.1.5). D
ai 10.6.8 Xt THMBEY K LIK foREMNELSE w v, FH

e(w | v)f(w|v) < [L:K].

MEBR B {ys € L*}my, {2 € Lo}, 45
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< w(yl)’ s ,U}(ym) mod U(KX) *Hﬂ?ﬂ
O 21,20 FE K(w) FIBAE Kk(v) ELRMETCK.
WZUEM {yizj € L}1<icm £ K _EZPETCRRIV]. A

1<5<n

Zaiiyizj =0, aye€ KA ERHE
4,J

iy Ai =305 a2y BRTEY @, .. am RAENER A # 0. 1<t <n 5 v(a)
RATEE/AN, Th2 w (a7, Ai) = w (Zj ai_tlaijzj) WHy 0, T YD) a5 agzy € L0 455
oz, zm TE k(w) PR k(v)-ZHEA . HOBIEIETF BT T2 A; # 0 B, Bt
g

w(4;) =v(ay) +w (Z ai_tlaijzj) =v(ay) € v(K™).

J

FRTHEEM R RN 2, Ay = 0 P IEFI RAEFIBE 10.2.6, WAFHE @ # k ff5
Ayyi, Aryr BRI HE w-TREMI ], Bt o E s

w(yi) = wlye) + w(Ag) —w(A;) = w(yr) (mod v(K™)).

A I AL O
ARG K A A RS H, FRAE Abhyankar 4R

tr. deg(r(w)|k(v)) + rko ((w(LX)/v(KX)) % Q> < tr.deg(L|K);

RAERBU LA 7 s AR B o2 A T TR
WL 1069 AL, B# (L") TURFHHEN o(K¥). Eik v £% 1 BE (LFK
BE) BHERY w R

R &l B TCES, 2 v = e(w | v) -y BHAFHE AR Ty < Dy, H5BE
FET, . 9T, CR «<— I', CR, MHT,~Z < Ty, ~Z. O

il 10.6.8 MBUAE ARG, Al —BIRIEAE AU 5K P g . X —
PR NI LSS
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10.7 wesurmmmeE

R K 54 0RAT-
BIEA0.7.1 0 K x08 1 RAL v: K > RU{oo} %4, LIK 2A RS %, WHA%E
—WAEAR w | v R w B A LW, SRR AN

1

W) = R

’U(NL|K($)), ’JS'ELX.

WEBA  ‘E no=[L: K. ARPEEH 10.6.4 FHER 10.6.9, FrRIEH w ANMUEFE, 1 H.
HAEBET MBI RO v Ml w & A% K, L _Ef9dE Archimedes 8% | - |o,
| Jw. B (L] - o) AHXT (K |- ) 2 BREETRE 0 f 25 (0], Al 10.4.9 Bk L Xt
| (FREPXT w) 5845 #E—4, WBUE K Y% x, ...,z € L, WA K S LY
JE AR

I w(z) = Lo(Np k() € R BIAIH35] w fME—PE. Ak, FIHE 21,... 2, ¥
Ny SRS K™ ~ L — K; #R#Ee X 7.8.3, Ny g (z) = det(mg : K™ — K™) 50h
K Iy n o2 TN 400 K™ FAYTEEC sup-|| - || R0 30 i 0 e i 4.

BuE v e L*. #%)&

Y= NL%(mv Ny =1, w(y) =v(Nyg(®)) —nw(z).

B w(y) > 0 WAE L 1 limyyo0 y* = 0, X[ Npjx(y¥) = Npjg(y)* =1 F1 Ny 19
LR E. B8 w(y) < 0 W limooy ™ = 0 FFESHTE. T2 w(y) =0, BT
B O

i€ 10.7.2 4 K xttk 1 M v: K > RU{oo} 4, N v T —HZE 4 E E MR
By % LIK Loyt 1 wiE.

UERA ikl 8.1.12, LIK AR TP K- O

#WiC 10.7.3 & K 40l ||k ©4, LK BARY K, N L EHFAEE—ih 4t
|| 2% | |k, CETREAH

1/[L:K

MH Lz RExr&m. #—F, | |k TH—-HEFIAEMRET K LIK L.

JEBR MR ¥E Ay 10.4.4, 4 Archimedes 46X A1 72 VA 45 0 B i 5 P HES; BT
Archimedes f{% 20T f 2 B 10.4.11 AbFE. O
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EIR10.7.4 AFE 1071 WEAGT, #—FBE o H B HRE, U
e(w|v)f(w|v)=[L:K].

WA id e:=e(w |v), f:= f(w|v). fiyfl 10.6.8 & ef <[L: K].

AW o(K*) = Z, #E1 10.6.9 £ w IREH, M H w(l™) = 12. BUE w e K°°
FIIL e Lo° i v(w) = 1, w(ll) = L. SHFFEIE L° fEH K-8 ef MEMTT: #4R,
HIT v, w #ERE 1 RE, P H513E 10.3.3 15:H

L-r° H S K° H _ K,
w w
B L A K- 2B ef ANESUT, MTTEE ef > [L: K.
DA AR PR TT 1 T A Ik IR DAL R AR, 0 2 v 2 45 B {25 € Lo},
{753

f
K(w) = @ k(v) - Zj.

j=1
MALE w € L°, f7HE a1, ap € K2 G 2 = 32, 0,255 HE L ww =325 a;2) > 0.
WA AT 2 5 AR

3 r
I:Zaij‘i’Hrwq.z/’ I’/G(LO)X, O§T<6,q207q+g>0.
j=1

* o TR ol .0 B 0’ = 5, i) > 0, RA L~

! ’
(a; + wla}) z; + 11" w? 2
J J J ’
1

f
xTr =

J

/
x/IE(LO)Xa 0<r' <e ¢ >0. q’+%>q+£

AURIERLIEIE =, I w MR g BI2, 135)— R o7 € K° g5

e—1 /N—-1
TN = ZZ (Z a§q’r)wq> Iz;, N2>1
j=17r=0 q=0
WRET wln —x) > N. hgn A
o My oo Ny = T

o WA 10.2.11 Fl K (554, BATRITEE 0 ol ot WA o)) € Ko

q=0""j
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BURRES @ = SO0 S0 a2y ki Lo = > K° Iz, EEE O
1<j<f
0<r<e

eI K _Eifk 1R v, 528 6ich Ko, HREDFRE o. 0 K, R K,
— AR S 10.7.2 BB o ME—HUAESR N K, Ei0RE 1 R(E o.

BAELERBY 3K LIK. BOLC4k KA L — K, 5 Homg (L, K,), B
Autg, (K,) TEMAES FA BRI 0> oo B8 o 76 L LRGSR w | v, 4
R R T

L. 3% LIK AR, 2 Lw 9 L3 w 5k, e & eh 7Pl i a

HWMTE Lo ARG LK, SR00 (LK, : K] < [L: K] AHRESGER 10.7.1 41K
LK, X w 5e 4, A& L, Hhsest Ly BAEmRIH

LK, =Ly, [Lo:K,)<[L:K] (10.9)

2. KT REE W LK 1w | v, FA 1

Ly= lim E,.
E|K:AHRR

WRASERITE, X LIK MAEWDNARTY K M O B, Hg &0 Ea 3R RA
By < ME, = M,, FAWR (BGEHEHF) Nz RGHr. MA (10.9) w5
Ey|Ky HR, 8 Lo | Ky 285K, BE v £ Lo LRMEERTHEN w.

3. AR LIK J2 Galois 73K, H84 Gal(L|K) A KA EAAESRIRE w | v b
wwor (AL T € Gal(L|K)). Fy Stabaai(zix) (w) NIRIE w 5 FREE.

EIE 10.7.5 dEERHEY K LK, &KAN14 R4
Auty, (K,)\ Homp (L, K,) —2 {w: L 1% 1 B, w| v}

L+ VOL.

% LK & Galois ¥ %, MXHEE w,w' |v#HFE 7€ Gal(LIK) 5 w =worT.
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IERR UL TR R E. B (Vo )|k = 0k = v. #F o € Autk, (K,), HIEH
v v BME—ER] R voo =, Il oo =10

2R UL . E X Ly, W0 E. BEHD Lo | K, 52 REd 5K, SUEE K-k
A it Ly — Ky, PG ABREERGEESE w="00i Bl =1l 2.

FTREBLS A B BB 1,00t L — Ky, W2 Do =w =70ouw. 24 LIK AR,
BB AT o T2 1 L — Ky ¥+ LIK, %EH 7@5&?5‘}?{( E|K 7Ra]n
SRR BEAST 0! n(D) 5 (L) BHFRE 0, TH2 KA ) ' HESEHITES,
ﬂﬂ Kv—’a‘uj(}\ o - Zl(L ) 5 LQ( ) *Eﬂ% ﬁ 8.3.6, ‘#—‘iﬁﬁ (o1} j’\:l (RS AutKv(E)
WG v =ou.

A, BE LIK HAR Galois §75K, w,w’ | v #15%. FATREM wGal(L|K) N
w Gal(L|IK) = o S g BiLEM 1045 WigHE v € L wr(z) > 01
wr(z) <0, it 7 € Gal(L|K) {FHL. EH 8.6.2 441

O<Zw7 = NL‘K ZwT

WOPJE. Xk Galois §73K LIK, X HA IR Galois 745K E|K E X
Te :={r € Gal(L|K) : w'|g = wr|p}.

HEUE Np Te # 9. BN [E: K] BRI T /&% Gal(L|E)-RE4E2 I, ‘©XF Krull
FEENIETE SUPR (B30 9.2.3). 32 FARUERY BHERIE: B Ny Te = @, B Gal(L|K) N
SSRBAEAE Br, ..., By 1% O, Ts, = @; %Kil M := Ey--- B, & K (4R Calois
Pk, i 1 RZ w e F o’y AEER A Gal(M|K)-$sd. 7 g 0

5I3210.76 % L=K(), £% « WHRAZAKXA P e K[X]. % P & K,[X] #&
RAH @Ay P=P™ - P M {w:wl|v} 5§ {P,...,P,} ——xtf: & P A
o€ Ky, WMBH w il 0oy 21, AL 1o F(2) = Ky H ta(?) = B E.

MERR AR R 10.7.5, —YJIES5 kit v

Autg, (E)\ Hompg (K (z), K,)

Jsa

Autg, (K,)\{a € K, : P(a) =0} - (Py,..., P}
SR T firdl 8.2.3, 85 _AMETHER 8.3.8. O

FETI, AWK P AE Ko [X] HATTAREN w | v 55, 51 P =], P
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EIE10.7.7 % L=K(u) % K ARY K, WA K-REd#HRA

@:L%Kv—»HLw

wlv

Tt (zt)y.

4 LIK a6 @ 2R

MR 4 u NI P e K(X). BfE K [X] B P =1, Pre. i
1518 10.7.6 RRENT: w B K-HA 1 : D — Ky i, b (u) ) Py 248, U5
FAARE] iy : Ly — Ko AT (10.9) 4k

Ly = LK, = K,(u) 2% &,;

W Ly = Ko[X]/(Py). L824 K-S e 2

T

X+(P) e KJX]/(P) === [l Ko[X]/(P) 5 (X 4 (P™))w

| | ! !

uol, € LK, ——— [l Lu > (0w

TR F KT R4 2 P E A3 S B 5.5.2. 1 ® ;24 LIK TN ma, = 1, BTl sk

[ 0

Wie 10.7.8 (MEICEAFSRN) & v 2 K BB e, WEATRT % LIK %4
D e(w|v)f(w]v) = [Ly: K] <[L:K];

wlv wlv

Y LK F a4 k. # LIK AAR Galois #75K, | e(w |v), f(w]v) f1 w L%,
WEAEE w|v §H

| Gal(L|K)|
| Stabgai(rir) ()]

[L: K] =e(w|v)f(w]v)-

R AiGe2. SEF 10.7.4 Fidri 10.6.6 48

(Lo : K] = e( | 9) f(@ | 0) = e(w [ v) f(w | v).
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U LK TGN, hAECE R 8.5.4 TTEER L = K(u), RAHE 10.7.7 3R
S WP AT Y L s K = (L2 K] Wi 0% 0.

?ﬁﬂ‘]%fﬁﬁ*ﬁiﬂ‘]ﬁ[‘ﬁf}“%& LIK BNAER 3,0 [Lw + K] < L K] i )AT
[L: K]: XF 875K L = K(u), B 10.7.7 il @ RS >, [Lw « Ko] < [L:
] — B TR L 2 M 2 K, § 5RO 4

S Lw: K] =Y (Lt MM, : K]

wlv ulv wlu

<YL MM, : K] < [L: M][M: K] =[L: K].

ulv

HF Galois 3 3KAGITE, R FHAER 10.7.5 A PIORIFREE, B rpipins oy TG
RS w | v L

10.8 mguEhRiR

A K B 1RME v st ik, BoE A KK, [FZE R 10.7.1: v T] 0
—HIEHE K L, J5Heh oo BENAEEN K _E20aCRIRA T A T H; BT
10.4.4, AFTHEISH5E 2T PAHAE Archimedes 48X B 15 75 2GR,

EX 10.8.1 (Newton $f&k) 4 P =>,_  arX* € K[X], P # 0. & X # Newton #f
% NP(P) %
(i,v(a;)), i=0,...,n, BEEF v(a;)=o00F.

AR FHTOA.

W2, FATCHOX LA R? P, 30— MM Z K, 1 NP(P) 2 i H A r
s (B SME IR T 8) A AT RN, AL Bt it e [ A A% g

$110.8.2 It K = Q, #[F I p-#ME v = v, (f 10.2.1). B P = pX* — pX? +
PPX? + X —p, FEMBAEHRS 2 iR, THZZE Newton HT4R.
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Prek Rl —1 il & A LB .
EE 1083 /5 k, MxdsE D s eR,
NP(P) # HEMEH —s AR < e K, PN =0 A v()) =s.

MEAE —s WEABRRPE  HEHKESFT K ¥R o)) =s HRH GENER).

HEBA AU apan # 0. FHFH NP(P) gl gt—#RiK a, = 1. FIH P B
Moo A € K (PPAERD), HR I HES:

v(Ad)=--=0(,) = n (t1 30)
A\

VAt 1) = = 0( Ay 4t,) = V2 (to Tiil)
A\

M v(a,) =0, MHXT 0 <k <n BH

U(anfk?) =v Z )‘il )‘Zk > . min. {v()‘ll)++v()‘lk)}
1<iy < <ip<n N

T2 0 <k <t b vlan—k) > kvr; BLAM5EE 10.2.6 2 v(an—r, ) = tiv1, FRHAE
FIRIMEAE B ICEE (i1, .-, 00,) = (1, ). fRAD ¢ = n, MIEXFRE] NP(P) Xl —4
R —u LB, 45 1 < n, A

0<k<ty = v(an—t,—k) > t1v1 + kva, v(an_t,—1,) = t1v1 + tava.

LB, NP(P) WA RARBFEN —v > —vp > - WEEG, HAE « 4 BRI
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K. Hensel f5| B2 A AR T HEes SEGeE sl BB R, X5
U H—.
FEIE 10.8.4 (Hensel 5138) & K xt# 1 W v T4, P € K°[X]. # 20 € K° # R
v(P(x0)) > 20(P' (20)),
Hp PPe K°[X] P WA GH (44 5.6.7), WFEE xe K° 4% P(x) =03 H
v(x — x0) > v(P(x0)) — v(P'(x0)) > v(P'(x0))-

ME— ML oz, a’ € K° 4 P AR, T H v(z —xo) M v(a’ —xo) & > v(P(20)), N
r=2z.
R BATRE K° RES] @0, 21, ..., XS @ > 0 Bg

v(P(wig1)) 2 v(P(w:)) + v(P(x0)) — 20(P'(x0)),

>0
v(P'(zit1)) = v(P'(20)),
U(ig1 — z) = v(P(2:)) = v(P'(20)).

(10.10)

HEW LA, W o(P(x;)) %0 ESY, apfl 10.2.11 245 R

r:= lim x; =z + Z(wiH —x;) € K°, P(xz)=0.

i—00 ,
=0

AN v(P(x;)) > v(P(xo)) 2 v(zipr — x3) > v(P(xo)) — v(P'(z0)); B FR A2
v(r —x0) > infi>0 v(ip1 — @) > v(P(z0)) — v(P'(x0)). A o HAGHR 2z 2.
T—EM zo ik, BIHMAE (2:)i>0.

ik C &2 (10.10) /) @o, ..., 2, Herft 4 > 0. DU UL R iy, SELEG
KT Newton k. #5|HHAZ LY, B

P(X+Y)=Py(X)+P(X)Y + P(X)Y?+---, P,e K°[X].

G0 Py =Pl Pr =P ZF4 Pr(z;) # 0, BOTHU t == —P(z;)/P'(2;), EWRET

v(t) = v(P(x;)) — v(P'(x:)) = v(P(x;)) — v(P'(20)),
20(t) = v(P(z;)) + v(P(z;)) — 2v(P'(20))
> v(P(z;)) + v(P(x0)) — 20(P'(z0)) > 0
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B v(t) > 0, NI @1 i= 2+t € K°. T5& ¢ HIEREUTEL

P(SL‘Z‘+1) = P(-’I/‘z + t) = Z Pk(mi)tka
2<k<deg P

v(P(zi1)) 2 20(t) 2 0(P(2:)) + v(P(0)) — 20(P'(20)),
v(@ipr — 2i) = v(t) = v(P(x;)) — v(P(x0))-

A, hARSHE K° ERESC PI(X +Y) = P/(X) + P{(X)Y + - 1l
P(zig1) = P'(z;) €t- K°, v(P'(zi11) — P'(x5)) > v(t).

BRTT () > v(P(w0)) — v(P'(x0)) > v(P'(x0)), X v(P'(x:)) = v(P'(x0)), B 10.2.6
BIZIZE S v(P (2iq1)) = v(P' (). W@ H e (10.10) ) zo, ..., Tiq1.

BOGiEME—:. MR x € K° fil v(x — z9) > v(P'(z0)) 2 P'(x) — P'(z0) €
(x —20) K° WIMRIE KT v(P'(x0)), THE5[3 10.2.6 24 v(P'(x)) = v(P'(z0)). MAEH
J& P WM RR =, 2" € K°. f71E Q € K°[X] flifi P(X) = (X —2)(X —2")Q(X). T2

Plx) = (z —2")Q(x),

v(P'(z)) > v(x —2') > min {v(z — x0),v(z" — z0)}.
B v(z — o), v(z’ — wo) > v(P' (o)), HIEMEAFFEL v(P'(20)) > -+ > v(P'(0)),
TIE. O
BHE IR (P (20)) = 0 BAFHIANT: B k= K°/K* NRREE, Lz 2
KRS K° — k. AT Q € K°[X] {£ mod K°° JSAIPATE z ALIRUH, iCh Q(T) 55455

#iL 1085 & K Wik 1 BfE o %4, Pe K°[X]. £ cr #ET P(To) =0,
P'(z0) #0, MFAE—M v € K° £

T=2Ty €K, P(x)=0.
WEBR  AFHL xg > Zo, 25175 K v(P(x0)) > 0 1 v(P'(z0)) = 0. fLAEM 10.84. O

Tk TETRRITE K WAEZ8 L2, i@ — W A1 SMEREIA R FIFEEL
m # 0, & SXRERE pm(R) :={z € R* : 2™ = 1}.

fi 10.8.6 (Teichmiiller fX&\IT) & K WR AR, « ~ F,, Hb ¢ BEH p WHE. 4
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AR m, BAOTAREFS

pom (K) — pin (K)

z — x mod K°°.

M oppm B ERHEM: BELTE P = XM — 1€ KO[X]. §4 7 € n* B2
P/(z) = ma™ ! # 0, TRIER 10.8.5 LW pm(K) S pim (k). XSG m = g — 1 155
Bl g

fg-1(K) == pig—1(k) = K.

XWT T € v* W) x € pg—1(K) Fh T 4 K H1i) Teichmiiller fC3R70. R, 7
FE X0 ) Teichmiiller f{FITH 0 € K, XA ek L LRI £ — K°.

FEIE 10.8.7 (M. Krasner) % K x{# 1 B v 4. HET WA K C K 3#i#%
r,y € K5P. Yo =w,...,2, € K° Kz W NEAR P, e KIX] AR (5
Z:ix WA T). &

v —y)>v(e—x), i=2,...,n.

N bA K(x) C K(y). X BRI 10.7.2 % v ZE] K5 .
IEBR  SEWGZIFRH o BT o € Gal(K5P| K (y)) [E 7, 4kifi A Galois XL (EFE 9.2.4)
et 2 € K(y). BFRETHAME M, SHEE o W EEH voo = o, NI
vy —o(@) =vo(y—z) =vly —z) >v(w—1x;), i=2,...,n
TR
v(z — o(z)) > min{v(z —y),v(y —o(z)} > vz —x;), i=2,...,n.

PUATEAE 1 < j < n flif5 o(2) = 2 EIdAFERZETH =1, o(z) =2 N

#iL10.8.8 % || RTHHH (RRHHH) K LoyxtE, WAL s s4L K 2
- F R (2R

2% K T4 ETE K Pl A %T B 5, 4 char(K) = 0 B4
.

MEBA % |- | /& Archimedes 45 XH{f, WIEFE 10.4.11 20 K = R 5 C; pi—1HB4f
S5 Q C K C R, RulfgfCsh. LA Rl B5E | - | 4F Archimedes, ¥R K )
— Ak 1R, XTI, % x € K5, T K fE KOs, i —
P e K[X] AL HIR P, TR [P(2)| = |P(x) — Py(x)| IRATIRENER/DN. B8
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IR HIHIR (B 5.8.6) H PRl P, —RETLEAMR, 5 P 28—k BT, FH BAFER
y e K [fif% |y — x| 7540/, MEHE 10.8.7 373 K(z) C K(y) = K.

XFREEE AT, T char(K) = p > 0. # = € K, B K _ERtk/h 25
REGIE Po(X) = PUXP") 2, Hb P T HIL y o= o?" € K5P; i L—54
Ko — K WOTHR K A8 gy, 0 g =yl > 0. S5 b =y | 0, F
Bao=y " e K. WL O

10.9 winp=

AATHUE FEL p.

ATV p-HF BRI 2y, W5, T Z,/pZy WT5ERT Fp, nI3k e B —m i)
7 Fp = Zy {115 7(z) = © (mod pZ,), FF 7(x) K o B—MEF. & T € Zp, DB
Fp, B8R o, WIHE 21 € Z, 1% 2 = 7(2) + p2y; W p BT, o) M—. ELHR
EW 1S 21 = 7(x1) + p2o 555, TR52 F, PME—HZERNFI o, 21,..., HifFn >0
i)

F=7(x0) +7(@1)p+ -+ T(xn)p" + Tng1p" T, Tni1 €Zp.

TG RIS oo ()" T Zp PUCHE 2. Rz, WIS 10.2.11, 1FZ 551
(@ € Fp)ng BIET &= Y e T(@n)p" € Zp. L FAHRSEARIRUL

1:1
115 =2z,
n>0

[ee]

(l'n)nZO — Z T(xn)pn~
n=0

XA TR ) 22, ) E T

o RUFSETE v 7(2) BB &, X2 BAA— DGR, Ty LT

o T, WFREEHIANTKBULE [T, 00 Fp £7
XA, B 10.8.6 251 T— AWl 7 Fp — Zy, ‘BRI IVE L LR
RS, BESEWE R AN, SRR LR .
EX 1091 %k HXH Fp-RE. # Fry o 2P 2k B FH, WK £ H5EEH.
ARG 0 B ARIEAR, WEPE 8.4.15. & X 9.3.3 Wb & T ALt

EX10.9.2 % A HR¥IH, HAEEEEE o Day D F17
o MRy AME A B 54 Hausdorff #4030 (L L 5.5.5), /B A = lim A/an;
o XWHEAN n,m BH anty C dpgm;
opea FHFELF k:=A/ay ZTELH.
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HATFR A xS FRAMR p-3F. I —F B K p £ A FFERT, TH a, =p"A, 1
A KR p-IF.

I3 1093 Ex#F A EAEEES o Dax D -+ FH a,a, C g T D € a1,
MAHEE a,be A YR

a=b (moda,) = a® =" (mod apin).

BEAPR IR AT —UREUERI AL, S R a, = p" A I E.

R Sk no= 1 R, HkE P(X,Y) = 557 € ZIX,Y], &1F4iE
P(a,b) = P(a,a) = pa?~* (mod a,,), T-2& a? —b? = (a—b)P(a,b) JET a,(pA+a,,) C
Am+1- "LIEEF O

MR 10.9.4 % A h pif, ko= Afary, MEER—WWE 710 — A 7

o T(x) £ K FHRA x;
o T RINE: (1) = 1, 7(xy) = 7(2)7(y).

& 7T % Teichmilller £ . & A £ Fp-R%, W 7 i 2ol 7(x +y) = 7(x) + 7(y).

A T s REEN, Xz e v AUEEE n > 0 FEAEME 10 p"-RAR 2P €k, XFZAT
A U (a7, A X
T(z) = li_)m [xpfn}pn.

Mo > m [xf"}” 5o AR, RREECHE [0 ] 519 10.9.3 i

n

[ = [ e Al FORRHET " €

A A SE4, XU E S 7 BRI SE A7 A, 1 BAUH = Ak B4 7(2) =2

(mod Cll).

PR (zy)P " =P "y " B T MARRE, T AR T 7k — A BRI

(2P ") = 7 (), FEFEENEIERI [ ] = () TR E—E T =7 RJE, 24 A
s Fp- B, DA EMGERT A A 29 + 9P = (2 + 9)P Bk 7 k. O

4 A KRG pER, ko= AJpA. BAERTDABRIRATIIT LA BE Z, BY07 3, F53E
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FOE S pIeT)
H LNy}

n>0

(Tn)n>0 — i T (fo_n) p".

n=0

(10.11)

A WETER L ITERRA T (0,0,.) Al (L0,..). EHEY = F, BHEH
= R R SRR

AR A FOFRAERTITRE] [0 m b HISRSFRRES ML W(s), DA
BB 2PN, T

S 7 (Sulworovyor )7 )t =D wak I+ Yk

n>0 n>0 n>0

Wnfirtiid Sn? ot LR EA AR pA, WIHI So = xo +yo € K. A THlIE S1, &

T(xo + yo) + T(Sffl)p = 7(xo) + 7(yo) + (T(xlfil) + T(yfﬁl)) p (mod p?A).
WHAHE 7(z0) + 7(yo) — T(20 + yo) mod p? A? PESFET MIZ A 10.9.4 2 {IEFH
_nP"
7(2) = [zp } (mod p"ttA), z€rk, (10.12)

Hor [ ] BAEEEG. 519 10.9.3 4 [P 4y /PP = (2P + [y'/P])" (mod p2A).
HA pe A TR T, M p2 A iR 42015 H

, 1 P p P
s 1 x%/p _i_yi/p_‘_]; ([x(l)/p} n [yé/p} _ {x(l)/p _~_yé/p} ) mod pA

1 k p—k
—a Y (Z) [xé/p} [yé/p} mod pA.
0<k<pp

XWARIT 2 - 22 Fl [21/7]" = 2 (mod pA) WIH4

Si1=z1+y — Z 1(Z>x§yg_k.
O<k<pp
FIBTI Sz, S, .. BT LA 2%, (RSIRIE ARG h LA S E
o ¥ A BIERFEE A W (k) I, H—RZIWA S, P R4
o XEZIAIEARN A 5k T, FH HATLASB IR T NS R R i
R 7% p- B G i LA SRz . B Witt (9 TAF [48] @ sk 17X
LOIRE. SR ST S, Po, TANTHLEH B & o BUEAE—BZHIR R P,
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FERRVTHIR YA Witt 2R W (R); XL R (L EE, 1 HiEe Witt TARRPR R,
PATR R (18, §1) YA BT 3K, Z25I7E %50 — UK 7T IR A p, SA5H
FFRAR Witt 2.

X 1095 % R A#HF, X W(R) =[50 R, FAEN n >0 2 X84
wy, : W(R) — R

T = (xj)jZO — wn(.’L‘o,.. . ,xn) = Zfl;fnﬂp .

—FEX w:W(R) = [[,50 R A w(z) = (wo(x), w1(2), wa(),...).

B4 PR wn(z) B IS8 n ANLIE 0B (53 die Geisterkomponente), RRHTEFAT]
FIRIA R R = & U2 F- B0 X0 wn (o) Y440 28, SRTTARIE W (k) SB35 94
RCIE R R ) “%4)527. AMEA LS IER:
o MTAERMAHIFFEL ¢ - R — S, NGBS W(e) : W(R) — W(S), BBk
o WAt w PEIER [1;50 R HA BRRIREEN (E X 5.5.1), IRHIE B TERE
.
o MR R p-ToB, R pr=0 < r=0 X1 r € R{EWSL. 1F p- LR
R, M wo, ... w, WPAB R o, - .., T, BOHES w 2 BT
T AL SR T W(R) HRR RS, 1"] H T Witt 3% W(R) N EE%ET
R X Rx -, HIAFR W(R) BoCE N Witt & FATFFE— D0 (5] #H.

5|32 10.9.6 (B. Dwork) & FHEHFL ¢ : R = R #1% ¢p(r) =P (mod pR), N
w WIE%ET

{(Tn)nzo € H R: Vn>1,r,=¢p(rn_1) (mod p"R)} .

n>0
W BT ¢, BIEZ, M4 n > 1 RHRIESFE 10.9.3 155

p(Wn—1( Z¢p z;)P Ty = foniipi (mod p" R).
<n <n
E&Eﬁﬁ wn(x) = ¢p(wn—1($)) (mOd an) }iz. KE @J r0,T1,-.. € R ﬁ/@:]: Tn =
¢p(rn_1) (mod p"R), FATHIAMANE 20 == r0,..., 201 € R HRK i <n =
wi((zo, ..., ) = i, IPARTBOICUES H

- fon_ipi =7, — ¢p(wn_1(xz)) =0 (mod p"R),

i<n
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Eﬁﬁﬁ Tn € R ﬁﬁ%‘ Tn = Zi<n m];nﬂpi + z,p", IR 7 = wn(x07 cees zn) l

TRAEF B &AL im(w) A [1is0 B BT

EHE109.7 ZfH W(R) LHAS— 8 — kB EHN, 5 w: W(R) = [[,50 R
AFFER, (0,0,...) AET, (1,0,...) A L7, T H:

o MENKFEA ¢: R— S THEHE# CRing # x#

W(R) Y9, w(s)

wl lw

ano R W ano S

o BHEW—HEWHERARIK Sy € Z[Xo,...,Ys,...], Py € Z[Xo,...,Yy,..] Fo
M, € Z[Xo, ..., X,] £ W(R) oy 3F 44 i

((En)nZO + (yn)nZO = (Sn(xm ey Ty Yoy e e 7yn))n207
(-rn)nZO : (yn)nZO = (Pn(x07 s Ty Yoy ke yn))nZOa

7(zn)n20 = (Mn(an cee 7xn))n20

e, xEEMALE R B x.

Bt W() % i WX #3758 CRing 2| & & 8 & T

MEBA 57 (i) (yi)i € W(R), 7 SCHIB B4R (BRI R K1) 225, Al
Fel z; = X, v =Y HAMAIC, M R = Z[Xo, ..., Yo,...|. RIGZIAIRMZ M
Jit, fFE AR ¢p 0 R — R {fif5

¢P(Xn) = Xﬁ, d)P(Yn) = Yé)’

fii & Fermat /NERE (HIC 9.3.2) AIHI Vr ¢p(r) = rP (mod pR). 51# 10.9.6 #f LA
[[,>0 R BIICER
w(z) +w(y), wwly), -w()

AR im(w) W B/ R R p-Jo e, BT w AR ME— 25008 (S)i, (P)i, (M;);
(Wb FE M; WK Z[Xo, Xy, ...]); A5 ELAUE A S;, Py, My ALY AR TG
Xo,..0, X B Yo, .. Y BATWT S X — 0 R, XEERAFLHA M W(R) A
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HeEf:

()i + (i)i = (Si(@, )iy (@i)i(i)i = (Pi(x,9)i —(@i)i = (Mi(2))s,
OW(R) =(0,0,...), lw(r) = (1,0,...).

AR B, MM Z[Xo, ..., Yo, .. ] #] R BFZS );i T LR AT
i =Y
& UL PR

(w,w)

W(R) x W(R) —— HiZO R x HiZO R

l+

(Si)iJ/
W(R) ———— [Liso B

A M ROy p-JoBRIN w R EEE, TH wOwry) = (0,...,0) SOSCHAE, 45GHM
TICEMIRAKE [[50 B WT A R, BUE—REMIT X C R HHEZ TR
R = Z[X]; VA RS R — R A W(R') » W(R). hT Rl p-Jodg, W(R) 1y
AP E] W(R') _EAGE.

[FEAIEHE RIS ¢ : R — S, BUF W(9) : W(R) — W(S) ZIHFZ. XEiE
UL R T BT R EREE A g ME— 1. O

HIT Sy, P #l My, R RAETC Xo, -, X il Yo, ..., Yy, ALE SCETY Witt BR
Wn(R) = {(SL‘(), . 7.27”,1) T € R}

BERAREBYS wi : Wa(R) = R (0 < i <n), 7 HABARIRFRS W() = Wa() Hl
W1 (-) = Wi () (B “HB77) 2545, i RuE Wi (R) bt R.
Wit PR L3 A7 I LA ] B 2R AR 2 2 s 5

1. #AL (830 die Verschiebung) V : W(R) — W(R), Bk (zo, x1,...) N (0,20, 21, .. .).
RV R T MTERRFES ¢ R— S WH VoW(g) =W(g)oV. T
VL] VSR AR [ 5 LT A2 4

W(R) —— anoR > (yi)i>o

1

W(R) —= IL.>o R 2> (0.pyo,py1,---)

B VY B2IMEHNFEL, 24 R N p-JoHRE w NRREIZ, & VIR 2 ik, X
Tk R v g R 10.9.7 BYUERA AL,

2. Frobenius [{75 F: W(R) — W(R). E#ZIE AN R H &7 HEFFF B 22y
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WER) ——= [LsoR 2>  (W)izo

7| [ !

W(R) T> HnZOR > (9172427~-~)

HIGE R T 10.9.7 gyuk: JATEHIELAH HAZTC R ICE (Xo)iso €
W(Z[Xo,...]), FHEBEIF Z[Xo, .. ] WHHEHFAR ép : Xi = X7 W op(2) = 2P
(mod p). BTG 10.9.6 PABEH] F* (w(Xo, X1,...)) € im(w), HME—K BRI
B (Fi(Xo, X1,...))iz0 € W(Z[Xo,...]). MAEEH R ELT Fxo,x1,...) =
(Fi(zo,1,...))i>0. UL F AR, ROEZES F* 2T ES, HEEE
L 10.9.7 UEHIR BTG, (R BRATUE R 1.

3. Teichmiiller #£F 7: R — W(R), BB = & (2,0,0,...). IBLE BT R 12
bR T, 1 HA R 5=

/\\

— = [Liso B 2 ( xp )i>0

BAR Y RIGR LR R, s iRk 3] p-JoBRAETE, W T ORI R
etk 7(xy) = 7(2)7(y), MH 7(1) = (1,0,...) = lw(r)-

BEAh ker[W(-) — Wy, (+)] = im(V™), Rt im (V™) S BEAL, i LB V' [RIAE AT DA
SE SCAEIBTIRAS W, (1) b, 25 ARSI 5 51

0 W, () v Wi () — 0" W) —— 50
(x()v"'axn—l) — (0""70a'r0a"~7xn—1)
(y07"',yn+7“71) _ (yOM"anyl)
(10.13)

Liz, it W(R), W (R) iR ENZBMFESEHEZE V, F 4%, X R #H K71
WHE WR), Wa(R) E‘Jﬂﬂ&ﬁﬁ**’] VAT 3 E S Ui — T R 3L 4.11.3 "R HE B
1, BERIRRESS W) — Wa () fl V, F 28 3R T RARAEU LT A i R 2
KEE, B2 Dieudonné BLHHEHYE .

SI32 10.9.8 7 (2)i>0 € W(R) & F TH&A (F(2)i)iz0, WXEAN n #H F(z), =
2P (mod pR).

UERR b3 oy = X 2 A BETCI R = Z[Xo, .. ] WREEIT. & X F, € Z[Xo,.. |
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H/J /ffFXEJ:[] n > O Ej‘ wn(F07F1)"') = wn+1(X07X17'-')7 B]:El]

n ) n+1 1
Pt i p T i
D= X0
i=0 1=0

Mn =0 WXEH Fy = X +pX: = X§ (mod pR). 4B i<n = F, = X!
(mod pR), L3 AR

Fop™ = Xn+1pn+1 + XPp" + Z (Xf = FiP"_Z) pi~

<n

n+l—i

519 10.9.3 KpEEEAR i <n = F =X (mod p"TR), i

F.p" = XEp™  (mod p"™'R).
BT R p-Joheny, WZA F, = XE (mod pR). fIE5. O
e 10.9.9 XEERMIF R, ERBATHE X 7 A

4 REF,-R¥H, #—FF

F((zi)i>0) = (2})i>0,
FV(z) =VF(z) = px.

WERR X T RIS, HETE [0 B X FY R0 VY BAERIN R R, 24 R 2
RELS, 313 10.9.8 280 F(xo,x1,...) = (a8, 2%, ...); WH MK VF(z) = FV(x )
(0,28, 27, ...), IEEE. O

sk FV = p S5 F (im(V™H) = pim(V?), oA F S AT Witt FR R
W1 (R) > Wa(R). 22, A5 =1 1 SR

F
K_\
Wy(R) — v — Woi1(R), n€Zs.
Y -
b

XFF g dr Fp-RREL W) R W, (o) BYZERI T i
513 10.9.10 & r K T2 Fp-f&k, W W(k) &AFH# p-3F, FEA— KB RFAY
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W(k)/p" W(k) = Wy(k), £F n> 1 B84, KATE @R FH W(k)/pW(k) S k.

SRR F k Jsed By OB Gl 10.99 il VE = p— FV Ji FW(k) = W(r), #
p"W(k)=V"F"W(k) = V" W(r) = ker [W(r) = W,(r)],
HZ W(k)/p" W(k) = Wn(k), B3l W(k)/pW(k) = k. HAMG T 22

W(k)/p" ! W(k) ——= Wni1(k)

l l

W(k)/p" W(k) —=— W, (k)

i W (k) A 4 AT lim Wo(k). 452, W(k) XTEIL 5.5.5 B p W(s)-Ehh2
e Hausdorff 5. HUUHBLH] W (k) 2 p-ToBeRY, X2 T p(wo,...) = FV(2o,...) =
(0,28, 20, ..), MAR k Z5E4 Fp- 108 p(xo,...) =0 < Viz; =0. O

PUAE AT DA AL BRAT T3k BT i B R 8. AR p-Perf 524 Fp-REIr e
WE, p-Strict /4% p-PRIr BEW;, SHE BCHIRFZS. BRI A= k= A/pA 25
H R+ r : p-Strict — p-Perf.

W()

EI10.9.11 EF k> W(k) f1r L HEANHHERLY p-Perf z p-Strict .

MEBA  5[3 10.9.10 FIHAY4 W(.) Bi39545 1 e p-Perf — p-Strict, I H. r o W ~ id.
TR RGHE TS Wor = id. ST EHR AT IR THE: A Rk p-3F,
k= r(A) WHPBIRIE, 7k — Al Teichmiiller $27F. FF>RAY B 4K [ # BUE

W(k) — A
(Tn)n>0 — Z T (scf;n) p".

n>0
TEX T (10.11) fitieh B A 2yt mT (1,0,..) —» 1 e A fiH A4S
lim A/p" 1A, FUBXHEAS > 0 LW G BT W(k) — A — A/p"+1 A GESEIERITR
SRR, AR AL E, RSB A, B (10.12) #EfE r (2P ) = r(2? )P
(mod p"~*FTA), o 0 < < n; 4K

—i . —n ;D"_i .
T (mf )pZ =7 (zf ) p'  (mod p"T1A).
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[FYEALE v WEPH H AR SRR (Si(2os - - -2 Y0, ---))iz0 £E A/p" T A H15 A

n n pn—i ) n n pnfi )
r(@@) P () P medpntia (10.14)
i=0 1=0

M W (A) ERGERE 1 20 i 7]

n—i

zn:Si (T(ngn), . .)p pt = zn:T (xfin)pniipi + zn:T (yfin)pniipi.
i=0 i

Z {Si(xg_n7 Y S .)r p' = (10.14) (mod p"TtA);
i=0

E (-] BEEBUR I R, RYREBCY (). BRNEOR Si=h .0 ) =

Si(l‘o, e Yoy .- -)p n~ 2/%% T E"Jﬁ‘r&iﬁ%tﬂ

ZT (Si(mo, Y0, - .)pfi) p' = (10.14) (mod p"*'A)
i>0

HH T AL O

TEREEON, W(Fp) = Zy, W(F,)/p W(Fp) = Fy. SR W() 1955 —FhZ]m.
G EIRAE. %8 £ RFHE p 5e4tl (€3 8.4.13) L.

RS 10.9.12 % r ZBAL p 24 H, I Wk) 2 & B HIREER, £ R4
K :=W(r)[+].

1

WEBR 2 A 5.5.8 IEMA PRI TEIR (a) — (c) X W(k) FFERGE, ZALEIE Z,
[ 77 3% 0] BERHRORIER] W (k) 2L K = W(Fé)[%] P IR, v(z) ;= sup{n €
Z:xcp"W(k)} &ili K BEHURME, B7E K° = W(k) EifS p-d#Hafh. O

BUAERT AR W () SR FEELERE e(w | v) = 1 AT K.

WRE 10.9.13 BB p TAMMY K Ak, 3 EIR L= W], N
o HREA W(k) = W(A) K58, \TT% HET K LIK;
o MM B RME w|v Kk e(w|v) =1
#—FBE = [Ak] AR N
o W) 2% n Bl W(k)-#, Kt [L: K] =mn;
o EFMEXT LIK B —HE e(w |v) =1 MAKERFAMT Mr 897 RY *K.

WA A W(k) 2B HURET, ker[W(k) — W] WAEZ NI p™ W(k), AT
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W) & pJeHE, 5. 1"31’15 W(R)[2] = WNL] BN LIK. W8 R p
BRI S, G e(uw | 0) =

VA B LA fl,...,fn. AW E W) = D1, W(k)r(f). Bide, #
HITFRIELF Y, ar(f) = 0, W REUF T B — a ¢ pW(k), # p HIFEF
. HO, XHERT € W) %HEH p 194, T a1, .. a, € W) Al o/ € K° 73
v = ar(f) = pa', A o, EEARHE SN 2 € S, W(R)T(f).

SRS K, EATRY K LIK WE e(w | v) = 1, W L°° = pL°, L = L°[1] i .
Lo A2 oR p-5F, L o KO3 REHORIAKERS 0K As. B 10.9.11 7T Sl
W(k)-FELRIFIH Lo ~ W(N). 0

>R

1. dE4E X RARIETX C BURTAE, WEFRNE; LA RBELS EAYN W [23,
§7] 1 [49, §5.4]. iFH
(i) fEfrgE+ § #WEET— I
(ii) JET § ZEIELHAY VAC X, (A€F) V(X NAED).

2. Ji] §2.6 HORKBRE TS IR GG 10.1.4.
3. WTRFEE (0,<), EXHNTEH T T AW
0<6<vy, vel! = eI’
(T ER] T AR T REN C MR 4 g (D). WHERIR, AR TE
HH CT RiEjtz € HNH Ml o’ € H' ~ H; Tig o' >z 8 o' < 2 @5 EF .

4. ENAFF A (T, W (2(0),0) PR (W §1.2); #A 7% (1), C) FHiyT
{0 < <}, MIWFR (T, <) MFEH n. IEBF (T, <) — (R, +), W T' ik < 1; IEW]EL 0
(1 T Wb F- FLEE.
5. XHHAEZRY 4 PRt (1, <), I RATPREBAEA
(i) T WkH 1.
(i) XMERE e,y € T 52 € > 0 Fl v > 0 3, FFAEIEREEL n 45 ne > 7.
(iil) fFTEAF SRR A T — R.
*T (i) <= (ii): XME?%LETD vy €T EX Hy :={x el :3In€Zs |z| <ny},
XH |z| = max{z, —z}; BAF Hy 26 v W/ T8, 4k (1) A @) B %5601
v>0 = H,=T. &M (i) = ( )7 HRTEIER] (1) = (ii): 7 T AHRNETC €,

W T = Ze = Z; #FTA/METT, WM Dedekind 43 EIHEEE, H5E e > 0 @ LARFIRA
Ic:y—sup Sy € R, it Sy := {2 : (n,m) € Z>1 X Z, ny > me}.
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\Y
[

e

WA (0, <), 78 T U {oo} b SGHIMET Va == {y 1 v > a} HHIFEE (a €T).

IR v: A — T 76 A FiESIHIMNEE A BOGIHNRIEG v SELEH R

- IEM Z[X] /(X —p) = Zy. TR ZIX] — Zp W X Hy p. BB Y50 a: X' 0,
JEFFEER (X = ) (Dm0 biXY) = Y50 @i X* DAHEBHILISATAR bo, b1, .. € Z.

A BRBOR Fo(t) LR, FREUS E R 10.4.6 HIRLILS 5.

JERH Artin FeAR A

N

© ®»

r€Q¥ = H x| =1,
v=o0 B FHE

AR E ZA IR # 1. WH Fo(t) B MRS58

10, 75 X 10,51 R 10.5.2, 10.5.3 EZATMIY K (1, ... ta). LG LIRS
AL B (b1, tn) : Vi [1i] < 1)

V1. AEHR R AR o JE R 5 lim R/a™ (FRRI R Xt a-#E4i$h Ky 5246 HausdorfF
[, WL 5.5.5). G K (1) IFNERE L

R(t) := {Z ant™ € R[] : nlLH;o an=0 (a— 1&%‘&5(7:)} .

n>0

REMIH R () = lm _ (R/a™)t].
12. #% || & K ik Archi_medes HNHE, 7 € Rso. IEHE x,2' € K W2 |z —2'| < r, N
{y:ly—al<r}={y:ly—al<r}
13. JEH] §10.5 iy V BUSEEH K (t) BBk 2 IRA.

14. UEFEEER R N BRI 2 HACY R 2R RS, (EA 2. il AR L i s BORC A

15. PA Newton & HIEHE 10.8.3 FHIEH] Eisenstein ¥ (EH 5.7.17) 1£ Z, LRYHIE.
16. JEW] p-3ERE Qp W Aut(Qp) = {id}. AIE I A AR vp. LA Hensel 5]
P a € Zy; BHACAXHEAE plp — 1) HERZ m, f7E © € Zp W2 X™ = a.
17. & LIK HEORa 3475K, WEW] K ERk 1 IR(E v AME—RER 3 L.
18. ZEGIULAIEE 10.7.8 ZEAR AT A5 TE AT DA A8 A 45X
19. % p BRI a € Ly, WWEHE Lp/pLy = Fp FHIEA a. FAEH 10.8.4 GEHHPAFE5R:
() 24 p>2 0, X? =a 16 Z, PHMEYHAY X? =a 1 F, PHE
(i) Y p=2#, X* =afE Z, PHMESHILY a =1 (mod 8);
(ili) H—HIFY 0 € Q, I X? = a 7£ Qp THMINFEAKM
20. EH |Qy| = |Z,| = 2. 18 i Witt [ AL 1.4.9.
21. 1EW Qp HREEAELIE R T C. 2R 8.8.8.

22. bl p-Ring 7 p-FRiNE, HURIAIRE H - p-Ring = p-Perf. IFW] p-Perf — p-Strict C
p-Ring /& r BIZEtERERR 1.






SEXB

John C. Baez. “The octonions”. FI|F: Bull. Amer. Math. Soc. (N.S.) 39.2 (2002),
pp- 145-205. 1ssN: 0273-0979. pDOI: 10.1090/S0273-0979-01-00934-X (%IH%?
p- 300).

Joan Bagaria. “Set Theory”. FI]F: The Stanford Encyclopedia of Philosophy. g
# N Edward N. Zalta. Winter 2014 edition. URL: http://plato. stanford.
edu/archives/win2014/entries/set-theory/ (5| T p.12).

N. Bourbaki. Eléments de mathématique. Algébre. Chapitres 1 ¢ 3. Hermann,
Paris, 1970, xiii+635 pp. (5] T pp- 3, 100, 297).

N. Bourbaki. Eléments de mathématique. Topologie générale. Chapitres 1 d 4.
Hermann, Paris, 1971, xv+357 pp. (5|l F pp. 378, 380, 382).

Nicolas Bourbaki. Eléments de mathématique. Vol. 864. Lecture Notes in Mathe-
matics. Algebre. Chapitres 4 a 7. Masson, Paris, 1981, pp. vii+422. 1SBN: 2-225-
68574-6 (5| T pp- 3, 356).

G. Cantor. “Beitrage zur Begriindung der transfiniten Mengenlehre. Art. 1.” Ger-
man. FI|F: Math. Ann. 46 (1895), pp. 481-512. 1sSN: 0025-5831; 1432-1807 /e. DOI:
10.1007/BF02124929 (5| T p.12).

Bob Coecke, F 4. New structures for physics. English. Berlin: Springer, 2011,
pp- xviii + 1031. 1SBN: 978-3-642-12820-2. DOI: 10.1007/978-3-642-12821-9
(51 HT pp. 29, 58).


https://doi.org/10.1090/S0273-0979-01-00934-X
http://plato.stanford.edu/archives/win2014/entries/set-theory/
http://plato.stanford.edu/archives/win2014/entries/set-theory/
https://doi.org/10.1007/BF02124929
https://doi.org/10.1007/978-3-642-12821-9

428

[14]

[15]

BEXHR

Richard Dedekind and Heinrich Weber. Theory of algebraic functions of one
variable. Vol. 39. History of Mathematics. American Mathematical Society, Prov-
idence, RI; London Mathematical Society, London, 2012, pp. viii+152. ISBN: 978-
0-8218-8330-3 (5| T p. 305).

M. Dehn. “Uber unendliche diskontinuierliche Gruppen”. 1] Math. Ann. 71.1
(1911), pp. 116-144. 1ssN: 0025-5831. DOI: 10.1007/BF01456932 (5| T p.137).

Samuel Eilenberg and Saunders MacLane. “General theory of natural equiva-
lences”. FIJF: Trans. Amer. Math. Soc. 58 (1945), pp. 231-294. 1SsN: 0002-9947

(5T p.29).

Pavel Etingof et al. Tensor categories. Vol. 205. Mathematical Surveys and Mono-
graphs. American Mathematical Society, Providence, RI, 2015, pp. xvi+343.
ISBN: 978-1-4704-2024-6 (5| T pp. 73, 74, 79, 80).

Walter Feit and John G. Thompson. “Solvability of groups of odd order”. F7F:
Pacific J. Math. 13 (1963), pp. 775-1029. 1sSN: 0030-8730 (5| HF p. 127).

Dorian Goldfeld. “Gauss’s class number problem for imaginary quadratic fields”.
FIF: Bull. Amer. Math. Soc. (N.S.) 13.1 (1985), pp. 23-37. 1SsN: 0273-0979. DOT:
10.1090/S0273-0979-1985-15352-2 (E}])ﬂﬂ:‘ p. 189).

Alexander Grothendieck. “Sur quelques points d’algébre homologique”. F] F:
Toéhoku Math. J. (2) 9 (1957), pp. 119-221. 18sN: 0040-8735 (5| T p- 236).

Alexander Grothendieck. Théorie des topos et cohomologie étale des schémas.
Tome 1: Théorie des topos. Lecture Notes in Mathematics, Vol. 269. Séminaire de
Géométrie Algébrique du Bois-Marie 1963-1964 (SGA 4), Dirigé par M. Artin, A.
Grothendieck, et J. L. Verdier. Avec la collaboration de N. Bourbaki, P. Deligne
et B. Saint-Donat. Berlin: Springer-Verlag, 1972, pp. xix+525 (5| f§ T pp. 24,
25).

Robert Guralnick and Gunter Malle. “Products of conjugacy classes and fixed
point spaces”. F|F: J. Amer. Math. Soc. 25.1 (2012), pp. 77-121. URL: https:
//doi.org/10.1090/S0894-0347-2011-00709-1 (5| HF p. 137).

Robin Hartshorne. Geometry: Euclid and beyond. Undergraduate Texts in Math-
ematics. Springer-Verlag, New York, 2000, pp. xii+526. ISBN: 0-387-98650-2. DOTI:
10.1007/978-0-387-22676-7 (5| AT pp. 100, 259, 369, 372).

Lars Hesselholt. “The big de Rham-Witt complex”. | F: Acta Math. 214.1
(2015), pp. 135-207. 188N: 0001-5962. DOL: 10.1007/s11611-015-0124-y (8] i
F p.417).


https://doi.org/10.1007/BF01456932
https://doi.org/10.1090/S0273-0979-1985-15352-2
https://doi.org/10.1090/S0894-0347-2011-00709-1
https://doi.org/10.1090/S0894-0347-2011-00709-1
https://doi.org/10.1007/978-0-387-22676-7
https://doi.org/10.1007/s11511-015-0124-y

[22]

[23]

[24]

[25]

[26]

[27]

SE R 429

David Hilbert. “Die Theorie der algebraischen Zahlkorper.” F]F: Jahresbericht
der Deutschen Mathematiker-Vereinigung 4 (1894), pp. 175-535. URL: http :
//eudml.org/doc/144518 (5| T p.363).

I. M. Isaacs. “Solution of polynomials by real radicals”. ¥ F: Amer. Math.
Monthly 92.8 (1985), pp. 571-575. 1SSN: 0002-9890. URL: https://doi.org/
10.2307/2323164 (8] fiF p.371).

Nathan Jacobson. Basic algebra. I. Second edition. New York: W. H. Freeman
and Company, 1985, pp. xviii+499. 1sBN: 0-7167-1480-9 (5| HT p. 3).

Nathan Jacobson. Basic algebra. II. Second edition. New York: W. H. Freeman
and Company, 1989, pp. xviii+686. 1SBN: 0-7167-1933-9 (5| T p. 3).

Thomas Jech. Set theory. Springer Monographs in Mathematics. The third mil-
lennium edition, revised and expanded. Berlin: Springer-Verlag, 2003, pp. xiv+769.
ISBN: 3-540-44085-2 (5| 1T pp. 12, 16, 21, 25, 26, 424).

André Joyal and Ross Street. “Braided tensor categories”. | F: Adv. Math.
102.1 (1993), pp. 20-78. 1sSN: 0001-8708. DOI: 10.1006/aima.1993.1055 (5|

F pp. 80, 82, 86).
G. M. Kelly. “Basic concepts of enriched category theory”. F|F: Repr. Theory
Appl. Categ. 10 (2005), pp. vi+137 (5| T p.87).

T. Y. Lam. Lectures on modules and rings. Vol. 189. Graduate Texts in Math-
ematics. Springer-Verlag, New York, 1999, pp. xxiv+557. ISBN: 0-387-98428-3.
DOI: 10.1007/978-1-4612-0525-8 (8| T pp. 214, 244).

T. Y. Lam. A first course in noncommutative rings. Second edition. Vol. 131.
Graduate Texts in Mathematics. Springer-Verlag, New York, 2001, pp. xx+385.
ISBN: 0-387-95183-0. DOI: 10.1007/978-1-4419-8616-0 (5| FTF p. 269).

Serge Lang. Algebra. Third edition. Vol. 211. Graduate Texts in Mathematics.
New York: Springer-Verlag, 2002, pp. xvi+914. 1SBN: 0-387-95385-X. DOI: 10.
1007/978-1-4613-0041-0 (8] AT pp. 3, 119, 307, 375, 378).

Saunders Mac Lane. Categories for the working mathematician. Second edi-
tion. Vol. 5. Graduate Texts in Mathematics. New York: Springer-Verlag, 1998,
pp. xii+314. 1SBN: 0-387-98403-8 (5| T pp. 3, 30, 51, 78, 80).

I. G. Macdonald. Symmetric functions and Hall polynomials. Second edition. Ox-
ford Mathematical Monographs. The Clarendon Press, Oxford University Press,
New York, 1995, pp. x+475. 1SBN: 0-19-853489-2 (5| H{F p. 197).


http://eudml.org/doc/144518
http://eudml.org/doc/144518
https://doi.org/10.2307/2323164
https://doi.org/10.2307/2323164
https://doi.org/10.1006/aima.1993.1055
https://doi.org/10.1007/978-1-4612-0525-8
https://doi.org/10.1007/978-1-4419-8616-0
https://doi.org/10.1007/978-1-4613-0041-0
https://doi.org/10.1007/978-1-4613-0041-0

430

[38]

[39]

[40]

[41]

BEXHR

Jean-Pierre Marquis. “Category Theory”. Fi|F: The Stanford Encyclopedia of
Philosophy. 9535 Edward N. Zalta. Winter 2015 edition. URL: http://plato.
stanford.edu/archives/win2015/entries/category-theory/ (5| 1T p.30).

J. P. May. A concise course in algebraic topology. Chicago Lectures in Mathe-
matics. University of Chicago Press, Chicago, IL, 1999, pp. x+243. 1SBN: 0-226-
51183-9 (5| HF pp. 33, 35, 89).

Shinichi Mochizuki. “Topics in absolute anabelian geometry III: global recon-
struction algorithms”. FI] F: J. Math. Sci. Univ. Tokyo 22.4 (2015), pp. 939-
1156. 185N: 1340-5705 (5] FiF* p. 346).

Oliver Nash. “On Klein’s icosahedral solution of the quintic”. F|F: Ezpo. Math.
32.2 (2014), pp. 99-120. 1sSN: 0723-0869. URL: https://doi.org/10.1016/j.
exmath.2013.09.003 (5| HF p. 368).

Jiirgen Neukirch. Algebraic number theory. Vol. 322. Grundlehren der Mathe-
matischen Wissenschaften. Springer-Verlag, Berlin, 1999, pp. xviii+571. ISBN:
3-540-65399-6. DOI: 10.1007/978-3-662-03983-0 (%IFH{F pp- 358, 378, 396).

James Oxley. Matroid theory. Second edition. Vol. 21. Oxford Graduate Texts
in Mathematics. Oxford University Press, Oxford, 2011, pp. xiv+684. 1SBN: 978-
0-19-960339-8. DOI: 10.1093/acprof : 0s0/9780198566946.001.0001 (5| T
p.216).

Richard P. Stanley. #4845 (% —%&) HEHFEN. 55 A, HREKE,
FES, k. bt ESEE B RGE, 2009. 1sBN: 978-7-04-026548-4 (5] T
pp. 169, 198).

Jean-Pierre Serre. Topics in Galois theory. Second edition. Vol. 1. Research Notes
in Mathematics. With notes by Henri Darmon. A K Peters, Ltd., Wellesley, MA,
2008, pp. xvi+120. 1SBN: 978-1-56881-412-4 (5| T p. 368).

M. A. Shulman. “Set theory for category theory”. F]F: ArXiv e-prints (2008).
arXiv: 0810.1279 [math.CT] (5| HT p.26).

Alan D. Sokal. “The multivariate Tutte polynomial (alias Potts model) for graphs
and matroids”. F)7F: Surveys in combinatorics 2005. Vol. 327. London Math. Soc.
Lecture Note Ser. Cambridge Univ. Press, Cambridge, 2005, pp. 173-226. DOLI:
10.1017/CB09780511734885.009 (%[}ﬂﬂ: p.172).

Markus Stroppel. Locally compact groups. EMS Textbooks in Mathematics. Euro-
pean Mathematical Society (EMS), Ziirich, 2006, pp. x+302. 1SBN: 3-03719-016-7.
DOI: 10.4171/016 (5| T pp- 380, 382).


http://plato.stanford.edu/archives/win2015/entries/category-theory/
http://plato.stanford.edu/archives/win2015/entries/category-theory/
https://doi.org/10.1016/j.exmath.2013.09.003
https://doi.org/10.1016/j.exmath.2013.09.003
https://doi.org/10.1007/978-3-662-03983-0
https://doi.org/10.1093/acprof:oso/9780198566946.001.0001
https://arxiv.org/abs/0810.1279
https://doi.org/10.1017/CBO9780511734885.009
https://doi.org/10.4171/016

[42]

[55]

SE R 431

B. L. van der Waerden. “Die Seltenheit der Gleichungen mit Affekt”. F]F: Math.
Ann. 109.1 (1934), pp. 13-16. 18sN: 0025-5831. DOI: 10.1007/BF01449123 (5]

F p. 368).

B. L. van der Waerden. Algebra. Vol. I. Springer-Verlag, New York, 1991, pp. xiv+265.
ISBN: 0-387-97424-5. DOI: 10.1007/978-1-4612-4420-2 (8| 1T pp. 1, 3).

B. L. van der Waerden. Algebra. Vol. II. Springer-Verlag, New York, 1991,
pp. xii+284. 1SBN: 0-387-97425-3 (5| T pp- 1, 3).

Lawrence C. Washington. Introduction to cyclotomic fields. Second edition. Vol. 83.
Graduate Texts in Mathematics. Springer-Verlag, New York, 1997, pp. xiv+487.
ISBN: 0-387-94762-0. DOI: 10.1007/978-1-4612-1934-7 (5] FF p. 389).

Jack C. Wilson. “A Principal Ideal Ring That Is Not a Euclidean Ring”. English.
F|F: Mathematics Magazine 46.1 (1973), pp. 34-38. 1sSN: 0025570X. URL: http:
//www.jstor.org/stable/2688577 (5| AT p.190).

Robert A. Wilson. The finite simple groups. Vol. 251. Graduate Texts in Math-
ematics. Springer-Verlag London, Ltd., London, 2009, pp. xvi+298. 1SBN: 978-1-
84800-987-5. DOI: 10.1007/978-1-84800-988-2 (5| HF p. 102).

Ernst Witt. “Zyklische Koérper und Algebren der Charakteristik p vom Grad p™.
Struktur diskret bewerteter perfekter Kérper mit vollkommenem Restklassenkorper

der Charakteristik p”. F]F: J. Reine Angew. Math. 176 (1937), pp. 126—140. 1sSN:
0075-4102. DOI: 10.1515/cr11.1937.176.126 (%'Uﬂ:‘[: p.416).

VRS, #5238 4% %3] ALEe L2 AL, 2017, 1SBN: 978-7-03-054579-4 (B] i T
pp. 11, 12, 164, 330, 375, 424).

Jooll. Foahis A3 kL. Rt AU R, 1997 (51T pp. 34, 138).
R, sk KA (F— %) dLre BRI, 2016, 186N: 078-7-03-049843-4 (3]
HF pp- 3, 266).

Rt Aah kR (%= %) JbEs BRI, 2018, 1SBN: 978-7-03-056033-9 (3]
FIT pp. 3, 262, 289).

SRASEE, MURLE. 72 &L (B ) Jbnt: U ReA RAL, 1987 (51 T pp. 115,
263, 393).

HKRASER, FRARIE. 72 F b ok (F ) et JuntReE i iiat, 1990 (518 T pp. 40,
115).

RS T RAE s (53T AR ) B b dunt: S5 80E ik, 2010
ISBN: 978-7-04-001222-4 (3] FiT p.3).


https://doi.org/10.1007/BF01449123
https://doi.org/10.1007/978-1-4612-4420-2
https://doi.org/10.1007/978-1-4612-1934-7
http://www.jstor.org/stable/2688577
http://www.jstor.org/stable/2688577
https://doi.org/10.1007/978-1-84800-988-2
https://doi.org/10.1515/crll.1937.176.126

432

BEXHR

FREGAR, B R I EFE D (B 2k ) Ut R RAA B R, 2010 (51T
p.5).

REIR. & RAm AL SEPUIR. JEt: 740 R, 2011 (51T pp. 33, 34,
46, 62, 146-148, 345, 379, 380, 393, 396).

TEHE e ¥ RLFE: RAGE. dUnt mEEE AL, 2013, 1SBN: 978-7-04-
037252-6 (5] FT pp. 328, 337, 368).

SRE, TAI. RAF718. 58 R dbat SEEE HREE, 2000 (51T pp. 3,
17, 109, 234).

HIRTE, #K. et M AT MANIKE. RSN LEEFEBRY). Lk &
HR2: ik, 2014. 1BN: 978-7-309-10710-4 (8] i T pp. 12, 16).

MR B, BR4EAE. o UAT 3L 55 . dbat db Rtk ek HRRE, 2001, 1SBN:
978-7-301-05151-1 (5| FH T pp. 276, 287, 288).

RS0, Kot Ut =58 G, 2016. 1SBN: 978-7-04-046483-2 (5| T
p.378).

BSHE, 25T R4 5198. 5 R Ut BleEt i, 2014, 1sBN: 978-7-03-
039779-9 (5| FT pp. 145, 147, 362, 396, 399).



(S/T), 47
0,1,...n, 32
®, 74, 218
2X 14

(E), 102

[E : F], 304
[E: F;, 319
[E: Fls, 318
[z,y], 125

A, 140
Ab, 33

Ne, 22
annps, 206
Aut, 31

Bn, 85
Braid, 84

Cp, 389
Cat, 93

char(R), 161, 304

coker, 65
Con(S), 369
C°P, 35

Cch, CV, 48

Do, 111
det ¢, 293

5 &5l

dim, 216

e(w | v), 402

E|F, E/F, 303

EH 338
End, 31

f(w | v), 402
F(X,...), 181
F(z,y,...), 304
fe, f*, 43

F,, 161, 348
Fct, 43
Frac(R), 167
Fr,, 349

G(k, V), 289
(G: H), 103
Gap, 125
Gaer, 125
Gal, 338

', 346
GL(n, F), 101
G°p, 101
Grp, 32

H, 164
1", 359

HY, H;, 237

Home¢ (X,Y), 30, 43
Home(X,Y), 87

Ir—s, 228
idx, 30
inf, 15

Jx, 47
JH(M), 249

K°, K°°, 387
ker, 65, 105
K (t), 396

AM), N™(M), 283
lim, 59

H

lim, 59

MT[a], 207
M([p*>], 231
My (R), 157
Mz, 229
Mior, 229
MaxSpec, 164
Mor, 30

w, 170

Ng(+), 104
N, 295



434

Ob, 30

w, 17

On, 16
ord(z), 102

P(X), 13
Pr_,s, 228
P, 268

R[X,...], R((X,...)), 183
R[M], 180

R[S™1], 166

R[X,..], 181

R[z], 266

RX, 156

rMg, 217

HSHRSI

rkr(E), 214
Ring, 175
R-Mod, 207

S, 138

Set, 32

sgn, 140

Spec, 164

Stab, 115

sup, 15

Sym(M), Sym™ (M), 283

T(M), T™(M), 281

Top, 33

TopAb, TopRing, TopField,
379

Tr, 295
tr. deg, 330

vV, 36
Vp, 382
vz, 383
Vect, 33

W(R), Wr(R), 419
XY 14

Za, 104

Za(+), 104

Zp, 148, 177, 382
Zg, 160



HiINR5I EREF

SR DU DR ST

2-Jul, 92

A

Ab-Jiii%, 89

a-iEHER, 176
Artin—Schreier #if, 360

B

%54 (adjoint equivalence), 40, 56

fEFXT (adjunction pair), 51, 70, 95
BAT (unit), RPAAL (co-unit), 51
AL, 55

2L H M (semidirect product), 110

J\JEHL (octonion), 270, 300

AJFEICE (primitive element), 321

Berkovich %5[d], 400

5K (braiding), 82
Koszul, 278

¥ (braid group), 85

KA (irreducible), 186

Burali-Forti £, 17

C

Calkin 8%k, 263

A f##E (supersolvable group), 125
FRITIANY: (transfinite induction), 18

M (transcendence basis), 329

Fetk: 14 (multiplicative subset), 166

R (straightedge and compass), 369

FLILTEWE (enriched category), 87

YR T € (Theorem of elementary
divisors), 232

[%¥ (division ring), 161

Coxeter #f, 144

D
%% (algebra), 262
3cHh, 277
FJe (étale), 332
SR (graded), 275
[ Xf 1k (diagonalizable), 332
%L (division algebra), 262
s24 320, 414
MR, 264
REPH 1 (algebraic closure), 310
RETC K (algebraically independent), 328
RRETT (algebraic element), 267
BN E % (closed unit disc), 398
FANAR (root of unity), 352
AR (primitive), 352
BANE (unit group), 101
S H Pt (derived subgroup), 125



436 RINEL | BRIF

5% (derivative), 182
4T (equalizer), 65, 209
4534 (equipollence), 20
Mg, 37
JESul%E (comma category), 47
XFTFRACEL (symmetric algebra), 283
XFFRZ I, (symmetric polynomial), 193
A (power-sum), 196
Y% (elementary), 194
XTFREE (symmetric group), 102, 138
%t (transposition), 138
T4 (object), 30
AA[43fi# (indecomposable), 253
Z X% (unit object), 74
X4 ) 45t 5 /N4 (initial/terminal /
zero object), 45
BEXT%: (group object), 149
Z B (multilinear map), 281
Z i3 (polynomial ring), 181

E

Eisenstein H#fE, 192

AR (dihedral group), 111
T Jtiz% (binary operation), 100
Euclid #f, 188

F
JEms (category), 30
#5845 (co-complete), 66
2 {il% (opposite category), 35
5245 (complete), 66
H, R, 42
W, 31
HI (skeleton), 40
JEWEZEAr (equivalence), 39, 41, 56
LT, 80
FEMEE, 89
%L (norm), 295, 323, 393
Gauss, 396
iZPEJF (universal property), 46
1ZJ#% (universal family), 49
Feit—Thompson E¥f, 127
4% (partition), 139, 193
4244 (splitting field), 313
I REL (ramification index), 402
43338, (field of fractions), 167
AE £ T (cyclotomic polynomial), 162, 352
ARl (cyclotomic field), 354

Fermat /NEFE, 348

Fermat Z4, 371

Frobenius E#, 269

Frobenius H [, 349

& JE (complex), 236

TRME (valuation), 384
BHL (discrete), 387
e ff) 388

TR{EFA (valuation ring), 258, 387, 400
BHL (discrete), 400, 425

G
Galois #, 338
4%}, 346
Galois 5[]/l (inverse Galois problem), 368
Galois %)% (Galois correspondence), 340, 344
Gauss 5|3, 190
MR3f# (solvability in radicals), 365
J:4i (conjugation), 116, 314
Grassmann % (Grassmannian), 289
Grothendieck ¥, 108
J# (groupoid), 34
HiE (orbit), 115
A BR (inductive limit), 59

H
11312, (determinant), 293
PRAUE, (function field), 304, 383
P4 (functor), 35
FSEIL, 88
4 (full), 36
LR, 91
T F T (representable functor), 49
HLSE (faithful), 36
3% (quasi-inverse), 39
AT (essentially surjective), 36
IE4 (exact), 241
PR T-JE% (functor category), 43
#% (kernel), 105, 157, 204
A5 (composition series), 121, 249
A AT (composition factor), 124, 249
Heisenberg #f, 129
Hensel 5|3, 411
Hilbert £EH (Hilbert’s Basis Theorem), 248
Hilbert 45 90 &1, 363
I (ring), 156
Artin/Noether, 246
i (local), 254, 400



RINEL | BRIF 437

J
1 (product), 64, 215
A4, 100, 156
A F (commutative diagram), 31
LA H (commutativity constraint), 66, 223
s £ M=, (additive polynomial), 199
hnETim%E (additive category), 91
HA#E (fundamental groupoid), 34
HA M (base change), 228, 274
BRIt (maximal element), 15
H: 5 (basepoint), 32
ZEA YR (associativity constraint), 65, 74,
221
f#ESTILAT, 398
£418, 12
NBG, 13, 33
23R (cumulative hierachy), 25
ZFC, 12
HH (cardinal), 21
EANA]IA (strongly inaccessible), 25
IENEA (regular cardinal), 23
il (trace), 295, 323
W (trace form), 297
W/N£ 5=, (minimal polynomial), 268
Jordan—Holder EHE, 124
JaikAk (localization), 166
Zi%HHE (absolute value), 389

K

K-ZE 38 HH (k-categoricity), 330
T4+ (separable closure), 320
T fi##E (solvable group), 125, 141
¥ JC (invertible element), 101
%4 (countable set), 22
Kronecker Fj 8, 169

Krull #4p, 342
Krull-Remak—-Schmidt g, 257
Kummer i, 360

L
Frll (pullback), 43, 68, 226
4 (chain), 15
K& (well-defined), 6
K74 (well-ordered set), 15
ZEHT (zero divisor), 161
NTE A, 82
PHAE (ideal), 158
WRFEAE (maximal ideal), 164

EHAH (prime ideal), 164
Liiroth E¥, 336
VB TiE (filtered category), 61
eI WIT 4 (filtered poset), 15, 145
& (filter), 378

Cauchy, 379

M
MacLane fLfHEABE, 75
MacLane g5t P (MacLane’s Coherence
Theorem), 80
4% (idempotent), 254
™2 (nilpotent), 254
mER (nilpotent group), 125
K53 (Yoneda’s Lemma), 49
#i (module), 202
Artin/Noether, 246
AA[43fi# (indecomposable), 253
F4H (flat), 242
K (graded), 275
2B (semisimple), 251
L (simple), 203
Hit/ 5t (projective/injective), 242
Jet% (torsion-free), 207
APRKJE (finite length), 249
H Hi#% (free module), 210
Mébius K%L, 170
Mobius [ziii (Mobius inversion), 170
I (model theory), 11, 164, 330, 375

N

¥+ (torsor), 116

N Hom (internal Hom), 225
Newton A%, 196

Newton 12k (Newton polygon), 409
% (matroid), 216, 330

P

)51 (discriminant), 196, 297

%4 (coset), 103

{w)74E (partially ordered set/poset), 15
JRFA IR, 169

S (balanced product), 218

Pliicker iz A, 290

pro-f5 BR#¥ (pro-finite group), 147

p-WEEH)> (p-primary part), 231

p-JiHe (p-torsion free), 417

-, 117



438 RINEL | BRIF

P-4 (p-adic numbers), 382

Q
FFKIC (homogeneous element), 275
F45H] (homogeneous space), 116
4:JF4E (totally ordered set), 15
PR (totally ordered abelian group),
384
B (group), 101
B (simple), 102
H5%% (exponent), 235, 358
H it (free group), 130
B (order), 101, 102
BEFR, BEAEL (group ring, group algebra), 181
BP9k (group extension), 113
BN (group presentation), 136
BEVEM (group action), 114
&% (transitive), 116
HSE (faithful), 116

R
& (amalgamated product), 132
Russell £, 12

S

Schur 5|3, 250

T (quotient), 14, 106, 159, 205, 262
5 (upper bound), i (supremum), 15
LA (cohomology), 237

FIAVUEL (residue degree), 402
4248, (residue class field), 387
TS 3 (Snake Lemma), 240
B2 (monic polynomial), 182
WA (biproduct), 90

W (bimodule), 217, 272

¥, (number field), 304

MH7t%L (quaternion), 164

459 (contraction), 290

#JC (prime element), 186

F T4, (prime subfield), 161, 304
Sylow p-T-#f, 119

T

A4} (morphism), 30
BT (monomorphism), 33
TESFZST, 30
W55} (epimorphism), 33
i (inverse), 33

F54t (zero morphism), 45
Tate L [f]i# (Tate cohomology), 359
Tate i, 148
Teichmiiller $£7}, 415
HHME (characteristic), 161, 304
[Al¥# (homology), 237
[A]#) (isomorphism), 31, 104, 204, 262
[A]7 (homomorphism), 104, 156, 204, 262
B (projective limit), 59
i (pushout), 43, 68
hFNEE, 89
IR, Nk, HHFME, 176, 379
M (topological group), 145, 379

U
u'?ﬁ%y u'/J\:ﬁi%7 32
U-4, 24

W

HMREL (exterior algebra), 283

52451k (completion), 147, 176, 380

AR F (forgetful functor), 36, 226

Wedderburn /NER, 162

E—/i#2F (unique factorization domain),
186

EIL T (stabilizer), 115

Witt i 5, 417

Witt 3f, 418

X
T# (lower bound), FHfi# (infimum), 15
MiZ¥t (opposite ring), 156
[A] 43 (vector space), 214
4 (dimension), 216
£ 4EF (fibered product), 68
2 4E 4 (fibered coproduct), 68
2R (linearly disjoint), 331
B REHREIF (ring of formal power series),
183
HFEAFH (axiom of choice), 13
G (cycle), 138
fEFRHE (cyclic group), 102, 108
4 (ordinal), 16
e BR74L (limit ordinal), 17

Y
JH p-Ff (strict p-ring), 414
Z-Jul% (monoidal category), 74



RINEL | BRIF 439

JERSG X 0% (strict monoidal category),
80
%27l (monoidal subcategory), 75
XTFR £ 27004 (symmetric monoidal
category), 83
Z2F-F T (monoidal functor), 78
e/ FFs (left-lax /right-lax), 79
#t (braided), 83
Z 28 (monoid), 101
T4 2B8f, 101
H i Z 28 (free monoid), 130
Z 2R, 180
Z5E (unit), 100, 156
#-Baxter J5 12, 84, 96
A HE B (field of rational functions), 181
Young ¥ (Young diagram), 193, 234
A BRA R (finitely generated), 136, 211
APRER (finitely presented), 136
1% (field), 161
&4 (algebraically closed), 310
5t4 (perfect), 320
JEFE (local), 396
(kK (global), 396
ABR (finite), 347
Jesi2# (metamathematics), 14
P2 (presheaf), 48
AT (coequalizer), 65, 209
A (coproduct), 64
35Kk (field extension), 303
Galois, 338
A4 EL (inseparable degree), 319
A8, 304
ik, 304
43 (separable), 319
]k %L (separable degree), 318
i (solvable), 365
¥ (tower), 305
&4 (compositum), 305
A (embedding), 304
B, 304
WEL (degree), 304
1E# (normal), 314
5 (distinguished), 307
4N 4) (purely inseparable), 326
KL (transcendence degree), 330

TiF4E (pre-ordered set), 15
“FHi (universe), 24

Z
Zermelo EJFEH, 19
BB CEL (tensor algebra), 281
KBS (tensor category), 74
ik F A (tensor product), 218
PR, 225
2, 270
FI (integrally closed), 190
IE#A A (normal closure), 316
IEREERE (Normal Basis Theorem), 357
IE#MF) (normal series), 121
IEM 7R (normal subgroup), 102
1EA%) (exact sequence), 112, 236
4, 238
IR (integral domain), 161
#IC (integral element), 266
E % (proper class), 13
% (rank), 214
HA (direct sum), 208
1 E %4 € # (Chinese Remainder Theorem),
174
FHIAjdE (intermediate field), 304
Fh.l> (center), 44, 104, 160
FL (central series), 121
T HIAHFR (principal ideal domain), 166
T4 (subcategory), 31
4F{EWE (full subcategory), 31
HAH (direct product), 110
FAR (submodule), 203
FH#f (subgroup), 102
H2K, 37
H 484 (natural transformation), 37
LRI, 79
FEELNEIE, 88
Hh, 37
TFTi (subquotient), 121
H [i#y (automorphism), 104
W HE A (inner automorphism), 105
ANEFHY (outer automorphism), 152
H [i%s (endomorphism), 104
H FZSEF, 157
F HF (free product), 135
Zorn 5|3, 20



	导言
	1 集合论
	1.1 ZFC 公理一览
	1.2 序结构与序数
	1.3 超穷递归及其应用
	1.4 基数
	1.5 Grothendieck 宇宙
	习题

	2 范畴论基础
	2.1 范畴与态射
	2.2 函子与自然变换
	2.3 函子范畴
	2.4 泛性质
	2.5 可表函子
	2.6 伴随函子
	2.7 极限
	2.8 完备性
	习题

	3 幺半范畴
	3.1 基本定义
	3.2 严格性与融贯定理
	3.3 辫结构
	3.4 充实范畴
	3.5 2-范畴一瞥
	习题

	4 群论
	4.1 半群, 幺半群与群
	4.2 同态和商群
	4.3 直积, 半直积与群扩张
	4.4 群作用和计数原理
	4.5 Sylow 定理
	4.6 群的合成列
	4.7 可解群与幂零群
	4.8 自由群
	4.9 对称群
	4.10 群的极限和完备化
	4.11 范畴中的群
	习题

	5 环论初步
	5.1 基本概念
	5.2 几类特殊的环
	5.3 交换环初探
	5.4 间奏: Möbius 反演
	5.5 环的极限与完备化
	5.6 从幺半群环到多项式环
	5.7 唯一分解性
	5.8 对称多项式入门
	习题

	6 模论
	6.1 基本概念
	6.2 模的基本操作
	6.3 自由模
	6.4 向量空间
	6.5 模的张量积
	6.6 环变换
	6.7 主理想环上的有限生成模
	6.8 正合列入门
	6.9 投射模, 内射模, 平坦模
	6.10 链条件和模的合成列
	6.11 半单模
	6.12 不可分解模
	习题

	7 代数初步
	7.1 交换环上的代数
	7.2 整性, 有限性和 Frobenius 定理
	7.3 代数的张量积
	7.4 分次代数
	7.5 张量代数
	7.6 对称代数和外代数
	7.7 牛刀小试: Grassmann 簇
	7.8 行列式, 迹, 判别式
	习题

	8 域扩张
	8.1 扩张的几种类型
	8.2 代数闭包
	8.3 分裂域和正规扩张
	8.4 可分性
	8.5 本原元素定理
	8.6 域扩张中的范数与迹
	8.7 纯不可分扩张
	8.8 超越扩张
	8.9 张量积的应用
	习题

	9 Galois 理论
	9.1 有限 Galois 对应
	9.2 无穷 Galois 对应
	9.3 有限域
	9.4 分圆域
	9.5 正规基定理
	9.6 Kummer 理论
	9.7 根式解判准
	9.8 尺规作图问题
	习题

	10 域的赋值
	10.1 滤子
	10.2 Krull 赋值与完备化
	10.3 域上的赋值
	10.4 绝对值, 局部域和整体域
	10.5 个案研究: 单位闭圆盘
	10.6 一般扩域的赋值
	10.7 代数扩域的赋值
	10.8 完备域中求根
	10.9 Witt 向量
	习题

	参考文献
	符号索引
	名词索引暨英译

